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PREFACE 


The last few years have seen the extremely rapid development of 
many branches of physical and engineering sciences. This rapid develop¬ 
ment has both its advantages and disadvantages. Its advantages being 
quite obvious, it seems worthwhile to discuss some of its disadvantages. 
With the increasing volume of knowledge in all branches, the worker in 
any field is unable to follow the information in a very wide field and, 
therefore, rapidly becomes specialized. This increasing specialization 
sometimes results in the adoption of a special language by publications 
in one branch, which may differ so much from language adopted in other 
branches that the research worker in a neighboring field may have to go 
into philological and semantic studies before being able to understand the 
meaning of some of the papers. 

The growing number of publications creates another difficulty. It 
becomes more and more perplexing for the research worker to gather all 
information required when attacking a new subject, or when supplement¬ 
ing his own knowledge by information from neighboring fields. These 
difficulties are not new; they existed before the war though the aspect is 
now quantitatively different. When the total number of publications 
is considered it becomes imperative to produce some guide to the 
research worker who wishes to acquaint himself with advances in related 
fields. 

In the field of electronics, after recognizing the need for producing 
summaries of some kind, we faced another difficulty. Originally, the 
word electronics meant that branch of science dealing with electrons. 
Gradually the devices using electrons were included and the time came 
when electronics referred to the whole branch of science and technology 
dealing with the devices that use free electrons. Unfortunately, the 
meaning of the word was not fixed even then, and, commercial publicity 
helping, the word electronics gradually degenerated until it not only 
designated the instruments using free electrons but also all the associated 
circuitry. By following the modern trend the editors and publishers of this 
volume were faced with the problem of including either a very wide selec¬ 
tion of reviews dealing with extremely different subjects, or using a some¬ 
what arbitrary definition of the word electronics and thus limiting the 
choice of materials to a reasonably restricted field. 
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PREFACE 


In agreement with the publishers, the Board of Editors of these vol¬ 
umes preferred to choose the second alternative. The choice made is best 
defined by the following excerpt from the Outline of Editorial Policy.^' 

‘‘The ‘Advances in Electronics’ is a yearly publication of articles 
devoted to the general field of electronics. This term ‘Electronics’ is 
often used in a rather broad sense; for the purpose of limiting the scope 
of this publication it seems useful to define what we wish to include here. 
Our intention is to publish critical and integrated reviews of specific 
topics in the field of physical electronics and in selected fields of engineer¬ 
ing electronics. Physical electronics usually embraces the basic physics 
of charged particles (both positive and negative): emission phenomena, 
shaping and guiding of beams, space charge effects, interaction with 
matter, etc. Engineering electronics usually embraces the methods and 
instrumentation for practical application of such charged particles in the 
numerous devices which use them. We wish to impose a certain limita¬ 
tion on the discussion of the instrumentation: too often in technical litera¬ 
ture a discussion of the circuitry becomes so preponderant that in some 
people’s minds the word electronics means high frequency circuit engineer¬ 
ing. To avoid confusion, we wish to make clear that, although the 
circuits are inseparably bound to the electronic devices, we desire to limit 
the discussion of circuits to a reasonable minimum. In thus outlining the 
scope of the publication, the emphasis should be on the fundamental part 
of the progress rather than on the accessories.” 

In spite of some minor difficulties (slow release of classified material, 
etc.), it is hoped that part of the goal has been reached in this first volume. 
No such work, however, can be perfect and, therefore, it is sincerely 
hoped that future editions may be improved by criticisms and suggestions 
from the readers of this publication. 

To finish, I express my deepest, appreciation for the generous help and 
advice given by the members of the Editorial Board, and also acknowledge 
the help of such friends who were kind enough to take over the critical 
reading of some of the manuscripts. And, last but not least, I am 
indebted to the authors whose presentations make this volume possible. 


Washington, D. C. 


L. M A ETON 
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I. Introduction 

In 1939 Blewett published an extensive review article^ on ‘‘The Prop¬ 
erties of Oxide Coated Cathodes ’’ in which, for the first time, the literature 
was carefully sifted to determine whether a coherent description of the 
oxide cathode could be constructed from the results of more than one 
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hundred separate and often conflicting experiments. Throughout the 
span of 44 years, during which oxide cathodes have been the subject of 
both study and controversy, experimenters have described their results 
in terms of existing theories. With the advent of Wilson^s modern 
theory* of semiconductors in 1931 many of the oxide cathode charac¬ 
teristics which previously were explained on the basis of superficial 
‘‘mechanicar^ models could then be correlated under one coherent theory. 
In the interim between the publication of Blewett^s review and the close 
of World War II, a group of some thirty additional papers appeared and 
were listed in a literature survey* made by the same author in 1945. 

During the war years, problems arising in the improvement and 
development of oxide cathodes for specific applications provided a 
stimulus for research into certain of the oxide cathode characteristics. 
As pointed out by Vick in a recent review,^ this wartime research served 
1) to investigate the thermionic emission capabilities of cathodes under 
microsecond pulsed conditions and 2) to study the interface region lying 
between the cathode base metal and the coating, the latter because of its 
possible influence on the cathode^s thermionic emission properties. 
Although both of these important characteristics were recognized prior 
to 1941, exigencies of the war accelerated this kind of work and at the 
same time channeled research activities into a relatively small number of 
research laboratories. 

It is the purpose of this review to discuss in detail some of the more 
recent oxide cathode researches, to re-examine certain of the earlier 
publications in order to ascertain whether the experimental results are 
consistent with the modern theory of semiconductors, and to suggest, 
where possible, new experiments which may lead to a more complete 
understanding of the oxide coated cathode. 

The subject matter is grouped under three broad headings, properties 
of the coating, properties of the interface, and properties of the complete 
cathode, followed by a short discussion of thin oxide film phenomena. 
It is hoped that a separation of the interface and coating phenomena will 
lead to a better understanding of each before considering the influence of 
both in the complete cathode. This division, in certain cases, is an 
arbitrary one and future study may lead to a considerably different 
classification of cause and event.^' 

Although the thermionic emission properties of many materials have 
been examined, only the alkaline earth oxides combine the features of 
high efficiency, reasonable stability, and long life. Thoria, Th02, shows 
promise of providing even greater stability and life but at a much lower 
efficiency.* This discussion will be confined solely to the alkaline earth 
oxides for within this group the properties are closely related. 
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II. Phoperties or the Coating 

Present day oxide coated cathodes are prepared by first applying 
carbonates of the alkaline earth elements to a base metal and then con¬ 
verting the carbonates to oxides in vacuum. The carbonates may con¬ 
sist of mixed BaCOs and SrCOs or a coprecipitated solid solution of the 
carbonates (BaSr)COs although occasionally a few per cent of CaCOi is 
added. The base metal, usually nickel, may be an electrolytic nickel of 
high purity or a nickel alloy containing a few per cent of reducing ele¬ 
ments, e.g., silicon, titanium, magnesium, manganese, etc. 

While exhausting the tube containing the cathode, one applies heat 
to convert the carbonates to the oxides through the evolution of carbon 
dioxide. At the conclusion of the conversion process, sometimes referred 
to as “break down,” the cathode is activated by heating alone (thermal 
activation) or through the drawing of emission current in increasing steps 
of current density. Preferably the activation process is carried out while 
the tube is under exhaust so that gases which are evolved may be com¬ 
pletely removed. It is a common industrial practice however, to activate 
the cathode in the sealed off and gettered vacuum tube. 

Prior to the introduction of the interface concept, oxide cathode 
research was directed primarily toward a study of the oxide coating, 
particularly the relationship between the physical and chemical properties 
of the coating and the thermionic emission capabilities of the cathode. 
Many well-intended experiments designed to examine the effect of one 
coating parameter have produced ambiguous results due to the difficulty 
of maintaining the other parameters, some possibly unknown, fixed 
during the experiment. Certain coating parameters are subtly inter¬ 
related, e.g., impurity content and particle size, so that unless precau¬ 
tions are observed, spurious effects cannot be eliminated. Changes in 
extraneous parameters must constantly be guarded against in experi¬ 
ments designed to examine the effect of only one coating variable. 
Humidity fluctuations, variable processing conditions, unknown base 
metal conditions, the formation of interfaces, etc., have undoubtedly 
influenced the outcome of many experiments and resulted in the existing 
confusion concerning the relationship of certain coating parameters to the 
thermionic behavior. This section deals with those coating parameters 
which are probably not influenced by interface considerations, yet are 
related to the electronic properties of the cathode in a fundamental man¬ 
ner. Effects of particle size, coating weight and density, and details of 
the conversion process are thus excluded. 
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1, Monolayer Theories of Emission 

Prior to the introduction of the modern theory of semiconductors, 
cathode emission theories were based upon mechanisms for lowering the 
normal work function of the base metal. Due to the similarity between 
the activation procedure for thoriated-tungsten emitters and oxide 
cathodes, it was natural that similar theories were developed. 

Becker® suggested that in active cathodes a monolayer of free barium 
or strontium was present on or near the external surface of the cathode 
and he carried out many ingenious experiments which were consistent 
with this point of view. Lowry^ placed the activation monolayer at the 
base metal surface since his experiments indicated a decided dependence 
of emission on the core material. A further point of difference between 
the two theories, other than the exact location of the monolayer, lay in 
the role assigned to the cathode coating. Becker assumed the electronic 
conductivity of the coating to be sufficiently great that electrons could 
freely move from the base metal to the external surface where the total 
work function was located and wherein lay the ‘‘seat of emission. 
Lowry considered the “seat of emissionto exist at the core and the 
coating to be very poorly conducting so that electrons emitted at the 
surface of the base metal diffused through the interstices of the coating. 
This seemed not too improbable for the interstices of most coatings 
occupy nearly three-quarters of the total volume. The decay of emis¬ 
sion with life and the low emission properties of a glazed cathode were 
explained as being due to a sintering of the coating which blocked the 
outward diffusion of electrons. A pseudo space charge of electrons in the 
coating interstices near the surface was used to explain the non-saturating 
emission characteristics. Reimann and Murgoci® found a correspondence 
between saturation of the conduction current and saturation of the 
emission current and, like Lowry, placed a monolayer of barium or 
strontium at the base metal. Transport of electrons to the outer surface 
of the coating was facilitated by a process of barium ion conduction 
through the crystals and re-emission across the interstices between 
crystals. 

Although these theories were proposed at about the same time the 
Becker theory has been more generally accepted. In one experimen® 
designed to differentiate between the two models, Becker and Searst 
found the emission current to drop by four orders of magnitude when the 
coating was removed from the base metal by a mechanical shock. More 
recently, Jones^® reported the removal in vacuum of only the outer sur¬ 
face layers of the coating and the subsequent decreases in emission by 
three orders of magnitude. The cathode which was deactivated by 
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removing the entire coating could not be reactivated by thermal treat¬ 
ment whereas the activity of Jones' cathode was completely restored. 
This occurred, presumedly, due to the formation of a new monolayer on 
the freshly exposed surface. Certainly the external surface of the 
cathode cannot be neglected in theories describing electron emission from 
oxide cathodes though it seems incorrect to suspect that the emission is 
controlled only by the work function of this external surface. • 

The total work function is related to the energy required to carry an 
electron from the base metal to an infinitely distant point outside of the 
cathode. When atoms are adsorbed on the outer surface of a material 
their influence on thermionic emission is usually described by stating the 
change, A0, which they produce in this work function, 0. A lowering 
of the potential barrier at the surface of the cathode was considered to 
come about due to the formation of a double layer at the surface either 
through a polarization of the adsorbed atoms, adatoms, through the 
partial ionization of the adatoms, or both. In terms of the average 
dipole moment per adatom, M, the reduction in work function is^^ 

A0 = ^tMti (Ij 

where n is the number of adatoms per unit area. The value of M is not 
entirely independent of ??, particularly for large values of the concentra¬ 
tion. The adsorption of barium atoms on the outer SrO surface, see 
section II-3, would probably take place through a bonding between the 
barium adatoms and the oxygen atoms of the exposed lattice. If the 
100 plane of the SrO face centered cubic lattice lies in the surface, approxi¬ 
mately 1.4 X 10^® oxygen sites/cm.^ are exposed. As judged by its 
interatomic spacing in the metallic lattice, barium atoms are of such a 
size that only about half of the oxygen sites could be occupied. Assuming 
that the average dipole moment remains constant, the thermionic emis¬ 
sion should increase as rj becomes larger. It is generally believed that rj 
will not increase much beyond the value corresponding to a monolayer 
coverage due to the very large reduction in the oxygen bonding affinity 
for more than one adatom. 

The electron diffraction technique has been used to examine the active 
emitting surface of a cathode with the expectation of confirming or deny¬ 
ing the presence of a monolayer of adatoms. Darbyshire's^^ earlier 
experiments were interpreted as evidence for a surface layer barium 
although more recently, Huber and Wagner^* found no conclusive evi¬ 
dence for the existence of this monolayer. 

In view of the success already achieved by the modern theory of 
semiconductors, it seems possible that the “seat of emission" need not be 
associated with a monolayer of adatoms. The “seat of emission" may 
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be found at the impurity centers located in the crystal but near the sur¬ 
face, say within an electron mean free path. The presence of lattice 
defects near the surface might easily give rise to a much greater concen¬ 
tration of impurity centers there than would be found throughout the 
bulk of the crystal. Until simultaneous measurements are made of the 
Hall coeiEcient and the electrical conductivity, we can only speculate 
concerning the electron mean free path. However, it seems not too 
improbable that this may be more than a few interatomic distances. 

2. The Modern Theory of Semiconductors 

Wilson^s theory^ pertaining to the impurity type of semiconductor 
has been notably successful in linking together a wide variety of the 
physical characteristics of certain of the nonmetals. Within recent 
years the explanation of many oxide cathode experiments has been sought 
on the basis of this theory. In view of the experiments of Becker and 
others it is assumed that a stoichiometric excess of barium, rather than 
oxygen or other foreign atoms, gives rise to the semiconductor charac¬ 
teristics. Thus we are led to the model of an excess impurity semiconduc¬ 
tor, referred to as a semiconductor of the N type. A material containing 
an excess of the electronegative element and thus a deficiency of the 
electropositive element is known as a semiconductor of the P type. Few, 
if any, experiments are reported which show conclusively that (BaSr)O 
or BaO is an excess semiconductor. Nevertheless, those properties of 
the cathode coating which are amenable to test and have been studied 
agree fairly well with the behavior expected of a semiconductor of either 
the N or P type. Certainly the way is now open for experiments to 
definitely prove or disprove whether the oxide cathode actually has char¬ 
acteristics predicted for semiconductors, and if so to indicate whether it 
is of the N or P type. 

Current interest in the electronic properties of the nonmetals has 
given rise to a group of articles^^*^®’^®'^^ which review the basic principles 
of semiconductors. Following the quantum theory, the electrons in a 
crystal are considered to occupy certain discrete energy states or levels. 
Application of the exclusion principle prohibits more than two electrons 
from occupying the same quantum state. This may be thought of as a 
spreading of the normally well spaced energy levels of an isolated atom, 
each level giving rise to a closely spaced group of levels. Thus the 
allowed energy states are not uniformly distributed in energy but are 
grouped into bands of closely spaced levels, separated by rather wide 
forbidden regions. An isolated atom possesses, in addition to the nor¬ 
mally occupied energy levels, a number of excited states representing 
possible energy configurations of higher total energy. Similarly, the 
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crystal may possess one or more energy bands which are not occupied at 
absolute zero since the electrons prefer the states of lowest energy. These 
normally unfilled levels comprise the conduction band, for it is the 
motion of free electrons of these energies which is responsible for the 
electronic conductivity of the material. As the temperature is increased, 
some electrons may acquire sufficient energy to occupy certain levels in 
the conduction band. If, however, a large energy gap separates the two 
bands, relatively few electrons will make this transition. When the 
energy width of the forbidden region is large, say 10 electron volts, the 
material is called an insulator; if the energy gap is only a few electron 
volts, we have an intrinsic semiconductor. The presence of impurity 
atoms may add levels in this forbidden region and thus provide a source 



Fig. 1. —Energy level arrangement for excess impurity semiconductor. 

of more readily available electrons, due to the lesser energy which is 
required to produce a transition to the conduction band. Fig. 1 illus¬ 
trates the energy level configuration of an N-type, impurity semiconduc¬ 
tor. Possible electron energy levels are represented by the vertical scale 
whereas a space variation is indicated horizontally. Zero energy is 
taken as the electrostatic potential inside the crystal, and the electrostatic 
potential just outside the semiconductor is — The energy of an 
electron just outside the semiconductor is — the energy at the bottom 
of the conduction band is co, and the energy of the impurity levels is 
6o — A€. The energy gap separating the filled band and €o is usually 
large compared to Ae, hence it is not necessary to consider energy transi¬ 
tions from the filled band. 

The symbol /x represents the chemical potential of the electrons and 
for the N-type semiconductor, falls between €o and €o ~ Ac.* By the 
chemical potential we mean the partial molar free energy of the electrons, 

* Conyers Herring has very recently pointed out that if the number of impurity 
centers exceeds the number of available electrons m may be in the vicinity of co — Ac. 
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this term occurring as a parameter in the Fermi distribution function 
where P, the probability that a conduction energy level t is occupied, is, 

P - -7^ (2) 

e*** +1 

The analogy between this and the distribution function for metals has 
led to the use of the term ‘^Fermi leveF' for the chemical potential. 

The quantity x, representing the difference in energy between the 
bottom of the conduction band and a position just outside the surface, is 
known as the electron affinity of the crystal or the surface work function. 
As we shall presently see, the release of an electron from the crystal 
requires an energy e(l>; <t) is known as the total thermionic w^ork function. 
At absolute zero rib electrons are usually considered to completely occupy 
the bound impurity levels whereas the conduction band is completely 
empty. At some higher temperature ri/ free electrons are found in the 
conduction band leaving rib — rif electrons at the impurity centers. 
These terms represent electron densities since a unit volume is considered 
in each case. 

The particular physical model which the impurity levels represent 
is subject to considerable speculation. An N-type impurity semi¬ 
conductor characterized by a stoichiometric excess of the metallic element 
may dispose the excess atoms either interstitially throughout the lattice 
or at normal lattice sites. This latter arrangement is achieved only by 
the deficiency of electronegative atoms from the same number of lattice 
sites as there are excess electropositive metallic atoms. Either of the 
two models provide a source of readily available electrons, electrons 
trapped in the field of the interstitial metallic ions or electrons trapped at 
lattice defects, caused by missing electronegative atoms. The term “F 
center” designates a lattice defect of the latter type. The P-type 
impurity semiconductor, characterized by a stoichiometric deficiency of 
the metallic atom, has impurity levels just above the filled band and 
conducts due to the motion of electron vacancies or ‘‘holes” in the filled 
band. This form of impurity semiconductor may likewise be described 
but using for a model the disposition of excess electronegative atoms 
interstitially or at regular lattice sites. In this case F centers are formed 
due to missing electropositive atoms. Either of these arrangements 
provides a “trap” for electrons which may be excited from the filled 
band. Although both physical models may be used for the N- and 
P-type semiconductors, the interstitial arrangement has been preferred 
for N-type materials and the F-center model is generally used to explain 
P-type behavior. 
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The semiconductor properties of oxide cathode coatings have often 
been attributed to interstitial barium or strontium atoms believed fo 
contribute one or two valence electrons to the conduction band through 
the acquisition of sufficient energy to separate the electrons from the 
remaining ion. In view of atomic size considerations, use of the F-center 
model may be more appropriate. The Goldschmidt ionic diameters of 
barium and strontium are 2.86 X 10“® cm. and 2.64 X 10“® cm. respec¬ 
tively, compared with the maximum atomic interspace of about 1 X 10“® 
cm. in BaO. Certainly a very distorted and considerably stressed lattice 
would result from the interstitial arrangement. The F-center model, 
wherein certain oxygen lattice sites are vacant, is capable of providing 
all of the electronic behavior required of an interstitial impurity center 
without markedly distorting the lattice. 

Certain details concerning the nature of the filled band of the alkaline 
earth oxides have been determined. O^Bryan and Skinner^® have made 
use of the line breadth of long wavelength x-ray emission spectral lines 
to evaluate the widths of the uppermost filled bands. They are: BaO, 
8.46^; SrO, 9.2eV ; and CaO, lO.SeV. These uppermost filled bands of the 
oxides are believed to originate from the L shell, p electrons of the oxygen 
ion. If the alkaline earth oxides behave as N-type semiconductors, 
details of the filled band are of little consequence in determining the 
electronic properties of the coating at normal operating temperatures 
although this information is of possible use in interpreting the optical 
absorption spectra. 

S. Physical Structure of the Coating 

X-ray diffraction techniques have provided a valuable tool for 
examining the physical structure of the oxide cathode coating. Vegard^s 
rule is found to apply to solid solutions of the oxides, in that the lattice 
constant of the solid solution varies linearly^®*with composition and 
continuously from 100% BaO to 100% SrO (see Fig. 2). Burgers^® 
showed that when a mechanical mixture of BaCOs and SrCOs was 
decomposed in vacuum a simple conversion to the mixed oxides, BaO 
and SrO, occurred. Further heating caused the formation of a true 
solid solution, (BaSr)O. In a similar investigation, Benjamin and 
Rooksby®® reported an increase in the d.-c. emission from the homo¬ 
geneous oxide solid solution over the emission obtained from the mixed 
oxides. This dependence was related to the well known variation of 
d.-c. thermionic emission with solid solution composition, first observed 
by Benjamin and Rooksby,^^ Fig. 3. A similar dependence of pulsed 
emission on solid solution composition was recently reported by Veene- 
mans*® and Widell.®* Considering that the oxide coating behaves as an 
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excess impurity semiconductor, a qualitative explanation^* was offered 
for this behavior. The lattice of the oxide solid solution is distorted 
owing to the different size metallic atoms occupying a common lattice. 
As a result, the energy Ae required to release an electron from an impurity 
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Fig. 2. —Variation of lattice constant with composition for solid solutions of (BaSr)O. 

See ref. 13. 
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MOL%Sr 

Fig. 3. —Dependence of d.-c. emission on mol per cent Sr content of (BaSr)O 
cathode. Solid line, carbonate content before heat treatment; broken line, oxide 
content after activation. See ref. 21. 
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center to the conduction band may be less than that required if the 
impurity had been in the more perfect lattice of the pure oxides. As tve 
shall see later, conductivity and thermionic emission depend on the 
number of free electrons in the conduction band. Values of Ae have been 
determined only for SrO and (BaSr)0 (see section IV-5), and these are 
in agreement with the above hypothesis. Thus it seems that the position 
of the energy levels of the impurity atoms relative to the conduction band 
is subject to change, depending on the neighborhood surro unding the 
impurity center. 

Changes which occur in the oxide composition are due principally 
to the preferential evaporation of Ba or BaO from the external surface 



^ X 10* em 

Fio. 4.—Change in composition vs. depth below the surface, showing formation of 
BaO-deficient surface layer. Cathode heated without drawing anode current. 

of the cathode. The lower vapor pressure SrO remains and within a 
short time, usually by the completion of conversion, the outer surface 
is free of BaO. The formation of a BaO-deficient surface must result 
from the fact that the rate of surface evaporation exceeds the rate of 
migration to the surface. Gaertner,*^ Darbyshire,’* and Huber and 
Wagener,** using electron diffraction techniques, agree that in activated, 
initially equal molar cathodes the surface consists of nearly pure SrO. 
Burgers*® showed that relatively thick BaO-deficient surface layers could 
be detected using x-rays. A method of analysis'** was devised which 
allows a calculation of the variation of composition with depth below the 
surface to be made from the x-ray scattering pattern. Fig. 4 shows the 
results of one such analysis. In 115 hours a surface layer containing 
less than 10% BaO covers the surface to a depth of about 10“‘ cm. while 
at 1205 hours this layer has a thickness of 3 X 10~* cm. Changes in the 
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bulk composition are seen by comparing the respective compositions at a 
depth of say 10~® cm. Although reducing elements present in the base 
metal strongly influenced the bulk loss of BaO, impoverishment of the 
surface layers was influenced to a lesser extent. 

The influence of the nearly pure SrO surface layers on the oxide 
cathode’s emission properties remains somewhat problematical. Since 
the physical nature of the external surface is relatively independent of the 
bulk oxide composition, it seems not unreasonable that the electron 
affinity x should be found independent of composition also (see section 
IV-5). Under pulsed emission conditions, the lower conductivity of the 
SrO outer layer may influence^^ the maximum current which may be 
taken. Undoubtedly the end of cathode life is reached at about the 
same time the concentration of BaO is depleted in the entire coating. 
However, it is not certain that the two are related only by the functional 
variation shown in Fig. 3. A reduction of the BaO content over a long 
period of time may influence the interface properties so as to hasten the 
end of life. 

The technique of electron projection tube microphotography has 
been used extensively to examine the surface of an emitting oxide coating. 
A pattern of light and dark patches are observed on the viewing screen, 
and it is generally assumed that each emitting patch is due to the emis¬ 
sion from a single oxide particle, although these patches might represent 
interstices of the coating. Heinze and Wagnerobserved the emission 
pattern of a small group of well separated oxide crystals on a base metal 
and found it to be identical with an optical photograph showing the 
location of the crystals. If the particles were indeed single crystals, the 
emission must have originated at the crystal faces. Mecklenburg^® used 
a projection tube capable of magnifications up to 50,000 X which per¬ 
mitted the identification of emission patches as small as 400 A. in size. 
Such patches may well represent emission from single crystals since the 
size is in fair agreement with the lower limit of the oxide crystal size as 
determined by x-ray line breadth measurements. 

A working model of the normal oxide coating will consist then of a 
relatively thick layer of (BaSr)O which changes in composition near the 
surface to pure SrO. 


4. Conductivity 

Measurements of the electronic conductivity of materials and the 
comparison of these results with theory has provided an effective means 
for classifying many substances. The specific electronic conductivity 
of a sample cr, defined as the current-voltage ratio between opposite faces 
for a cube of material of unit volume, is related to the number of conduc- 
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tion electrms n/ and their mean mobility v. Thus, 

I 

a “ nf&f ( 3 ) 


where e is the electronic charge. 

Now, relating^® the mean mobility to the electron mean free path I which 
is assumed to have a constant value Zo, at a temperature T, 


^n/loe* 

"" “ ^{2icm*kT)h 


(4) 


where k is Boltzmanns constant, m* is known as the effective mass of 
the electron being in general unequal to the electronic mass for electrons 
in a filled band but replaceable by the electronic mass for electrons in 
the conduction band. The use of this term does not imply a true 
change in mass but rather a change in the behavior of the electron in 
an applied external field. 

The density of electrons in the conduction band is related to the 
density of impurity levels and to a Boltzman factor. This relationship*^ 
is, 

( 6 ) 

where h is Blanches constant. 

Introducing this value in eq. (4) gives, 

o- » ^ {2Trm*kT)\e 2*^ (6) 


Except for very high temperatures, Ac/2 )$> AT, and the temperature 
variation of conductivity is due primarily to the exponential term. 
Eq. (6) is usually related to the experimentally observed temperature 
variation of conductivity which is written, 


where 2Q is equivalent to the thermal activation energy Ae. The 
coefficient K which determines the magnitude of the conductivity may, 
over a limited range of temperature, be regarded as a function only of the 
density of activation centers n^. 

Making use of the relationship*^ for the location of the chemical 
potential fx, 

At kT. f fihh^ 1 

2 2 "L2(2irm*ifc7’)iJ 



14 


AU3BBT 8. EIBENSTEIN 


and substituting for Ae/2 in eq. (6), we may express the density of con¬ 
duction electrons %, 

n/ = r. (‘2rm*kT)ie 
tl* 

and substituting this value in eq. (4), 

M — ^0 

<r = (%rm*kT)i^ (10) 

This conductivity expression contains the density of activation centers 
rih implicitly in the chemical potential /x. An increase in rihj say during 
activation of the cathode, will bring about an increase in n and thus 
increase the conductivity of the coating. The presence of contained 
implicitly in the exponential term of the latter conductivity expression 
does not invalidate the earlier comparison of the experimental and 
theoretical temperature dependence. A plot of the logarithm of specific 
conductivity (r, as a function of the reciprocal temperature l/T over a 
limited range, should, if the sample behaves as a semiconductor, yield a 
linear variation. The slope of this line is Ae/2k from which Ae may be 
evaluated. Unfortunately, a test of this type is a necessary but not a 
sufficient condition for electronic conductivity. Ionic conductivity also 
obeys an exponential temperature variation, hence measurements of 
transport numbers are required to fix the nature of the charge carrier. 

The importance of the conductivity of oxide cathode coatings has 
led to a number of investigations, carried out usually under differing 
conditions so that direct comparisons of the results are difficult. Con¬ 
ductivity measurements are frequently made on bulk samples of the 
oxide. However, when a comparison with other of the cathodes^ prop¬ 
erties is desired, the conductivity of emitting cathode coatings may be 
determined. Measurements of the latter type are frequently influenced 
by the presence of the coating-base metal interface, hence the discussion 
of these studies will be deferred until a later section dealing with the 
properties of the complete cathode. The true specific conductivity of 
coating materials has not been measured, but rather an effective specific 
conductivity which is a function of the particle size, density of packing 
and degree of sintering. 

Blewett’s^ survey of the conductivity studies prior to 1939 gave values 
of the specific conductivity of BaO and (BaSr)O at 1000°K. varying from 
10"“® ohm"^ cm.“"^ to 10“^ ohm""^ cm.""^ Conductivities less than 10“"® 
ohm""^ cm."“^ were reported for unactivated or loosely packed samples 
whereas all activated oxide coatings gave conductivities above 5 X lO*"® 
ohm“"^ cm.~^ Meyer and Schmidt®^ compressed a layer of BaO between 
nickel blocks and determined the conductivity using an a.-c. method. 



OXIDE COATED CATHODES 


15 


The use of nickel contacts raises the possibility that an interface con¬ 
ductivity is included in their experiments which otherwise represent an 
excellent treatment of the problem. Thermal activation of their sample 
was found to increase the conductivity at 1000°K. by a factor of 600. 
The activated state of BaO showed a temperature behavior described by 
eq. (7) with a thermal activation energy Ae of 1.2eF. Unactivated BaO 
showed a much higher activation energy, Ae for this state being about 
5eV and indicating perhaps, the behavior of an intrinsic semiconductor in 
which the electrons were supplied from the filled band, 5eV below the 
bottom of the conduction band. A plot of log tr vs. l/T for this unac¬ 
tivated state did not yield a single straight line in accord with eq. (7) but 
instead, two lines intersecting at a point corresponding to about 1200°K. 
The low temperature slope corresponded to a somewhat higher activation 
energy than did the high temperature section. 

An experimental arrangement which avoids the objection of including 
the interface conductivity in measurements of the coating conductivity 
is described by Eisenstein.®^ The oxide sample sprayed onto the surface 
of a MgO ceramic rod contains two imbedded platinum contactors and 
between these, two platinum probes. A current flowing between the 
contactors gives rise to a potential drop in the oxide between the probes 
which is measured using a null current method. If an interface is formed 
on the platinum probes, it will not enter into the coating conductivity 
measurements as zero current is taken through this interface. A knowl¬ 
edge of the current passing between the contactors, the potential 
developed between probes, the oxide thickness, and the probe separation 
was used to evaluate the effective specific conductivity of the sample. 

Curves 1, 2, and 3 of Fig. 5(A) represent the temperature variation of 
conductivity of a w^ell activated sample, C-13. A thermal activation 
energy of only 0.52 to 0.71 eV is indicated from the slopes of these curves. 
Activation of sample C-14 by the passage of a high current density is 
shown in Fig. 5(B) in which a change in activation energy from 3.2 to 
0.95eF occurs. In Fig. 5(C), the same sample was deactivated and then 
reactivated by chemical reactions with gases introduced into the vacuum 
system. Measurements of the conductivity w ere made in vacuum imme¬ 
diately following the treatment in gas at about 1100°K. Assuming that 
a stoichiometric excess of barium enhances the conductivity, these curves 
may be explained as follow^s. Deactivation from curve 1 to curve 2 
results from a decrease in the amount of excess barium Ub of eq. (6), 
through oxidation by carbon dioxide. The introduction of hydrogen 
or CH4 causes a reduction of the oxide to increase the excess barium con¬ 
tent and thus enhance the conductivity. Thus we see that chemical 
reactions are equally as effective as thermal activation and large conduc- 
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tion currents for creating a high state of coating activation. It is well 
known*^’*® that reducing materials present in the base metal of a cathode 
will, under certain conditions, give rise to an enhanced thermionic emis¬ 
sion. This may be due to some extent to an increase in the coating 
conductivity. 

Although there is general agreement between the experimental con¬ 
ductivity results and the theoretical predictions for any particular state 
of activation, certain details of this behavior require further comment. 

The change of slope which occurs with changes in the states of activa¬ 
tion, Fig. 5(C), is not predicted on the basis of the previous theoretical 
discussion, but is frequently observed in semiconductors, e.g., AUOj, 
Ti02, Fe208, and ZnO. In addition, some of the curves show a break'' 
similar to that found by Meyer and Schmidt.Nijboer®® has suggested 
that the number of impurity levels may exceed the number of available 
electrons particularly in the case of semiconductors in which the 
impurity consists of excess atoms of one constituent of the crystal. 
Having thus provided additional vacant impurity levels (yih — n*) for 
electrons making downward transitions from the conduction band, if 
nf<^ (rib — n«), then 


— 2 (2irm*kT)i 


However, if n/5^ — n«), the effect of additional vacant levels is 

negligible and the previously considered relationship, eq. (5), is valid if 
we replace rib by n,. Thus, at low temperatures the slope of a In <r vs. 
1/r plot should correspond to Ae/k whereas at a somewhat higher tem¬ 
perature the slope is Ae/2k. The critical temperature Te in the neighbor¬ 
hood of which the slope changes, is given when rif = (rib — ri^^ then, 

(rib - n.)» ^ (2wm*kT,)i .^2) 

2ne — nb ** /i® ^ 


For a given state of activation, this theoretical argument is capable of 
explaining a change in slope by a factor of 2, a value not entirely con¬ 
sistent with that observed in the previous experiments. Nor is this 
argument particularly attractive for explaining the variation in slope 
with the state of activation, for it would be necessary to postulate a 
change in the number of ‘‘frozen in," vacant impurity levels due to an 
exposure of the sample to gases. This does not seem to be a likely 
occurrence. 

The appearance of the product n/h in eq. (4) prevents a unique 
determination of either of these fundamental parameters from a measure¬ 
ment of the conductivity alpne. Supplying a probable value of lo, as 
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indicated by the mean free path in other semiconductors, leads to at 
least an order of magnitude for n/ and rib- Eq. (4) may be written, 

«/ = 2.6X10*^ (18) 

for a in ohms“^ cm.~^ Making use of the experimental value of a as 10'"* 
ohm~^ cm.”^ at 1000°K., for probable values of h between 2 X 10”® 
cm. and 10”^ cm. and Ae = leF, corresponding values of ri/ and rib are 
shown in Table I. 

Table I. Values of n/ and Ub computed from eq. (13) and eq. (5), respectively, using 
a a= 10“® ohm“i cm.“i, T = 1000®K., Ae = l.OeVy m* = m. 


Zo (cm.) 

n//cm.* 

nj,/cm.5 

2 X 10-» 

4.1 X 10i« 

6.6 X 10>’ 

10-7 

8 3 X 1015 

4.9 X IQi* 


The use of larger values of lo or smaller values of Ae results in a break¬ 
down of eq. (5), which is applicable only when When the 

number of conduction electrons approaches the number of impurity 
levels a reduction in the value of eo — m should occur, giving a conduc¬ 
tivity slope less than A€/2k, Under these conditions, the slope should 
vary slowly with temperature but not in a manner to explain the ‘‘breaks ** 
in the curves. Whether the change of slope with activation, Fig. 5(C), 
can be explained on this basis is problematical and must await further 
conductivity measurements covering a wide range of temperatures. 

Two entirely qualitative theories have been proposed to explain the 
decrease of slope, A6/2A-, with increasing impurity concentration rib. 
Mott®® suggests that as the concentration of impurity centers increases 
the average distance between such centers in the crystal decreases bring¬ 
ing about a mutual interaction of the bound electrons. This may cause a 
reduction in the binding energy and the value of A€/2k. It is not neces¬ 
sary that the impurity centers become nearest neighbors for this inter¬ 
action to occur as the bound electrons may exist in orbits of radii several 
interatomic distances from the interstitial ion or vacant lattice site. 
Burton®^ proposes a similarly satisfying qualitative explanation based 
on the presence of a few electron traps, e.g., vacant surface lattice sites, 
in the forbidden energy region between the filled band and the impurity 
levels. Fig. 1. Following the interpretation of m suggested in section 
II-2, in the absence of impurity atoms the chemical potential would be 
located approximately midway between €o and the top of the filled band. 
For small values of much less than the number of electron traps, the 
bound electrons would shortly find themselves occupying the lower 
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energy electron traps and the Uh impurity levels would be nearly vacant. 
In this case m would represent an energy level less than to — A€ and the 
slope of the conductivity plot, (/i -■ €o)//r, eq. (10), would be considerably 
greater than At/2k. As Ub increases, the electron traps will become com¬ 
pletely filled with a corresponding reduction of (m — to)/k until the 
limiting value At/2k is reached. 

Throughout this discussion it was assumed that the electron mean 
free path is independent of the state of activation and temperature. In 
general, the concentration of impurity centers is so small that interstitial 
atoms or vacant lattice sites will have a negligible effect on the mean 
free path. Over a wide temperature range, 600-1400°K., such as that 
covered in the various conductivity studies, the mean free path cannot 
be regarded as a constant. For this reason, measurements of the Hall 
coefficient together with conductivity determinations are required. 

If the activation of oxide cathode coatings is due to an excess of 
barium either as an interstitial ion or at a lattice position, two valence 
electrons should be available for excitation to the conduction band. 
The removal of the first of these electrons may possibly be accomplished 
with less energy than is required to remove the second. Such a model 
postulates two energy levels and tw'o slopes in the conductivity curve, 
the high temperature slope having a larger value than that below the 
''breakin the curve. That this has not been observed experimentally 
may be due to its occurrence in a temperature range above or below that 
covered in the previous experiments. Similarly, all semiconductors 
should show a break” in the conductivity slope at high temperatures 
when transitions from the filled band become appreciable. 

Many of the nonmetals exhibit an enhanced conductivity on exposure 
to light. Photoconductivity®® thus induced may be divided into two 
components; the application of an electric field gives rise to a primary 
current which ceases with the removal of the illumination and to a 
secondary current which continues for some time following the illumina¬ 
tion. This primary current results from an increase in n/ due to photon 
excited transitions from the filled band or from the impurity levels 
depending upon the wavelength of the exciting radiation. The second¬ 
ary current is due to a trapping of electrons at energy states near the 
conduction levels so that a small additional thermal excitation is required 
for their release to the conduction band. 

Photoconductivity in oxide coated cathodes is not reported in the 
literature and it is doubtful if measurements of its occurrence have been 
attempted. This is a phenomena whose investigation and study would 
add to our knowledge of possible energy transitions as well as trapping 
states of energy near the conduction levels. 
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6. Hall Coefficient 

The usefulness of Hall effect measurements on semiconductor mate¬ 
rials was indicated in sections II-2 and II-4. A single determination of 
the Hall coefficient at one temperature should define the material as 
being either an N- or P-type semiconductor and give the density of con¬ 
duction electrons n/ or holes n^. Measurements of this coefficient as a 
function of temperature, when combined with conductivity values over 
the same temperature range, allow a determination of the electron mean 
free path and its temperature dependence. As yet, measurements of 
the Hall coefficient for oxide cathode coatings are not reported in the 
literature, hence this represents a fertile field for future experimental 
studies. 

This effect can best be determined using a strip of material (com¬ 
pressed powder or a single crystal) along which a current is passed. 
Probe electrodes are attached to opposite sides across the strip and may 
be adjusted in relative position to locate an equipotential plane although 
this is not absolutely necessary. The application of a magnetic field 
normal to the strip and at right angles to both the direction of current 
flow and to a line connecting the probes produces a displacement of the 
equipotential plane. A potential difference now appears between the 
probes and is known as the Hall emf, Eh- This is related^® to the mag¬ 
netic field intensity H, the current /, the strip thickness and a constant 
of the material R, 

Ea-^R^ (14) 


R is known as the Hall coefficient and for some semiconductors its value 
is in the range of 10“^ volts-cm./ampere-gauss at a temperature at which 
the conductivity is easily measured. Thus the use of large magnetic 
fields and high current densities are required to produce a measurable 
emf. 

Making use of the usually low value of n/, the density of electrons in 
the conduction band, these electrons are assumed to obey the Maxwell- 
Boltzman statistics which leads to an evaluation®® of 12; in electrostatic 
units, 


Sn/ec 


(16) 


where c is the velocity of light. In the case of hole conduction n/ is 
replaced by n* with a corresponding change in sign. The temperature 
variation of R is due entirely to the dependence on n/ whose temperature 
variation is given in eq. (5). The sign of the Hall coefficient cannot 



OXIDE COATED CATHODES 


21 


always be used to distinguish between ionic and electronic conductivity 
for the Hall emf resulting from ionic conduction is too small to allow its 
detection. 


6. Density of Impurity Levels 

Although a reasonable experimental verification of the temperature 
dependence of <r, eq. (6), has been obtained, the dependence of (t on Uh is 
by no means certain. As indicated in Table I the probable value of rij 
is only about 10^^ or .01% of the total atoms present. Microchemical 
techniques have been used to detect the presence of a stoichiometric 
excess of metallic atoms in activated oxide coatings. A water vapor 
reaction was used by Bredennikowa,^® 

Hfl) “1“ H 2 O ^ Ha.0 -j- H 2 

in which the quantity of hydrogen produced was used to determine the 
excess barium present. This method was criticized^^ as not being selec¬ 
tive in its action on only barium in the cathode. In the experiments of 
Prescott and Morrison^^ the reaction, 

BaO + CH 4 fc? Ba -h CO + 2 Hj 


carried out at 1200°K. for 15 minutes was used to produce excess barium 
with a subsequent increase in thermionic emission. The close relation¬ 
ship between conductivity and emission will be discussed in a later section. 
A second chemical reaction was then employed to determine the amount 
of excess barium liberated during the activation treatment. 

This was. 


Ba CO 2 ^ BaO -j" CO 


carried out at 1200°K. for 2 hours, from which a quantitative gas analysis 
for carbon monoxide was related to the amount of barium entering into 
the reaction. 

A correlation of the d.-c. thermionic emission and the excess barium 
content was made by Prescott and Morrison. Over the range from 
1 X 10^® to 5 X 10^®/cm.® little change in activity was observed, but 
below 10^®/cm.® a marked decrease in emission occurred. 

More recent work on the excess barium content of oxide cathodes has 
been reported by Wooten^^*^® who applied the hydrogen evolution 
method to active cathodes which had been removed to a separate reaction 
chamber in vacuum. The amount of excess barium actually present in 
an active oxide cathode was much less than the total free metal present 
in the original tube, most of the excess barium having evaporated to the 
walls of the tube. A careful analysis of sources of error in this type of 
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experiment led to the belief that the actual coating content of excess 
barium was of the order of lO^Vcm.®. 

The use of tagged, radioactive barium atoms has been suggested as a 
possible means for measuring excess barium densities less than that con¬ 
veniently handled using microchemical techniques. An experiment of 
this nature might easily yield values for the diffusion rates of barium 
through lattices of BaO, SrO, and (BaSr)O, quantities which are desirable 
for future discussions of the effect of oxide composition on thermionic 
emission. 


7. Absorption Spectra 


Measurements of the absorption spectra of the nonmetals are not 
always useful in confirming details of the energy level configuration/* 
The removal of an electron from an impurity center by optical excitation 
may leave the surrounding lattice in an excited state of energy U. A 
series limit in the absorption spectra is related to the optical activation 
energy AE by, 


Xl 



(16) 


where Xl is the wavelength at which the series limit occurs. Lattice 
vibrations broaden the absorption lines producing an absorption band 
at relatively high temperatures. In general, the optical activation 
energy is greater than the thermal activation energy since, 

« Ae + C/ (17) 

Only if U is known can we accurately predict the location of the 
absorption band. For many materials U < Ae/2 and an assumption of 
this sort for BaO leads to a value of AE which places the location of an 
absorption band in the near infrared region of the spectrum. Although 
the position of this absorption band is not particularly useful, the shape 
of the absorption band and the value of the absorption coefficient are 
useful in computing*® the density of absorbing centers, n^. 

Excitation of electrons from the filled band to the conduction band 
should produce absorption in the near ultraviolet region of the spectrum. 
If we assume the width of the forbidden region to be 5eV, as indicated 
from conductivity studies, this absorption band will appear at about 
2500 A. 

In the far ultraviolet, true characteristic absorption by all atoms of a 
crystal takes place giving rise to a very large absorption coefficient. 
The first band of this absorption is associated with the removal of an 
electron from the electronegative ion and represents an energy somewhat 
greater than the combined widths of the uppermost filled band, the for- 
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bidden region and the conduction band. For BaO this energy would be 
at least 14eF, placing the band at less than 1000 A. 

As yet, no systematic studies are reported which attempt to locate 
and make use of the absorption bands of the alkaline earth oxides. All 
of these oxides are colorless which indicates the absence of optical activa¬ 
tion energies between 1.8 and 3.1 eV, values which are consistent with 
the proposed energy level configuration. 

8. Luminescence 

Fluorescence of oxide cathode coatings has undoubtedly been observed 
by many experimenters who perchance have bombarded a ‘‘cold” 
cathode with electrons or ions. In the visible region of the spectrum 
this fluorescence appears blue-green. 

Luminescence is a term which includes both the fluorescence radiation 
which arises due to excitation by electrons, ions, ultraviolet, etc., and the 
after-glow, known as phosphorescence, which continues after the excita¬ 
tion is removed. Both fluorescence and phosphorescence in semicon¬ 
ductors have been associated with the presence of impurity levels. The 
role of the impurity center is not always clear although it usually provides 
a place where an excited electron can recombine with a hole or with the 
impurity center itself and radiate its excess energy. The emission 
spectra and hence the color of the fluorescence radiation is determined 
by the kind of impurity center which is involved. At room temperature 
this fluorescence appears over a broad band of wavelengths, but as the 
temperature is lowered the band becomes narrow and at low tempera¬ 
tures it may become a single line. Phosphorescence is attributed to the 
trapping of electrons in the conduction band at some distance from an 
impurity center with which it must recombine before emission can occur. 
Two types of phosphorescence emission decay are known; one in w^hich 
the intensity decreases exponentially, and one in which the decay 
is where t represents the time, and a and /? are constants. For the 
group of luminescent materials developed for use as cathode ray screens, 
there is indirect evidence that the exponential decay is associated with 
the substitutional type of activation center whereas the interstitial type 
of impurity center gives rise to the decay. 

Ewles^® has examined the luminescent spectra of CaO, SrO, and BaO 
excited by electron bombardment at a temperature of liquid air. The 
emission spectra were found to be characteristic of the parent lattice and 
hence unchanged due to the presence of activators. Changes in the 
relative intensities of the sets of bands were attributed to the effect of 
impurities. Four broad lines appeared in the ultraviolet between 3780 
and 3970 A. for SrO. In the visible region three bands were observed, 
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at 4600, 6600, and 6450 A. BaO gave three unresolved peaks, at 4650, 
5620, and 6970 A. These results seem to indicate that a direct role 
cannot be assigned to the impurity atoms. No attempt was made to 
observe the conductivity or the thermionic activity of the specimen, 
hence it is not certain that these samples corresponded to active states 
of the oxide. Here again is an untouched field for research, one which 
might supply valuable information concerning possible kinds of activators 
for the alkaline earth oxides as well as an indication of the physical 
disposition of these activators. 

III. Properties of the Interface 

The interface region lying between the base metal and the coating 
is now recognized as an important cathode parameter. The specific 
influence of the interface on the thermionic emission properties of the 
cathode is not always completely clear, for undoubtedly the type of 
interface and the conditions under which the emission is taken allow the 
role of the interface to change. 

In this section we shall be concerned with the properties of an inter¬ 
face layer which differs in chemical constitution from the oxide coating. 
These compounds arise due to solid state chemical reactions which take 
place between the oxide coating and certain constitutents of the base 
metal. 

Two additional forms of interfaces should be considered, for in the 
absence of an interface compound either one might provide a similar 
electronic behavior. The absence of activation centers in the layers 
of coating adjacent to the base metal or a vacuum layer caused by a poor 
mechanical bonding of the coating may provide a low conductivity, 
series element to the flow of current and thus influence the cathode^s 
behavior. 


L Composition 

Some years ago, Arnold^^ reported the presence of the compound 
BaPtOs at the interface of cathodes prepared on a platinum base metal, 
although the method used in its identification was not clear. Use of the 
technique of x-ray diffraction analysis for interface identification was 
first reported by Rooksby^®*^® who found barium aluminate, BaAl 204 , at 
the interface for a base metal of nickel alloyed with 2% of aluminum. 
Subsequent studies led to a report*® of barium orthosilicate, Ba 2 Si 04 , for 
a 0.4% silicon-nickel alloy base and barium orthotitanate, Ba 2 Ti 04 , for a 
0.23% titanium-nickel alloy base. Cathodes prepared on a magnesium- 
nickel alloy were found*^ to have an interface layer containing magne¬ 
sium oxide, MgO. 
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Eisenstein and Fineman” presented evidence for the existence of 
three possible interface compounds in cathodes having a chromium- 
nickel alloy base or a chromium plated nickel base. Two of these com¬ 
pounds were unstable and reverted to the third on exposure to air. 
Although the stable form exhibited a close packed hexagonal structure, 
none of the compounds were identified. Consistent but weak diffrac¬ 
tion patterns were observed from the interface on a pure nickel base but 
too few lines 'were obtained to make identification possible. 

It is interesting to note that when both barium and strontium are 
present in the oxide, only barium enters into the interface compound. 
Use of a pure SrO coating gives rise to the interface compounds Sr 2 Si 04 , 
Sr 2 Ti 04 and the stable strontium equivalent of the chromium containing 
compound. All are isomorphic with the equivalent barium compounds 
which have slightly larger lattice constants. The solid state chemical 
reaction between BaCOs and Si02 (powdered quartz) has been studied 
extensively^* and although four silicates of barium are known^^ only the 
orthosilicate is found at the oxide cathode interface. At temperatures 
above 1050°K. the orthosilicate rather than the metasilicate, BaSiOs, is 
formed from equal molar mixtures of BaCOs and Si02. This led to an 
incorrect first report®^ that the silicon interface was BaSiOs; this was 
corrected in a later paper.®* Similar reactions** were found to occur 
between BaCOs and silicon, for it is probably this reaction which pro¬ 
duces the interface during the conversion process. 

The structure of Ba 2 Si 04 is reported®* as being similar to that of 
K 2 SO 4 with the space group and lattice constants of 6.7, 10.1, and 
7.5 A. for a, b and c respectively. Solid solutions of (BaSr) 2 Si 04 may be 
prepared although these are not found at the interface. Eooksby believes 
the structure of Ba 2 Si 04 and Ba 2 Ti 04 to be isomorphous. 

2. Thickness 

The interface, appearing as a series element to the flow of electrons 
from the base metal into the coating, may under certain conditions limit 
the emission current from the cathode. As pointed out by Herring,®^ 
this will occur only if an appreciable fraction of the voltage impressed 
across a diode actually appears across the interface layer. This might 
at first seem to be a trivial case but experiments which we shall consider 
later show that it may occur. The electrical conductivity of the inter¬ 
face and the interface thickness determine the voltage which appears 
across this layer. Application of a barrier layer theory to the transport 
of electrons from the base metal into the coating likewise requires a 
knowledge of the interface conductivity and thickness. 

When the coating is removed from an oxide coated cathode, the 
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presence of an interface layer is frequently confirmed by its color. The 
silicate, titanate, and aluminate interfaces are gray; the chromium inter¬ 
faces are green, brown, or black and interfaces on molybdenum are blue 
or red. Ba 2 Si 04 is normally colorless, hence its gray appearance at the 
interface may be due to interspersed, finely divided nickel particles 
formed by evaporation into the porous coating. Fig. 6 shows a group 
of cathode samples. On the left is an uncoated sleeve of a silicon-nickel 
alloy adjacent to which is a similar carbonate coated sleeve. On the 
right are three Ba 2 Si 04 interfaces formed on converting the carbonates 
by heating each for a fixed time and then removing the oxide. 



Fig. 6. —Reading left to right, uncoated Si-Ni alloy cathode sleeve, carbonate coated 
sleeve, Ba 2 Si 04 interfaces on Si-Ni sleeves. 


The fact that the interface layer is easily seen and produces good 
x-ray diffraction patterns as well as details of its electrical behavior, led®^ 
to the prediction of a probable thickness range of 10”^ to 10*'^ cm. An 
x-ray technique®® is now available for measuring film thickness in this 
range provided the absorption coefficient and the crystal structure factor 
of the material is known. The diffraction pattern of thin interface films 
consists of diffraction lines from the film itself as well as lines from the 
underlying nickel. A comparison of the relative intensities of diffrac¬ 
tion lines from the two materials may be used to calculate the thickness 
of the interface layer. 

This method has been applied only to the silicate interface*® yielding 
the results shown in Table II. The thickness at zero hours was measured 
immediately following the conversion process. Cathodes were heated 
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in a quiescent state, without drawing emission current, to form the inter¬ 
faces examined at 50 and 100 hours. The increase in interface thickness 
following conversion probably results from a silicon-BaO reaction. 
Ionic transport of barium to the base metal is generally considered to 
occur when emission current is taken from the cathode. The effect 
which this process has on the rate of growth of the interface thickness has 
not been investigated. Thickness measurements made on d.-c. operated 
silicate interface cathodes at the ‘‘end of life,” 500 to 1000 hours, showed 
only a slight increase in thickness over that present at 100 hours. It is 
doubtful that the interface thickness alone is of prime consideration in 
bringing about the “end of cathode life.” 


Table II. Thickness of Ba2Si04 interface formed on 4% Si-Ni alloy by (BaSr)O 

coating at 1150®K. 


Time (hrs.) 

0 

50 

100 

Thickness (cm.). 

4 X 10-* 

1.4 X 10-» 

2.2 X 10-» 



The mechanism of interface formation involves the diffusion of 
silicon, of BaO, or both, hence the coating-interface boundary need not 
be sharply defined but rather is a region of variable composition of the 
silicate and the oxide. All interfaces which have been examined are 
firmly bonded to the base metal in contrast to the loose bonding which 
usually exists between the coating and interface. 

3. Conductivity 

Passage of an electron current density j through the interface pro¬ 
duces a voltage drop across this layer of jt/ay a being the effective specific 
conductivity and t the thickness of the interface layer. Measurements 
of this interface voltage by means of probes imbedded in the coating will 
be discussed in a later section. These voltages can be used to evaluate <r 
only if the interface thickness is known or is estimated. 

The effective specific conductivity of Ba 2 Si 04 and its temperature 
dependence were measured** using the technique employed in the oxide 
conductivity studies. A sample of the silicate, synthesized from BaCOs 
and Si02, was coated onto a ceramic rod. After an outgassing in vacuum 
following a heat treatment in carbon dioxide to remove the carbon 
residue from the binder, a series of conductivity measurements were 
taken, Fig. 7. Curve 4 represents the initial state following the removal 
of the carbon dioxide and the slope of the high temperature section 
indicates a Ae of 5.2eF. Continued heat treatment in vacuum increases 
the conductivity without a marked change in activation energy, curve 5, 
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and passing a high current density through the sample further increased 
the conductivity, curve 6. A slight conductivity decrease followed 
re-exposure to carbon dioxide, curve 7. 



Fig. 7. —Effective electrical conductivity of (BaSr)O and Ba 2 Si 04 samples showing 
variation with reciprocal temperature and state of activation. 

In general, the conductivity behavior of the silicate resembles that 
of the oxide regarding its reaction to activating and deactivating treat¬ 
ment. The slight ‘ ‘ breakin the curves suggests two sources of elec¬ 
trons and two activation energies, although the data does not warrant 
extensive deductions of this sort. The most striking feature of this set 
of curves is the apparent high activation energy, 5 to SeV. Were it 
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not for the conductivity dependence on activation, the high activatioh 
energy would suggest the behavior of an intrihsic semiconductor. 

Curves 1, 2 and 3 of Fig. 5(A) are reproduced in Fig. 7 for comparison 
with the interface conductivities. Using curve 6, as typical of the 
activated interface conductivity, and interface and coating thickness of 
10“® and 10~^ cm. respectively, certain deductions can be made from 
this figure. At no temperature less than about 1300°K. will the voltage 
drop across the coating equal that appearing across the interface and at 
1000°K. the interface voltage-coating voltage ratio is 100:1. A current 
density of 10 A/cm.^ passing through a cathode at 1150°K. should give 
rise to a 200 volt drop across the interface and a 10 volt drop over the coat¬ 
ing. These values, as we shall later see, are consistent with the potentials 
developed within the cathode under pulsed conditions. Reducing the 
operating temperature should rapidly increase the interface voltage, this 
also being consistent with experimental measurements. 

IV. Propekties of the Complete Cathode 

In this section we shall consider those properties of the cathode which 
are only studied using the complete cathode, base metal, interface and 
oxide, and may be subject to the influence of more than one of these 
components. 

1, Thermionic Emission 

Although the oxide coated cathode exhibits many interesting physical 
characteristics, the considerable expenditure of effort already devoted 
to studies of these properties is due to but one, the cathode^s ability to 
supply a copious thermionic emission of electrons at a relatively low 
temperature. Neglecting the interface for the moment. Fig. 8(A) 
represents a cross section view of the oxide in contact with the base 
metal and Fig. 8(B), the energy level configuration of this model. Fig. 1 
has been modified, only by joining the chemical potential of the semi¬ 
conductor, fjL, with the Fermi level of the metal, Wt, The Fermi level 
represents the highest occupied energy state of the metal at absolute zero 
and enters into the Fermi distribution function for the metal in a manner 
analogous to the chemical potential for semiconductors, eq. (2). Equat¬ 
ing the rate of transport of electrons of energy e from the conduction band 
of the semiconductor into the metal and the rate of transport of electrons 
of the same energy from the metal to the semiconductor leads to the 
result, 

Wi - M (18) 

Schottky and Rothe^® and Schottky®® have considered the thermionic 
current density which may be obtained from the cathode described by 
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Fig. 8. A Richardson type of equation is found, 

j, - A(1 - r)T'e (19) 

where jo is the “saturation” current density, 

A - . 120 4/cm.* deg.* (20) 

r is the mean reflection coefiicient for electrons at the emitting surface, 
and is the total thermionic work function, (x + €o — m)* Substituting 


Base 

METAL 


4- 


OXiOE 

SEMI-CONDUCTOR 
—'vIO"* cm. - 


Vacuum 


/ r 
i 


t • # // ^ / 


j I v'x'; 

/ . O , '.111 ' 

/ 'C-~. 


/ 




(A) 






A€ 




(B) 

Fio. 8.—(A) Cross section of interfaceless cathode; (B) energy levels for this model. 


the value in eq. (8) for «o — m we have the more familiar* thermionic 
emission expression, 


and 


X+W2 

jo - B(1 - r)nATie~ 


( 21 ) 


„ _ e(2vm*ifc)l 

- u - 


( 22 ) 


A Richardson plot of In jo/r* vs. 1/T should not yield a straight line 
due to the temperature dependence of the total work function 0. Actu¬ 
ally, no experimental measurements of the saturation current have been 
made with sufficient accuracy nor over a large enough temperature range 
to show this nonlinearity in the Richardson plot. 
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Measurements of the work function of oxide coated cathodes are 
frequently subject to criticism because of the particular method chosou 
to define the “ saturation ” current. The point of departure from a space 
charge limited condition is much less clearly defined than for pure 
metals. Nevertheless, most recent determinations of the work function 
of a (BaSr)0 coated cathodes result in values near leV. Nishibori and 
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Fig. 9.—Temperature dependence of emission, eq. (21) for several values of com¬ 
puted for <t> = leVy r = 0. 

Kawamura®^ report values of the thermionic work functions of SrO and 
(BaSr)O as given in Table III (see section IV-5). 

The presence of two unknown quantities, r and nj, in eq. (21) prevents 
the determination of either from a Richardson plot alone. Nevertheless, 
speculations concerning possible values of r are not entirely unwarranted. 
For a uniform surface, the fraction of electrons with normal incident, 
energy components greater than — Fig. 1, which do not escape, 
should be small and thus r will be small. The presence of a potential 
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hump at the surface instead of the step barrier would give r a value near 
unity since the probability of electron transmission through such a 
barrier is very small. Making use of the emission data of Prescott and 
Morrison^^ and their value^ of lO^o/cm.® for rii and following the type of 
calculation made by Blewett,^ eq. (21) gives the transmission coeflBicient, 
(1 — r), the value 5 X 10“^ and r = 0.95. If instead, Wooten's^* upper 
limit value of 10^®/cm.^ is used for n^, the transmission coeflScient becomes 
0.5 and r = 0.5. Thus there is some justification in suggesting that the 
transmission coeflBcient is not necessarily small, as it has been considered 
in the past. 

If the transmission coefficient is unity and the total work function is 
l.OeV, Fig. 9 represents the temperature dependence of emission for 
several values of as given by eq. (21). Allowing a value between 
10^^ and lO^Vcm.® leads to emission densities considerably in excess of 
the usually accepted d.-c. emission capabilities of an oxide cathode. 
Coomes^^ reports microsecond pulsed emissions of between 40 and 
100 A/cm.^ at 1100°K. from oxide cathodes. Similar cathodes were 
found to have a work function of about leF, as determined by a Richard¬ 
son plot of pulsed emission measurements. Sprouirs®^ pulsed cathodes 
showed an initial emission whose temperature dependence indicated a 
work function of 1.12ey. Thus it seems not too unreasonable that the 
short time, pulsed emissions which may be taken from oxide cathodes and 
were heretofore called ‘‘enhanced pulsed emissions,” represent the true 
emission characteristics predicted by eq. (21). The usual d.-c. emissions 
would then represent a lower emission state brought about as some con¬ 
sequence of drawing emission current. This possibility will be con¬ 
sidered again in section IV-8. Further studies of the reflection coefficient, 
emission decay and the proper evaluation of are necessary before the 
emission equation can be adequately tested. 

The presence of an interface layer considerably modifies the cathode 
model of Fig. 8. Fig. 10(A) represents a cross section view of the inter¬ 
face type cathode whose energy level configuration is shown in Fig. 10, 

(B) and (C). (B) is the equilibrium state for zero current flow and in 

(C) , the applied anode voltage Va allows the flow of an emission current 
through the interface and coating, producing a voltage drop Vtc- In this 
figure the barrier layer is considered to be an N-type, impurity semi¬ 
conductor, although an intrinsic semiconductor could be similarly repre- 
septed. The chemical potentials of the interface and the oxide are 
equated to the Fermi level in the metal by balancing the rate of electron 
transport through the cathode. The height of the barrier will then be 
approximately Ae'/Z with Ac' the thermal activation energy of the inter¬ 
face material. Thermally excited electrons from the metal pass over the 
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barrier, are transported through the interface and coating, and emitted 
from the external surface. The interface barrier may exceed the surface 
barrier in height, as shown in this figure. Electrons entering the oxide 
from the interface with an appreciable kinetic energy will dissipate this 
energy after a few interactions with the lattice and will proceed in the 
normal conduction band. Drawing emission current causes a tipping 
of the energy levels to an extent determined by the electrical conductivity 
of the material. 

The current density of electrons emitted from the external surface 
will be governed by the electric field at this surface and will depend on 



(B) (C) 

Fig. 10.—(A) Cross section of interface type cathode; (B) energy levels with no 
emission; (C) energy levels when emission current is drawn. 

the interface only insofar as the interface reduces this field. When the 
current is limited at the interface barrier or by the interface conductivity, 
an appreciable fraction of the applied anode-cathode voltage will appear 
in this region and thus reduce the electric field at the external surface. 
Thus, for a given anode voltage, the presence of an interface barrier layer 
may reduce the emission current but should not influence the ‘‘satura¬ 
tioncurrent jo, directly. Indirectly, chemical reactions at the base 
metal could conceivably influence the excess barium content of the 
cathode, and thus influence n^. 

The voltage-current characteristics of a barrier layer have been con¬ 
sidered theoretically, and good agreement is found between experiment 
and theory, particularly for blocking layer rectifiers of the copper oxide 
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type, Wright*^ has extended Mott’s theory®* to oxide cathode inter¬ 
faces with considerable success, explaining the electrical characteristics 
of probes imbedded in the coating. This theory is applicable if the 
interface is considered to be an insulator or to have a much lower con- 
ductivity^han the oxide. In the absence of a “chemical” barrier, i.e., a 
layer whose composition differs at least stoichiometrically from that of 
the coating, a Schottky barrier may exist. In a series of papers published 
between 1939 and 1942 Schottky developed a barrier layer theory to 
explain the action of the selenium rectifier which may not contain a 
“chemical” barrier. A potential barrier is formed at the metal-semi¬ 
conductor boundary due to a space charge formed in the semiconductor 
when equilibrium is established between the two materials. The theories 
of both Mott and Schottky place the barrier height equal to the difference 
between the work functions of the metal and the semiconductor. In 
Schottky’s theory, the thickness of the space charge barrier will vary with 
the current density whereas the interface has a fixed thickness in Mott’s 
derivation. An excellent review of Schottky’s papers prepared by 
Jofife®^ may be consulted for the details of this mechanism. Mott’s 
theory is discussed in section IV-6. 

2. Photoelectric Emission 

Modern semiconductor theory predicts that the photoelectric work 
function should exceed the thermionic work function. Measurements of 
the photoelectric emission from oxide cathodes, made at near room tem¬ 
perature, should exhibit a long wavelength limit at a photon energy 
equal to x + Ac. At this temperature relatively few electrons will be 
thermionically excited to the conduction band and the photon energy 
will be expended in exciting electrons located at impurity centers. In 
order that they may be emitted from the oxide, at a temperature at which 
thermionic emission is negligible, the electrons must be raised to the top 
of the conduction band by acquiring an energy x + Ac (see Fig. 1). For 
comparison, the thermionic work function of the cathode is x + Ac/2. 
eq. (21). 

Huxford’s®® measurements of the photoelectric and thermionic work 
functions of the same cathode yield nearly similar values, in disagree¬ 
ment with the above theory unless it is assumed that x ^ Ac. This 
discrepancy is removed in a more recent determination of the photo¬ 
electric threshold made by Nishibori, Kawamura, and Hirano.®® Fig. 11 
shows the photoelectric emission (corrected for variations in the incident 
intensity which depend on wavelength) from three cathodes as a function 
of the energy of the incident photon. Linear sections of the curves were 
extrapolated to the axis to determine the photoelectric threshold values 
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given in Table III. Values shown for the thermionic work function, the 
thermal activation energy and the electron aflSnity were obtained from a 
separate experiment. Although good agreement is obtained between 
the photoelectric work function and the other equivalent values, these 
results would be more satisfying had they all been obtained from the same 
cathode. The extent of the ‘‘foot’^ of the curves of Fig. 11 was found 
to be temperature dependent and 
was explained as a thermionic emis¬ 
sion of electrons which were excited 
into the conduction band by pho¬ 
tons of insufficient energy to carry 
them to the top of the band. The 
previous extrapolation simulates 
the photoelectric emission at a 
temperature of absolute zero. 

The similar values of photo¬ 
electric work function for BaO and 
(BaSr)O were taken®® to indicate 
that the difference in thermionic 
emission capabilities of the two 
materials, Fig. 3, results from a 
higher equilibrium value of Uh in 
the solid solution than in the pure 
oxide. This must be regarded as speculative until a value for x or Ac 
alone, has been obtained for BaO. 



(XfAf) ELECTRON VOLTS 

Fig. 11.—Photoelectric current from 
oxide cathodes as a function of incident 
photon energy. 


S. Emission in Retarding Fields 

The distribution in energy of electrons emitted from a cathode may 
be studied using a magnetic or electrostatic velocity selector, or more 
easily by measuring the diminution in anode current as the anode is made 
increasingly negative. In this retarding potential region only those 
electrons will reach the anode which have energies greater than the 
height of the barrier imposed between the cathode and anode by making 
the anode negative. Contact potentials within the diode as well as the 
applied retarding potential are effective in establishing this barrier 
height. For plane-parallel electrodes, a current density jn is collected 
at an applied anode-cathode voltage V and, 

jn - Ail - r)r*Ce (23) 

where <t>A is the anode work function, C is a factor representing electrons 
which are reflected at the anode surface and re-enter the cathode, and 
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A and r have values described in eq. (19). When cylindrical geometry 
is used, the equation assumes a similar but more complex form, and if the 
anode diameter to cathode diameter ratio is large the anode reflected 
electrons can be neglected. Eq. (23) is valid only for applied voltages 
which cause a potential barrier greater in height than the normal work 
function barrier, 0, in Fig. 1. For somewhat more positive values of F, 
the collected current has a constant value jo given by eq. (19). A plot of 
In (Jb / jo ) vs. V should yield a line of slope —e/kT which abruptly joins a 
horizontal line at F + 0 a equal to 0. 

Many of the earlier attempts to check the temperature of an oxide 
cathode from the slope of the retarding potential curve were without 
success.^ More recently Heinze and Hass®^ and Fan®® were able to obtain 
agreement with the predicted slope. 

In case the anode work function is known, the applied voltage at 
which the ‘ ‘ breakin the curve occurs may be used to evaluate the work 
function of the cathode. Champieux®^ used a tungsten filament for the 
anode and by flashing this to a high temperature he felt justified in 
assuming the work function to be that of clean tungsten. The geometry 
of such a diode would undoubtedly be very poor. Heinze and Wagener"^® 
determined 0 a for their anode by measuring the emission from an auxil¬ 
iary tungsten filament in retarding fields. The work function of the 
tungsten filament was found from the slope of its Richardson plot. True 
work function values can be measured by this method only if a simple 
step barrier, such as shown in Fig. 8, exists at the surface. The presence 
of a potential hump will invalidate any measurements of this quantity 
involving the emission of electrons. Only the vibrating electrode tech¬ 
nique,^^ the Kelvin method, can be relied upon for measuring the true 
work function of the oxide cathode surface. Patch effects, arising from 
exposed crystal faces of differing work function, must be carefully con¬ 
sidered in the interpretation of these phenomena. 

Although the argument cited above places in question values of the 
work function obtained using retarding potentials, a comparison of the 
data with eq. (23) should at least permit an evaluation of (1 — r), 
the transmission coefficient. Heinze and Wagener^® show that over a 
considerable range of activation, cathode emission obeys eq. (23) and the 
transmission coefficient has a value near unity. 

The shape of the retarding potential curve in the vicinity of the 
‘'break” has been the subject of much controversy. Low cathode 
temperatures are used so that space charge effects do not modify the 
curve. If the curve shows a sharp “break” and the slope has a value 
corresponding to the true cathode temperature, the conclusion is reached 
that the energy distnbution is Maxwellian, A retarding potential plot 
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by Fati,®® Fig. 12, was interpreted in this manner. The presence of a 
large reflection coefficient at the oxide surface, due perhaps to patch 
fields or to a thin penetrable potential barrier, would be expected to 
reduce the proportion of low energy electrons reaching the anode. This 
behavior is frequently observed in measurements on oxide cathodes and 
is shown in Fig. 13. In these results obtained by Brown^^ absissa is 
V/T 80 that curves taken at various temperatures should coincide if 



COLLECTOR VOLTAGE 

Fig. 12. —Electron emission from a BaO cathode in a retarding field. Slope of 
solid line through points computed from eq. (23) using the measured temperature of 
the cathode. 

reflections are missing. Absence of such coincidence was interpreted as 
implying a very high reflection coefficient. 

Thus, considerable discrepancy exists among the results of various 
studies of emission in the retarding potential region. The removal of 
these points of dissention should provide a means for examining the 
nature of the surface barrier as well as evaluating the true work function. 

4- Emission in Accelerating Fields 

Positive potentials applied to the diode anode will provide an increas¬ 
ing anode current, first in accord with the Langmuir-Child space charge 
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relationship and at higher voltages, following a Schottky type of behavior. 
Emission in the Schottky region is generally compared with the charac¬ 
teristic predicted for a clean metal surface. The presence of an electric 
field intensity E at the metal surface, effectively reduces the work func- 
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Fig. 13. —Electron emission from (BaSr)O cathode in a retarding field showing the 
deficiency of low energy electrons. 


tion 0 by an amount, 


A0 = \/ 7 e 


(24) 


A plot of In jt vs. should yield a straight line for emission in the 
Schottky region where j, is the measured anode current. 

An example®® of this is seen in Fig. 14, and typical of other measure¬ 
ments in this region, shows a linear relationship but a slope several times 
that predicted by the Schottky theory for metal surfaces. Similar 
slopes are found in both d.-c. and pulsed^^’®® emission measurements. 
A semiquantitative explanation of this incorrect slope was presented by 
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Rose^* who made use of the patch effect. More recently, Morgulis’^ 
derived a Schottky effect equation for a semiconductor emitter assuming 
the field to distort the energy levels near the surface and found a reason¬ 
able agreement with the Schottky plots obtained by Sproull.®^ When a 
fit is made with the experimental curves a value for Uf of about 10^®/cm.* 
was obtained from the theoretical equations. An extrapolation of the 
Schottky plots to zero field, see Fig. 14, permits an evaluation of the zero 
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Fig. 14. —Variation of electron emission in the Schottky region as a function of the 
square root of the electric field intensity. 

field emission from the cathode. In the absence of a potential hump at 
the surface, this method for determining jo is preferred since the emission 
from an oxide cathode seldom shows a clear departure from space charge 
limited conditions. 

A wave mechanical treatment of the flow of electrons over a barrier 
predicts that interference phenomena should occur. The transmission 
coefficient will be a function of the wavelength of the electron, and thus 
its energy, as well as the shape of the barrier. Although the effect is 
small and easily overlooked, its occurrence has been established for the 
emission of electrons over the work function barrier of clean metal sur- 
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faces.^*'^* Maxima and minima are found in the Schottky plot whose 
position and magnitude agree with the theoretical predictions. Cham- 
pieux®® has presented the data shown in Fig. 15 as evidence for periodic 
deviations in the emission of electrons from oxide coated cathodes. The 
deviations are very small indeed and unless the curves were completely 
reproducible an objection might be raised on the ground that instabilities 
in oxide cathode emission are of about the same order of magnitude. 



Fig. 15.—Electron emission in an accelerating field showing possible periodic 

deviations. 

Should the presence of periodic deviations be confirmed their location and 
shape may contribute information regarding the barrier shape, be it at 
the surface or at the interface. 

5. Conductivity 

Nishibori and Kawamura®^ made use of a probe wire imbedded in the 
cathode coating to study the temperature variation of conductivity. 
When an emission current is drawn from the cathode the probe assumes 
a positive potential with respect to the base metal. This potential 
is determined by the geometry, the emission current and the conduc- 
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tivity of the material lying between the probe and base metal. Since 
both the interface and a part of the coating 4re located in this region 
some care is required in interpreting such conductivity results. 

D.-c. measurements of the conductivity of cathodes prepared on a 
pure nickel base metal probably contain only a small contribution from 
the interface region. Measurements of this type were made by Nishibori 
and Kawamura. The temperature dependence of conductivity was 
interpreted by means of eq. (7) to evaluate Ae, values of which are found 
in Table III. Combining these values of Ae with the thermionic work 


Table III. Photoelectric work function, x + Ae; thermionic work function, x + Ae/2; 
thermal activation energy, Ae; and electron affinity, x; for oxide cathode materials 
obtained by Nishibori, Kawamura, and Hirano. 



X -f- Ac 

X + A6/2 

Ac 

X 

BaO. 

(BaSr)O. 

1.63 

1.66 

m 


.28 

SrO. 

2.58 



.32 



functions previously discussed, allows an evaluation of x- This surface 
work function is seen to be small and from additional values contained 
in the original paper, the surface barrier seems to be independent of the 
state of cathode activity. As x has nearly the same value for SrO and 
(BaSr)O, this may be interpreted as representing the same surface condi¬ 
tions on both coatings, i.e., pure SrO as seen in section II-3. 

Measurements of both conductivity and thermionic emission during 
the activation of a cathode has resulted in an interesting relation between 
the two. Fig. 16 shows a straight line drawn through three points 
reported by Nishibori and Kawamura. The interpretation of this 
relationship may be sought by comparing eq. (10) showing the effect of 
activation on the conductivity and eq. (19) relating the saturation 
emission current density to the total work function. Equating these 
expressions through the common term exp [(^t* — €o)/A*T] results in the 
ratio. 


jo „ 3(1 - r)kT 

<r 4ioe * 


(26) 


Only if X is independent of a change in cathode activity, should eq. (25) 
result in a linear relationship between jo and a. The electron aflBnity x 
is directly related to the surface dipole moment which in the earlier 
emission theories governed the emission process. The invariance of x 
over three orders of magnitude of emission current offers a definite point 
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of conflict with any theory which defines the emission process as only a 
surface phenomena. Similar experimental results were recently reported 
by Hannay^^ although the details of these experiments are not as yet 
published. 

The double probe technique has served as a valuable tool in separating 
the interface and coating conductivities. Two probes imbedded in the 
coating at different depths permit measurements of the potentials 
appearing at these positions when an emission current is drawn. An 
extrapolation of this potential to the interface depth results in an excess 



Fig. 16. Correlation of electron emission current density and the coating conduc¬ 
tivity, see text. 

voltage which is attributed to the interface conductivity. The difference 
of potential between probes is used to evaluate the coating conductivity. 
This technique with microsecond pulses was used to examine the poten¬ 
tials which are developed across the coating and interface of the cathode 
over a wide range of emission current densities. 

In a cathode prepared on a pure nickel base, the interface, which 
probably contributes a negligible amount to the d.-c. measured conduc¬ 
tivity, may contribute appreciably to the conductivity measured with 
pulses of high peak current density. The interface thickness is usually 
unknown in experiments of this type, hence voltages developed across 
the interface and across the total coating are compared rather than the 
respective specific conductivities. Changes in the interface voltage to 
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coating voltage ratio which occur with changing current density are due 
to the nonohmic nature of the interface contact as compared to the 
ohmic conductivity of the coating. Evidence for the nonohmic interface 
contact is presented in section IV-6. Thus, at low current densities the 
interface voltage may be negligible whereas at high current densities it 
may be comparable to the coating voltage. 

Fineman and Eisenstein*® described the results of double probe pulsed 
measurements on one pure electrolytic base cathode which at 10 A/c.m^ 
had an interfacfe voltage in excess of the coating voltage. More recent 
measurements by Dillinger^® and Mutter^® place the interface voltage at 
about one-half the coating voltage when measured under similar condi¬ 
tions and explain the above cited high ratio as due to a poor mechanical 
coating bond. 

Both d.-c. and pulsed methods of measurement have been used to 
detect interface voltages in cathodes which have a ‘^chemical” interface 
barrier layer. Wright®^ prepared cathodes on a magnesium-nickel alloy 
base metal and used an aluminum-nickel probe wire in the coating for 
d.-c. measurements of conductivity at relatively low temperatures. The 
voltage-current characteristics of the probe were interpreted by means of 
Mott’s theory to indicate the presence of barrier layers on both the probe 
and base metal surfaces. Presumedly these were due to the aluminate 
and MgO interfaces mentioned earlier. The effective conductivity 
appearing between the probe and base metal seemed independent of the 
probe-base metal spacing and therefore was attributed to the interfaces 
rather than the coating. The temperature dependence of this con¬ 
ductivity was used to evaluate the thermal activation energy, 1.26^. 
Further details of the voltage-current plot were believed to show a value 
of 0.7eF for the height of the interface barrier. 

Measurements®^ in which the probe wire was used as a null current, 
potential indicator showed a saturation of the coating conduction cur¬ 
rent at about the same current density as that at which saturation of the 
thermionic emission took place. Approximately one-tenth the applied 
anode voltage appeared between the base metal and probe in these 
experiments. If this potential drop occurs primarily at the interface, 
this observation would seem to indicate that the emission limitation 
exists at the interface rather than at the external surface. In future 
studies of this nature, the use of double probes should remove any ques¬ 
tion regarding the exact location of this emission limitation. 

Fineman and Eisenstein®* examined the voltages appearing in the 
coating of cathodes which had a chromium interface and concluded that 
at 1125®K. the interface voltage may be five times the coating voltage 
for an emission of 10 A/cm.^ but less than the coating voltage at 0.5 
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A/cm.\ This again is due to the nonohmic character of the interface 
contact. Increasing the cathode temperature decreased the interface 
voltage more rapidly than the coating voltage so that at 1225®K. the 
voltages at 10 A/cm,^ were nearly the same. A possible explanation for 
this is found in the thermal activation energies of the two materials which 
cause the interface conductivity to change more rapidly with temperature 
than does the oxide conductivity (see Fig. 7). Results similar to those 
discussed above are obtained in cathodes containing a Ba 2 Si 04 interface 
and are described in section IV-6. 

Null current, probe measurements of electrostatic potential are 
subject to criticism unless the probe characteristics are known. Probes 
may disturb the true conditions of the coating, they may show polariza¬ 
tion effects and in the presence of both electronic and ionic conduction 
the null current potential must be interpreted with care. Polarization 
effects are absent if platinum probes are used and the thermionic emission 
properties, characteristic of the type of base metal used, seem unchanged 
by the introduction of probes. Mutter^® has investigated the d.-c. 
characteristics of a platinum probe imbedded in a (BaSr)O coating on an 
electrolytic nickel base metal. See Fig. 17. For zero emission current, 
the characteristics in A show no change of slope on crossing the zero 
current axis. The influence of an interface contact, probably at the 
probe, is seen in the asymmetry of the curves about the zero current 
axis, particularly at the lower temperatures. An emission current 
density of 65 ma/cm.^ caused a displacement of the curves by an amount 
interpreted to be the change in oxide potential resulting from the current 
flow. The following two methods of conductivity measurement were 
compared. The slope of the curves, A//AF at zero probe current, defines 
one conductivity. When an emission current is drawn, the probe voltage 
displacement from its value at zero emission current gives the potential 
drop produced in the cathode by the flow of emission current. The ratio 
of the emission current to this potential drop defines a second conduc¬ 
tivity and the two values seem to be in rough agreement. The slopes of 
the curves at the zero current axis are not appreciably changed for the 
two conditions of emission current. A study of the probe characteristics 
under pulsed conditions, made by Dillinger,^® led to similar results. 
Whenever it is possible to compare the results of probe measured poten¬ 
tials with values obtained by other means, a reasonable agreement is 
found. 

Loosjes and Vink,®® who criticized the probe technique, introduced a 
novel method for measuring the potential developed across the com¬ 
plete cathode when pulsed currents are drawn. A movable anode was 
employed to obtain the voltage-current plots shown in Fig. 18(A) for 
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(A) 



(B) 

Fio. 17.—Probe voltage-current characteristics as a function of temperature, for two 
values of emission from the cathode. 
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three values of the anode-cathode surface spacing, d. Replotting this 
data, using the anode voltage and the spacing as coordinates for fixed 
values of emission current, allowed an extrapolation to the voltage which 
would exist at the cathode surface, i.e., at d = 0. The variation of this 



ANOOC VOtTAOe 

(A) 



(B) 

Fig. 18.—(A) Diode voltage-current characteristics for three values of the anode- 
cathode spacing. (B) Voltage-current characteristics of the coating determined 
from Fig. 18A, see text. 

voltage with current is seen in Fig. 18(B). Curves obtained at several 
temperatures all exhibited the nonohmic behavior shown in this figure. 
A comparison of the plots (A) and (B) at a current density of 5 A/cm.* 
and at a spacing of 0.0048 cm., approximately twice the coating thickness, 
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shows the striking result that of the 130 volts applied between anode and 
cathode 110 volts appears within the cathode. Certainly a large fraction 
of this is located in the interface region, as evidenced by the nonohmic 
characteristic. 

The appearance of large voltages within the cathode, particularly 
across the interface layer, is probably associated with the sparking 
phenomena which will be described presently. Whether the observed 
interface voltage is due entirely to the low conductivity of the interface 
material or is due to a high field developed at the metal-interface contact 
to promote a more copius emission of electrons remains an open question. 
Values of the conductivity of pure Ba 2 Si 04 and values of a probable inter¬ 
face thickness give at least semiquantitative agreement with observed 
interface voltages. 


0 . Rectification 

According to the theories of Mott®® and Schottky®^ the presence of a 
barrier layer between a metal and a semiconductor should result in a 
rectification effect. If the semiconductor is of the N-type, the direction 
of low conductivity is from the metal into the semiconductor. An 
examination of Fig. 10 shows that the application of an electric field in 
the direction to induce electrons to flow from the metal into the semi¬ 
conductor leaves the barrier height unchanged until the field becomes 
suflicient to promote Schottky emission or barrier penetration. Thus, 
no appreciable increase of current accompanies the increase of electric 
field. A field applied in the opposite direction raises the energy levels 
of the semiconductor relative to the levels in the metal and thus decreases 
the barrier height to current flow in this direction. An appreciable 
increase in current accompanies an increase in the electric field, resulting 
in a high conductivity. This explanation, based on Mottos theory, is 
modified by Schottky who allows the space charge layer to vary in thick¬ 
ness according to the direction of current flow. 

Rectification at the interface barrier of oxide cathodes was demon¬ 
strated in the d.-c. voltage-current characteristics of an aluminum-nickel 
probe in a (BaSr)O coating, taken with respect to the magnesium-nickel 
base metal. Measurements made by Wright®^ on one such cathode are 
shown in Fig. 19. The direction of low conductivity is that in which 
electrons flow from the probe to the base metal. On the basis of the 
previous discussion this places the effective rectifying contact at the 
probe interface. This behavior would be expected even though barrier 
layers existed at both metal surfaces for the probe area is only ^ the 
coated area of the base metal thus considerably increasing the current 
density at the probe interface. 
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Pulsed measurements, employing the double probe technique, were 
used by Mutter®^ in an ingeneous cathode structure to study rectification 
at the interface of two base metal types. Fig. 20 shows a cross section 
view of two flat cathodes facing each other, one prepared on a pure 
electrolytic nickel base and the other prepared on a 5% silicon-nickel 



Fig. 19.—Probe voltage-current characteristics showing rectification at the interface 

on the probe. 



CATHODE STRUCTURE 

Fig. 20.—Double probe, double cathode structure used by Mutter, see text. 
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base. Two platinum probes imbedded in each coating allowed measure¬ 
ments of the interface and coating voltages with current passed in either 
direction through the cathodes. Results obtained at 1075°K. are shown 
in Fig. 21. The coating conductivity is seen to be ohmic and independ¬ 
ent of the direction of current flow. Furthermore, the coating conduc¬ 
tivity is independent of the presence of silicon in one base metal and not 
in the other. This is a particularly interesting result since for many 
years silicon and other reducing impurities have been added to the base 
metal, presumedly to increase the emission through the release of barium 



Fig. 21.—Voltage-current characteristics of the interface and coating on two types of 

base metal. 

which according to our interpretation of eq. (6) should likewise increase 
the conductivity. 

The interface voltage in the pure nickel base cathode is less than the 
coating drop and shows no change with the direction of current flow. 
In the case of the silicon-nickel base cathode, the interface voltage 
increases rapidly in the forward direction to a value four or five times the 
coating drop. In the reverse direction the increase is less rapid reaching 
a value nearly that of the coating drop. The direction of electron flow 
in normal cathode emission is the direction of low conductivity in accord 
with the theoretical predictions. 

Changes which occur in the interface voltage with time are seen in 
Fig. 22. With increasing cathode life the pure nickel interface voltage 
increases and shows rectification properties, although the magnitude 
of this voltage remains less than the coating drop. Whether this inter- 
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face voltage originates due to the build up of an interface compound or 
to a change in the oxide bounding the base metal is unknown. Certainly 
the pronounced rectification effects and the very high interface voltages 
are only found in the presence of a definite interface compound. 

Throughout this discussion it was assumed that rectification occurred 
only at the metal-interface contact. It seems reasonable that some 
degree of rectification may also take place at the semiconductor-interface 
contact depending upon the type of interface layer which is present. 
Rectification at a metal-semiconductor boundary was discussed recently 
by Bardeen®^ in terms of surface states. 



Fig. 22.—Voltage-current characteristics of the interface and coating, showing the 
effect of aging on the interface voltage. 

7. Thermoelectric Effect 

When two identical electrodes are imbedded in a semiconductor and a 
thermal gradient exists, producing a temperature difference AT between 
the electrodes, a potential difference known as the Seebeck emf will be 
established between the two junctions. This emf is essentially a func¬ 
tion of the semiconductor since the Seebeck emf for metals is only about 
0.1% as large as for semiconductors. 

The Seebeck emf/degree at a temperature T has been related®® to the 
fundamental properties of the semiconductor by the equation, 

the sign being negative for an N-type, impurity semiconductor. A nega¬ 
tive value for the complete expression implies that the electron current 
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tends to flow from the metal to the semiconductor at the hot junction. 
The temperature dependence in this expression is determined by the rela¬ 
tive magnitudes of the two terms in the bracket, eq. (26), the former 
causing the value tq become less negative and the latter causing the value 
to become less positive with increasing temperature. Assuming Ac to be 
about l.OeV and using values of n/ and rij, shown in Table I, at 1000®K. 
the expression has a value of about —10~* volts/degree. Due to the 
temperature gradient through the oxide coating, a probe near the surface 
should be negative with respect to the base metal. 

The Seebeck emf was measured by Blewett^ for a sample of BaO and 
found to be negative as well as of a magnitude not inconsistent with 
eq. (26). Nishibori and Kawamura®^ report a zero current, probe 
potential of —0.1 volts. A similar effect is seen in Fig. 17 indicating an 
increasing emf with higher temperatures which brings about a larger 
thermal gradient through the coating. 

Future studies of the Seebeck emf as related to the other cathode 
parameters,^Ac, rib, and n/, suggests a promising field for experimental 
research. The presence of an interface layer at the base metal will 
influence the emf only if a temperature gradient is present through the 
interface. 


8. Emission Decay Phenomena 

The emission current which may be taken from an oxide cathode is 
not always stable with respect to time, particularly when emission 
limited current is drawn. Fig. 23 shows the emission decay observed 
by Blewett®^ for a series of cathode temperatures. At still lower tem¬ 
peratures the decay may occur over a period of hours but eventually a 
stable emission level is reached. This is a repeating phenomena, the 
cathode recovering its initial emission when allowed to glow without 
drawing anode current. The rate of decay increases with increasing 
temperature and at normal operating temperatures the decay may not be 
detectable using d.-c. methods of measurement. 

With the introduction of microsecond pulse methods of emission 
measurement, it was found that the saturation current which could be 
taken from a cathode in pulses considerably exceeded the usual d.-c. 
emission capacity. Sproull®* attempted to bridge the gap between 
pulse and d.-c. measurements and showed that decay effects persisted 
at the higher temperatures, see Fig. 24. It is generally presumed that 
the decay shown in the two figures represents one and the same phe¬ 
nomena, although this is not necessarily so. Blewett found the effect to 
be independent of the applied anode voltage and therefore termed it a 
volume effect, but its explanation has been sought in terms of a change 
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in the surface state. Either the electrolytic removal of barium, which 
was favored by Sproull, or the electrolytic deposition of oxygen at the 
surface have been discussed as plausible explanations. Wright®^ found 

similar decay phenomena in the con- 

»|r- 1 - 1 - 1 - 1 - ductivity between the base metal and 

iooo*K a probe in the coating. Since the 

direction of current flow determined 
the onset of decay and since no external 
^ _ surfaces were involved, the effect was 

1 explained as an interface behavior. 

Electrolytic flow of barium ions to the 

^ ^ -- interface might easily modify the shape 

' r - of the barrier or change the barium 

V concentration in the interface layer. 

Quantitative agreement is obtained 
5 - _ between SproulPs theory and the ob¬ 

served decay only if 5 to 50% of the 
\ total conduction current is ionic. In 

^ order to explain the independence of 

^——---- decay Avith coating thickness, it is 

*" " necessary to assume the ionic transport 

confined to the surface of the individ¬ 
ual crystals of the coating. These 

'q -M -eo-iso— MO — 30 somewhat (luestionable assumptions are 

TIME-seconds required in Wright's theory al- 

Fig. 23. — ^Long time emission though this theory remains as yet 

decay at several cathode tempera- qualitative. 

tures, (BaSr)O. The results cited thus far seem to 

differentiate between d.-c. and pulsed 
emission in terms of a change in the physical state of the cathode, 
either at the external surface or at the interface barrier, resulting from an 
electrolytic phenomena. Certain additional factors should be considered. 

1. Not all cathodes show the decay phenomena to the extent indi¬ 
cated by Figs. 23 and 24. Fan«® observed no d.-c. emission decay in the 
time and temperature range shown in Fig. 25. Blewett® suggested later 
that different states of cathode actidty may have accounted for this 


Fig. 23. —^Long time emission 
decay at several cathode tempera¬ 
tures, (BaSr)O. 


discrepancy. In an effort to correlate pulsed emissions in excess of 
50 il/cm.* with the short time behavior predicted by Fig. 24, the writer 
has examined emission pulses of 10 #is duration for decay effects. At 
temperatures between 1000 and 1200‘’K., which was the only range 
studied, no perceptable emission decay was found. Ramsey*^ likewise 
found no microsecond decay in well activated cathodes. 
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2. The discrepancy between d.-c. and pulsed emission is sot neces¬ 
sarily large. Microsecond pulsed emissions in excess of 100 A/cm.* at 
about 1100®K. are reported*^-** from standard cathodes whose d.-c. satu¬ 
ration emission has been considered to be less than 1 A/cm.* Fineman,** 
recognizing that limitations on d.-c. emission were frequently imposed by 
anode effects, constructed a suitable test diode and was able to obtain 
a d.-c. emission at 1175°K. of 14 A/cm.* for several hours. The emission 



Fig. 24. —Short time emission decay at several cathode temperatures, (BaSr)O. 
Scales adjusted to fit theoretical equation. See ref. 62. 
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Fig. 25. —Absence of long time emission decay, BaO, compare with Fig. 23. 
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was limited by a decay effect which occurred at near space charge limited 
conditions. A similar decay, at lower emission levels, had disappeared 
with suitable aging of the tube, hence it was concluded that 14 A/cm.* 
represented only a limitation of the diode and not the ultimate d.-c. 
emission from the cathode. In a similar experiment Dillinger®® very 
recently obtained a d.-c. emission of 18A/cm.* at 1100°K. 



Fig. 26.—Comparison of d.-c. and microsecond pulsed emission characteristics of a 

(BaSr)O cathode. 

Following this approach to the question of d.-c. vs. pulsed emission, 
the writer compared the respective emissions at a relatively low cathode 
temperature. Under these conditions, the saturated d.-c. emission level 
is sufficiently low that anode dissipation is not a serious problem. The 
curves shown in Fig. 26 were taken in sequence and indicate no great 
difference in the d.-c. and pulsed capabilities of the cathode. Time 
dependent emission instabilities were observed only in the dashed regions 
of the curves. 

3. Coomes*^ suggests that a different fundamental mechanism is 
responsible for microsecond pulsed emission than is required for steady 
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state d.-c. emission. According to this, pulsed emission results from a 
transient phenomena, the depletion of electrons from the conduction 
band which is refilled between pulses by thermally excited electrons from 
impurity levels. A simple calculation shows that.there are probably 
insufiicient conduction electrons to supply a pulse of say 100 ampere 
microseconds/sq. cm. of cathode area. Thus it is necessary to presume 
that this theory implies an appreciable fiow of current from the base 
metal to the coating during the pulse, induced perhaps by high electric 
fields established in the interface. This theory, if true, might account 
for the decay observed by Sproull although it is doubtful that Blewett^s 
long time decay could be so explained. 

In view of these factors, all of which require further study, there is no 
incentive to attempt a conclusion regarding the mechanism of decay or 
even the conditions under which decay exists. 

9. Sparking 

Cathode sparking or flashing, as it is referred to by the British, fre¬ 
quently imposes the only limitation to the emission current density which 
can be obtained during microsecond pulses. This phenomena is not 
necessarily deleterious to the cathode^s operation except for an erosion 
of the cathode coating, for each spark is accompanied by a physical loss 
of coating. In magnetron operation, sparking may occur at the rate of 
several sparks per minute throughout the life span of the tube. 

Two types of sparking are recognized; one, which produces a disrup¬ 
tive discharge in the tube and leaves craters penetrating throughout the 
whole coating and interface, and another, which appears as a scintilla¬ 
tion on the cathode surface and leaves shallow pits in the coating. The 
former has been attributed to an interface breakdown,and the latter 
may be a function of the surface oxides. 

Limiting our discussion to the disruptive spark phenomena, it is 
clearly evident that its occurrence is determined by the flow of current 
rather than an electric field at the cathode surface. Sparking of this 
type is observed under space charge limited emission conditions and the 
sparking current^^ decreases with increasing pulse length. 

Additional evidence for placing the sparking mechanism at the inter¬ 
face is seen in Fig. 27 which compares the microsecond pulsed emission 
characteristics of cathodes prepared on a pure nickel base metal and on a 
2% silicon-nickel alloy. The sparking points occur at much lower cur¬ 
rent densities in the cathode known to contain a thick, low conductivity 
interface layer. As the temperature is lowered, the conductivity is 
reduced, see Fig. 7, and likewise sparking current is seen to decrease. 
A second major difference in the emission characteristics of. the two 
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cathodes is the manner in which the curves deviate from the calculated 
Langmuir-Child space charge limited emission line. Rather abrupt 
breaks from this line are noted when saturation emission is reached in the 
pure nickel base cathode, but only a progressive deviation is seen for the 
silicon-nickel cathode. The point of deviation appears to be at zero 
current. A discussion of this phenomena will follow later. 

Wright®^ assumed that the potential drop, which he observed in the 
coating of an emitting cathode, appeared primarily at the interface. 
Reasonable values of this voltage and estimates of the interface thickness 
led to a voltage gradient of 10® volts/cm. in the interface layer. Unfor¬ 
tunately, the probe method is not a practical tool for measuring the inter¬ 
face voltage at the time of sparking for this phenomena frequently 



Fig. 27.—Comparison of microsecond pulsed emission characteristics of cathodes 
prepared on a pure nickel base metal, left, and on a 2% Si-Ni alloy, right. 

‘‘burns out’' the probe leads. However, this method is useful in estab¬ 
lishing that in certain cathodes the interface voltage is only slightly less 
than the total cathode voltage drop. 

A method®® was devised for measuring the total cathode voltage 
drop at any point on the voltage-current characteristic. This has been 
useful in assigning a value to the interface voltage at near sparking condi¬ 
tions as well as interpreting the anomalous progressive deviation from the 
Langmuir-Child line. The actual voltage which appears between the 
external surface of the oxide coating, Va — Vtc in Fig. 10, can be deduced 
from measurements of the retarding potential required to stop electrons 
which pass through a small hole in the anode. A comparison of this 
value with the applied anode-cathode voltage allows an evaluation of 
Vie. Typical results on a silicon-nickel base cathode are seen in Fig. 28. 
In (A) the experimental tube characteristic, points 5,6,7, and 8, has been 
corrected for the voltage drop across the cathode. These points are 
then seen to be in reasonable agreement with the calculated space charge 
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Fig. 28.^ Experimental diode emission characteristics corrected for voltage drop in 
the interface and coating, see text. 
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limited emission line. The experimental points are always in better 
agreement with a line calculated on the assumption that the diode spacing 
is the distance between the outer coating surface and the anode rather 
than the distance between the cathode base metal and the anode. Simi¬ 
lar conclusions were reached by Mutter for the tube geometry shown in 
Fig. 20; corrections for Ftc in both cathodes led to agreement with the 
coating to coating spacing. Thus it is concluded that the cathode is 
operating under space charge limited conditions notwithstanding the 
progressive deviation type of tube characteristic. In (B) the same 
cathode is obviously operating emission limited at points 9,10, and 11 
since the correction does not return the points to the calculated space 
charge line. Point 9, near the sparking point, shows a total cathode drop 
of 445 volts of which at least 300 volts appears across the interface, see 
Fig. 21. An interface thickness of between 5 X 10“^ and 10“^ cm. for 
this cathode, from Table II, results in a voltage gradient of 6 X 10® to 
3 X 10® volts/cm. 

Such values of potential gradient clearly suggest that a breakdown 
phenomena initiates the cathode spark. The mechanism of this has 
not been discussed although the principles underlying dielectric break¬ 
down are well established.®^ 

10. Secondary Emission 

Were it not for the sizeable secondary emission coefficient oxide 
cathodes exhibit at operating temperatures, it is questionable whether 
these cathodes would be able to satisfy the emission requirements of 
magnetron operation. In certain tubes the cathode is capable of supply¬ 
ing only one-tenth of the total current requirements in the form of 
primary emission. Values of the secondary emission coefficient, their 
temperature dependence, and its interpretation have been studied but 
remain subject to considerable controversy. Details of these investiga¬ 
tions may be found in a separate discussion of Secondary Emission 
in this volume. 


V. Thin Oxide Film Phenomena 

The emission theories of Reimann and Mnrgoci® and Lowry^ depend 
in common on the ability of a monolayer film of barium on the base 
metal to supply the entire thermionic emission of the cathode. The 
possibility that a film of alkaline earth oxide on the base metal, as 
distinguished from a film of barium, could supply this emission has been 
considered by G. E. Moore who has given the results below and discussed 
them at several scientific meetings.®® While it is clear that such films 
could supply emissions of the same order of magnitude as observed in 
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oxide cathodes, Moore does not believe that this should be taken as 
proof that the electrons in commercial oxide cathodes are necessarily 
emitted at the interface and then diffuse through the pores of the oxide. 

1. Thickness Dependence 

Sources have been developed which permit the evaporation of alka¬ 
line earth oxides without contamination from the free metal. A clean, 



Fig. 29.—Emission properties of thin SrO films on a Mo base metal. Temperature 
required to give a standard emission vs. thickness in monolayers. 

metal receiver filament, placed along side the evaporator, is activated 
and its emission characteristics are determined for different amounts of 
adsorbed oxide. A knowledge of the rates of evaporation and an assumed 
size of the adsorbed molecule permit the degree of surface contamination 
to be expressed in units of monolayers. Fig. 29 shows typical results for 
the evaporation of SrO onto a molybdenum receiver. The tempera¬ 
ture necessary to give a standard emission is plotted as a function of 
the amount of SrO deposited, assuming that each molecule occupies 
6.6 X 10“”^® cm.^ of surface. Many curves show no minima but bend 
at about 1 monolayer and slope gently downward, up to at least 20 
monolayers. 
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Emission measurements are usually limited to low temperatures to 
avoid a re-evaporation of the oxide. For a monolayer on the base metal 
under a normal oxide coating this need not be a serious limitation since 
evaporation from the adjacent coating could easily replenish the supply. 
In addition, some evidence supports the belief that films of the order of a 
single monolayer may adhere very tenaciously to the base metal. In 
Fig. 30 are shown the results of an attempt to remove a layer of BaO, 



Fig. 30.—Decrease of emission accompanying removal of BaO film from tungsten 
by evaporation at 1100°K. Emission measured at four lower temperatures at the 
time intervals shown, see text. 

initially about 20 monolayers, from a tungsten ribbon by heating at 
1100°K. At various time intervals the evaporation was interrupted 
briefly for measuring the emission at the four lower temperatures which 
are shown in this figure. 

The natural hypothesis is that the abrupt ‘ ‘ break in the curves at 
about 250 minutes of evaporation corresponds to the evaporation of all 
the oxide beyond the first monolayer and that the gradual decline beyond 
250 minutes corresponds to the evaporation of the monolayer runs into 
serious difficulties. Perhaps the most serious is the requirement this 
would place on the vapor pressure of the oxide in the interval up to 250 
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minutes. Similar curves are obtained with SrO in such experiments and 
this hypothesis would require that the evaporation rate of SrO before 
the break be 10^ times more rapid than from the crystal^ of SrO. Other 
obstacles can be mentioned and the behavior is thought to represent 
primarily a rearrangement, rather than evaporation, although the 
rearrangement is not well understood. Undoubtedly, surface migration 
and preferential adsorption on particular crystal faces of the underlying 
material introduce complications which have not been considered. 

2. Base Metal Dependence 

Rather wide differences are found in the emission parameters when 
different base metals are used. Tungsten and molybdenum yield nearly 

Table IV. Emission characteristics of thin oxide film cathodes, normal thickness 
cathodes and metallic monolayer cathode. 


Cathode system 

Work function, 
volts 

Emission, A/cm.^ 
at 1000°K. 

Thin oxide films 



CaO on W... 

2.1 

10-5 

SrO on W.. 

1 3 

0 3 

BaO on W.. 

1 2 

0 9 

SrO on Ni.. 

2.0 

10-® 

Normal oxide 



CaO on Ni. 

1 9 

io-®-io-3 

SrO on Ni.. 

1.4 

10“*-10-» 

BaO on Ni. 

1.1 

io-»-io-i 

Metallic monolayer 



Ba on W.. . . 

2.1 

1 

2 X 10-» 


identical emissions which are somew^hat higher than have been obtained 
on nickel and much higher than the emission from platinum and gold. 
The explanation for these differences is not clear although it is known 
that only tungsten and molybdenum can be flashed readily at a tempera¬ 
ture high enough to be assured of clean surfaces. A comparison of the 
emission parameters derived from Richardson plots for some of the 
coating-base metal combinations is seen in Table IV. Blewett's^ value 
for normal thickness oxide layers and Becker^s®® values for a barium film 
on tungsten, are shown for comparison. It is apparent that the emission 
which may be taken from the oxide films is quite capable of supplying the 
total emission obtainable from thick oxide cathode whereas a barium 
film alone would hardly suffice. 

Having established a mechanism for emission from the base metal, 
our theories^’® must now provide a mechanism for transporting electrons 
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through the coating to the external surface. In view of the uncertainty 
which now exists concerning the reflection coefficient for electrons 
impinging on an oxide crystal, and the ratio of ionic to electronic con¬ 
ductivity through the oxide crystals, a further discussion would be 
entirely speculative. 

The success already achieved in treating the oxide cathode as an 
excess impurity semiconductor is most gratifying. If this success con¬ 
tinues as more and more properties of the cathode are investigated, it 
may never be necessary to perform the long sought for experiment to 
prove which theory is correct. 
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Introduction 

This article is a review of the present state of knowledge of secondary 
electron emission by electrons from metals, insulators, and complex 
surfaces. The technical applications of secondary emission have been 
fully dealt with in some of the publications listed in the bibliography and 
consequently have not been considered in this text. Nor has secondary 
emission induced by ion bombardment been included, since, theoreti¬ 
cally, it constitutes a different phenomenon and should be considered as a 
separate field. For the most part, the material presented arises from 
work which has been performed within the past ten years. However, 
some aspects of the subject have not been actively investigated recently 
and since secondary emission, as a complete subject, has been treated 
rather sporadically in English scientific literature, a summary is presented 
of much of the earlier work. The standard reference on the sub¬ 
ject up to 1936 is a German review by Kollath.’^ A more recent publica¬ 
tion in book form by Bruining^^® deals with the subject up to 1941. 

For convenience, the bibliography has been split into two parts: the 
first part consists of text references to secondary emission publications 
prior to 1936 and other incidental text references; the second part forms 
a reasonably complete list of the secondary emission publications since 
1936. In cases where essentially the same material has appeared in more 
than one article, only one reference has been given. For a complete 
bibliography prior to 1936, Kollath^^and Bruining^^® should be consulted. 

It would be desirable at this stage to give an accurate, concise 
definition of secondary emission but this is not easy. The most general 
definition is that secondary emission consists of the emission of electrons 
from a solid due to the impact on that solid of ‘^primary” electrons. 
This applies reasonably well in the case of pure metal targets. How¬ 
ever, it breaks down for some targets of insulators where several mecha¬ 
nisms are invoked which are quite different from that which is normally 
considered to be the mechanism of secondary emission. For example, 
the Malter effect is accepted as field emission which is merely initiated 
by electron bombardment. Until more is known about the details of 
field enhanced emission or bombardment enhanced thermionic emission, 
it cannot be said whether these should be classified as true secondary 
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emission or not. For the purposes of this article, the general definition 
is assumed and the following symbols or abbreviations are used: 

SE: Secondary electron emission. 

d: Yield, equal to the total number of emitted electrons divided by 
the total number of bombarding or primary electrons. 

Vpi Energy of the primary electrons, which are assumed to be mono¬ 
chromatic, in electron volts. 

V,: Most probable energy of emission of secondary electrons in 
electron volts. 

I wish to express my thanks to Dr. J. B. Johnson for many stimulating 
discussions in the course of the preparation of this review. 

I. Pure Metals 
LI Yield 

The most widely investigated property of SE is the yield as a function 
of primary electron energy Vp. Unless stated otherwise, it is always 



PRIMARY ELECTRON ENERGY Vp IN VOLTS 

Fig. 1.—Yield curve for molybdenum.’* 

assumed that the primary electrons impinge normal to the surface and 
that all the emitted secondaries are collected. The plot of 5 vs. Vp is 
the yield curve and has the same general shape for all materials, i.e., for 
low b is much less than unity; it increases with Vp and for pure metals 
reaches a maximum value not greater than 6 == 2 for Vp equal to a few 
hundred volts. 6 then decreases slowly as Vp is further increased. 
Thus although the entire yield curve may sometimes be required or the 
yield at some specified value of Fp, the various yield curves are sufficiently 
similar so that it is often adequate to specify merely the maximum value 
of 5, (6n»), and the value of Fp, (Fp^^), for which this occurs. 

As the effects of surface contamination became apparent a great 
deal of effort was expended in producing cleaner surfaces which would 
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yield more accurate values for 8, Warnecke stipulated that the metal 
should be given as extensive a heat treatment as possible until it reached 
an ‘^end point after which any further heat treatment made no change 
in the yield. Even this is open to criticism in the case of some metals 
such as aluminum where the oxide is much less volatile than the metal 
itself. Thus if the surface is once oxidized, it may not be possible 
to clean it off purely by heat treatment. Bruining and others have 
attempted to overcome this objection by using targets which have been 


Table I. Maximum secondary emission yields of various clean metals and some 

semiconductors. 


Element 

dmax 

Fp(mM) volts 

Principal references 

Ag 

1.5 

800 

87, 56, 72 

A1 

1.0 

300 

66 

Au 

1.46 

800 

56, 230, 72 

Ba 

0.83 

400 

66 

Be 

0.6 

200 

66, 230 

C 

1.0 

300 

86 

Cd 

1.1 

400 

230 

Co 

1.2 

600 

152, 108 

Cs 

0.72 i 

400 

66, 95 

Cu 

1.3 

600 

87, 56, 230, 72 

Fe 

1.3 

350 

72, 7 

K 

0.7 

200 

195, 134 

Li 

0.5 

85 

66 

Mg 

0.95 

300 

66, 95 

Mo 

1.25 

375 

56, 72 

Nb 

1,2 

375 

56, 72 

Ni 

1 3 

550 

152, 66, 56, 72 

Pd 

1.3 

250 

5 

Pt 

1.6 

800 

72 

Rb 

0.9 

350 

216 

Th 

1.1 

800 

66 

Ti 

0.9 

280 

86 

W 

1.4 

600 

56, 121, 72 

Zr 

1.1 

350 

86 

B 

1.2 

150 

250 

Ge 

1.2 

400 

250 

Si 

1 1 

250 

250 

Ag20 

1.1 


120 

CU 2 O 

1.2 


120 

M 0 O 2 

1.1 


120 

M 0 S 2 

1.1 


120 

SnOj 

1.1 

600 

258 

WS 2 

1.0 


120 
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evaporated on in vacuum. Even where relatively clean surfaces have 
been obtained, the yield will still be affected by the degree of roughness 
of the surface and by the crystal structure. Thus it is not surprising 
that even the best results on a metal such as tungsten, which can be out- 
gassed more thoroughly than most metals, exhibit considerable variation 
from author to author. For these reasons, the compilation of values of 
5max in Table I represents only what is believed to be the best available 
results. In most instances, for a well outgassed, smooth polycrystalline 
target, the values of 8max are probably consistent to better than 10%. 
However, since many yield curves have a very broad maximum, the 
values of Vp(mxx) may exhibit much wider variations. The principal 



WORK FUNCTION IN ELECTRON VOLTS 


Fig. 2, —Relation between 5ma* and work function of different targets. 

references from which these data have been compiled are listed in the 
table and these should be consulted for the complete yield curves. In 
general, if the values quoted are substantially the same as that given by 
Kollath,^^ only that and more recent references are given. The most 
striking change since Kollath^s compilation is the low values of 5n»ax for 
the low work function metals such as the alkalies. Due to outgassing 
problems, it is very probable that much of the early work was actually 
done on alkali oxides, which may give values of 8^^ several times that of 
the pure metal. Data on certain semiconductors have also been included. 
The only justification for this is that the yields of these substances are 
much like those of metals. Nothing has been published concerning 
their other SE properties and these may not necessarily be similar to 
metallic behavior. 

A correlation between work function and yield is illustrated in Fig. 2 
where the values of 8^^^ from Table I have been plotted against work 
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function. These values of work function have been obtained from 
Becker^* and most are for polycrystalline surfaces. Here again we do 
not know the surface conditions, particularly the predominant crystal 
orientation. This and other factors render unreliable some of these 
work function values so that too much importance should not be attached 
to this plot. However, this does illustrate a possible classification of 
pure metals, i.e., those with high work functions have high SE yields and 
those with low work functions have low SE yields. The inference should 
not be drawn that by increasing the work function of a metal the SE yield 
will be increased since, as will be discussed later, this is believed to be 
untrue. Rather, it is believed that the work function itself plays a rela¬ 
tively minor role in determining the SE yield but that it is linked with 
other properties of the metal which play a dominant role in determining 
the yield. Almost as good a correlation can be obtained by plotting 
Snmx against the density of the target. 

Attempts have been made to correlate with position in the 
periodic table, atomic constants, etc., but these have usually produced 
trends rather than correlations. 


1,8 Shape of the d vs, Vp Curve 

A rough explanation for the maximum in the 5 vs. Vp relation can be 
given by defining dp = maximum depth of production of secondaries and 
d, = maximum depth from which secondaries can escape. Then for 

Od 

Vp < Fp(m«), dp < d, and -^y- > 0. Similarly for Vp > Fp(„„), dp > d, 
db 

and ^ Khlebnikov^® pointed out that according to this formula¬ 
tion, changes in the surface potential which affect 8 but which do not 
affect dp or d, should have no effect on the value of Fp(„ax)* Thus it 
should be possible to distinguish between volume effects and solely 
surface effects by measurements of FpW). However, since the maxi¬ 
mum is usually rather flat, this is not a particularly sensitive criterion. 

Extending this concept, Geyer^^^ has plotted log against Vp 

in the range 50 volts < Vp < Fp(n»x), using his own experimental 
data and also data from Bruining and de Boer, and Copeland. He 
obtained linear relations in all such plots and by extrapolating to Fp = 0 

obtained values of the zero voltage intercept do = log () . He 

\d Vp/Vp^Q 

found that for a given target material, do was independent of surface 
contamination, work function, angle of incidence, and depth of penetra¬ 
tion. Moreover, metals with the same value of the principal quantum 
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number of the outermost electron shell gave the same value of t>o. 
However, the same metals in compounds yielded much different values 
of From this Geyer concluded that is a function of the mechanism 
of the generation of secondaries. 

Such, plots depend upon careful determinations of the slope of the 
yield curve. Small errors in the latter may result in large errors in the 
slope. The author has attempted to fit data other than those given by 
Geyer to such plots with considerable lack of success. In particular, var¬ 
ious published curves on tungsten by Ahearn,^® Warnecke,®® Coomes,^*^ 
and McKay^^^ give widely differing results, and even the values for 
tungsten by Sixtus^® which are quoted by Geyer do not agree with 
his classification. Moreover, it is not possible in general to fit Wool¬ 
dridge's^®^ theoretical curves to such a linear plot. However, in spite of 
these contradictions, careful analyses of this type may yield information 
about the mechanism of secondary electron generation. 

Considering the section of the yield curve where Vp is greater than 
Fp(max), Chaudri and Khan^®^ have plotted log 6 against Vp and obtained 
a linear relation for nickel. They show that if all the energy of the 
primary electrons is used up in the production of secondaries and if 
the absorption of secondaries in the metal is exponential, a relation of the 

5 « ( 1 ) 

form is obtained agreeing with their experimental results for 600 < Vp 
< 4000 volts. To obtain this formula they assume that practically all 
the secondaries are produced at some point at which the primary energy 
has dropped down to a certain value. This is certainly an oversimplifica¬ 
tion of the process. Moreover, as Vp increases, the importance of 
reflected primaries also increases and this aspect was neglected. It is 
difficult to check this against other data in the literature since usually the 
yield has decreased very little from the maximum at the highest values 
of Vp used. However, Trump and Van de Graff^®® have measured some 
SE coefficients in the range 30 kv < Fp < 340 kv in which they have 
separated the yield due to high energy secondaries or reflected primaries 
from the total yield. If the log is plotted against Vp for the yield 

due to low energy secondaries from their data, a linear relation does not 
exist. The values of were taken from Table I but small variations 
of these values still do not produce a linear relation. Thus apparently 
Chaudri and Khan's formula does not hold for very large values of Vp 
and certainly does not when reflected primaries are included. 

Copeland^® and Warnecke®^ have plotted the slope of the yield curve 
at a certain point where Vp is greater than Fpc^ax) against the atomic 
number of the target and have obtained a general decrease with increas- 
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ing atomic number. This could best be approximated by a linear rela- 
tion but the agreement was not very good. It will be seen that such a 
procedure is equivalent to an approximate determination of a in Chaudri^s 
formula when the yield curve falls off very slowly. 

1.3 Soft X-Ray Critical Potentials 

A great deal of early work in SE was devoted to a careful analysis of 
the '^fine structure’^ of the yield curve in which numerous small humps 
and inflexion points between zero and about 40 volts were revealed. 
These were correlated with the energy required to produce various soft 
x-rays which, according to a theory by Richardson,^® in turn produced 
secondary electrons. However, later experiments showed that most 
of this fine structure disappeared following a really thorough degassing 
of the target and it is now believed to have arisen from the excitation or 
ionization of adsorbed gas atoms on the surface. Possibly some Avas due 
to elastically reflected primaries. Nevertheless, Warnecke^^ has observed 
that even after a very thorough outgassing, a few inflexion points still 
remain for tungsten, tantalum, and nickel. An attempted correlation 
between these points and possible soft x-ray energies exhibits discrep¬ 
ancies which would appear to be greater than the experimental error. 
It is possible that they might be related to the target band structure. 

1.4 Effect of Work Function on the SE Yield 

One method of determining the effect of the work function on the SE 
yield, without varying any other parameter which might affect the yield, 
is to deposit a thin layer of a diff erent element on the target such that the 
resulting change in work function can be measured independently. 
De Boer and Bruining^^® have calculated that an adsorbed layer, which 
is equal to or less than a monomolecular layer thick, should contribute a 
negligible amount to the SE yield due to secondaries arising within the 
adsorbed layer itself, provided Vp is greater than about 50 volts. This 
method has been used by Sixtus^^ using thorium on tungsten, Treloar®® 
with barium on tungsten and thorium on tungsten, de Boer and Bruin- 
ingiis barium on tungsten, Coomes^-^ with thorium on tungsten, 
and McKay^^^ with sodium on tungsten. In these experiments, the 
work function was measured either thermionically, photoelectrically, or 
by contact potential. All the results, except those of Coomes, have 
shown a systematic increase in SE yield as the work function is lowered, 
passing through a maximum coincidentally with the attainment of the 
optimum adsorbed layer thickness for minimum work function. Both 
Sixtus and Treloar obtained relations of the form log d = A — btp where 
<p is the surface work function and A and b are constants for a given metal 



SECONDARY ELECTRON EMISSION 


73 


and Vp. This Equation, of course, holds only for adsorbed layers which 
are thinner than those for minimum work function. Treating the prob¬ 
lem classically, Treloar has shown theoretical justification for such a 
relation and Wooldridge's^^^ quantum-mechanical treatment not only 
predicts it but is in good numerical agreement with Treloar^s experimen¬ 
tal results. Coomes’ results with thorium-coated tungsten are remark¬ 
able in that no systematic variation of yield with work function was 
observed although he did obtain an increase in yield with lowered work 
function with an oxygenated thorium coated tungsten target. The 
latter condition is too complex to be treated here while the former results 
are very difficult to explain unless the target surfaces were not what 
Coomes believed them to be. In this connection it is noted that Coomes^ 
d vs. Vp curves for clean tungsten were not completely reproducible 
following deposition and subsequent evaporation of a thorium layer. 
Afanasjeva and Timofeev®^ also obtained an increase in SE yield which 
passed through a maximum as potassium was evaporated on gold, silver, 
or platinum. However, as no corresponding maximum was observed 
in the photoelectric yield, this work is open to question. 

It is difficult to picture any mechanism of secondary emission in which 
lowering of the surface work function does not increase the yield some¬ 
what. However, what is most important is the relatively minor role 
that the work function plays. McKay showed that an adsorbed layer 
of sodium which effectively reduced the work function of tungsten by a 
factor of 2 increased the SE yield by only 60%, which is in rough agree¬ 
ment with Treloar’s results of — (d/^^)(loge QA2ev-^. However, 

this should be compared with the case of thermionic emission where such 
a reduction in work function would increase the thermionic emission 
current by a factor of about 10®. This contrasting behavior is attributed 
roughly to the relatively high average emission velocity of secondary 
electrons to be discussed later. One consequence of this is that it appears 
unlikely that very high SE yields can be attained merely by a lowering 
of the surface work function, i.e., if Treloar^s results be assumed to be 
valid for any value of work function, then the from tungsten on 
reduction of the work function to zero would still be less than three. 

1,5 Effect of Crystal Structure on the SE Yield 

Work by Becker,*® Nichols,and others has established that the work 
function of a surface depends upon the orientation of the exposed crystal 
face. Thus, from §1.4 we should expect some variation in SE yield from 
this source. To estimate the magnitude of the effect, let us assume 
Treloar^s result for variation of yield with work function for tungsten in 
conjunction with Nichols^ data showing that the work function of 
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tungsten varies from 4.36 volts for the (111) crystal direction to at least 
4.65 for the (110) direction. This would give a change in 5n,M of about 
8%. However, Wooldridge’s theory^^^ implies that the crystal orienta¬ 
tion may produce variations in yield other than those caused by change 
in work functions. 

Early work by Rao^^ showed a decrease in from 1.3 to 0.76 in 
going from polycrystalline nickel to the (100) face of a single crystal of 
nickel. However, it is doubtful if the vacuum techniques employed 
were sufficient to insure that the surfaces were free of adsorbed gas. 

Bekow^®® has published a preliminary note indicating that for a copper 
single crystal, 5 is different for each crystal face and is a maximum for 
the (100) face. Knoll and Theile^^® have demonstrated the effect 
strikingly by forming an electron-optical picture of the surface of a 
silicon-steel target using the secondary electrons themselves. The 
resultant picture shows intensity variations which resemble the expected 
polycrystalline structure, the interpretation being that each crystal face 
exhibits a characteristic yield. 

One method of determining the effect of crystal structure is to vary 
the temperature of the target and to observe changes in the SE yield as 
the target passes through a structure transformation point. Treloar^®® 
could observe no change in yield within an accuracy of a few per cent in 
passing through the Curie point of nickel at 358®C., the hexagonal to 
face-centered transformation of cobalt at 410°C., or the Curie point at 
770°C. and body-centered to face-centered transformation of iron at 
910°C. Wooldridge^®®'^®^ improved the relative accuracy of such 
measurements to about 0.1% by adjusting Vp so that the SE yield was 
always unity. He observed no change in passing through the Curie 
point of nickel at 358°C. or of iron at 770°C. He did observe erratic 
changes of about 1 % in the iron transformation at 910°C. but concluded 
that he was dealing with large crystal faces and that variations from one 
face to another rendered the results unreliable. He also obtained a 
reproducible change in SE yield of 0.4% at the hexagonal to face-centered 
transformation of cobalt at 410®C. Simultaneous measurements of 
work function by contact potential measurements showed that the change 
in work function was in the wrong direction to account for this change 
in yield. 

Kollath®®'®® obtained increases in 5 when evaporated beryllium targets 
were heated above 700°C. He attributed this to a structural change 
although he had no data on any known crystal transformations for 
beryllium at this temperature. However, the changes in d were so large 
that it is doubtful if they could have been due solely to changes in crystal 
structure. 
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Suhrmann and compared the SE 3 rield of targets 

of copper, silver, or gold condensed at SS'^K. with that obtaiiied 
at room temperature. At low temperatures, the targets were assumed 
to be disordered and at room temperature to be ordered. They obtained 
yields in the ordered cases of up to 30% greater than when disordered. 
Due to the importance of Van der Waals^ adsorption of gas at low tem¬ 
peratures, it would appear very likely that adsorbed gas layers might 
play a prominent part in this type of experiment. Wooldridge and 
Hartman^®® proposed that order in an alloy produces long period regular¬ 
ity in the lattice fields resulting in a splitting of some of the bands and 
making possible transitions between levels which could not exhibit 
interaction processes in the disordered alloy. However, measurements 
on a CuaAu target, in which disorder begins at 250°C. and is completed 
at 391°C., exhibited no change in SE yield greater than the experimental 
accuracy of 1 %. 

Morozov^o® has measured a change in SE yield of up to 10% in lead, 
antimony, and bismuth in going from the solid to the liquid state. The 
direction of the change depended on the bombarding velocity and also 
on the target. His explanation of these results is based on conductivity 
changes rather than crystal structure. 

The effect of crystal structure on the directional scattering of reflected 
primary electrons will be considered in a later section. 

This experimental evidence shows clearly that the crystal structure 
plays a role in determining the SE yield, although detailed data on the 
correlation between yield and structure are entirely lacking. It should 
be noted that even a substance which is polycrystalline does not neces¬ 
sarily expose all crystallite faces on the surface with equal probability. 
Previous cold working or heat treatments may produce preferred orienta¬ 
tions of the surface faces. For example, tungsten wire, following heat 
treatment, usually develops crystals with the (110) direction parallel 
to the wire axis. It is possible that even before heat treatment the 
crystallites still maintain a preferred orientation. 

1.6 Effect of Temperature on SE Yield 

Changes in temperature of the target may alter the density of adsorbed 
gas if present; they may alter the crystal structure or the surface rough¬ 
ness. Any of these may influence the SE yield. How^ever, when these 
complications are not present, many experimenters^®®*^^^’^®*’^^^ have 
demonstrated no observable change in SE yield of metals with tempera¬ 
ture. In particular Morozov^®® and Wooldridge^®®*^®^ have shown that 
for cobalt, iron, molybdenum, and nickel the SE temperature coefficient 
must be less than the temperature coefficient of linear expansion. Such 



76 


KENNETH G. McKAT 


a result is in accord with a later modification of Wooldridge’s theory of 

Reichelt^®® reported an increase in the proportion of high velocity 
secondaries at 1500°C. with a tungsten target, resulting in an increase in 
the mean energy of the secondary electrons of about a volt from that at 
room temperature. Kollath^®’' has reported measurements which con¬ 
tradict this and suggested that Reichelt’s results might be due to an 
experimental error. 

1,7 Effect of Angle of Incidence of Primary Electrons on SE Yield 

Although most SE yield measurements have been made with normal 
incidence of the primary beam, a number of investigators have examined 
the variation of yield with incident angle. The 
general effect of oblique incidence may be seen by 
reference to Fig. 3 where for normal incidence, the 
average range of a primary electron is dp. In the 
case of oblique incidence, secondaries produced at 
the end of the range dp will be only a distance dp 
cos 6 from the surface, where 6 is the angle of inci¬ 
dence, and thus have less chance of being absorbed 
before reaching the surface. From this we might 
predict that the effect will be greater for Vp > Vp ^ax 
where the yield is predominantly limited by adsorp¬ 
tion of secondaries. We might expect that for low 
primary velocities where the penetration is small 
very little variation in yield with incident angle 
would be observed, and this has been verified 
experimentally by Bruining.^^ He has also shown that a rough etched 
surface shows practically no variation of yield with incident angle. Such 
a result is to be expected since the actual incident angle is very poorly 
defined in this case. 

Miiller’® investigated a series of metals with 1000 < Vp < 4000 volts 
and concluded that over the range 0^ < 6 < 80°, the yield varied as 
(cos with deviations from this ascribed to spreading of the primary 
beam. However, the assumptions he used to derive a theoretical 
expression of this form are such that they greatly oversimplify the 
problem. He also showed that the relative change in yield with incident 
angle varied in an inverse way with the target density. 

Bruining^^*®® assumed that the secondaries are absorbed exponentially 
with distance and derived a relation of the form 



Fig, 3.—Effect of 
variation of angle of 
incidence on the path 
length of the second¬ 
aries. 




(2) 



SECONDARY ELECTRON EMISSION 


77 


where 6$ is the yield at incidence angle = 6 
do is the yield at zero incidence 
Xm is the mean depth of liberation of secondaries 
a is the coefficient of absorption of secondaries. 

This expression was verified experimentally for lithium, barium, and 
nickel by showing that for a given target and Vpy aXm was a constant 
independent of B within 20 %. From his data it is also possible to extra¬ 
polate and obtain a value of i.e., the yield to be expected when the 
primary beam strikes the target just at grazing angle. It might be 
expected that a curve of Sgo® versus Vp would not show a maximum since 
there is essentially no absorption of secondaries. Actually there is a 
broad maximum at a mugh higher value of Vp than for normal incidence 
and this is attributed to the scattering of primary electrons into the 
target thus still producing some absorption of secondaries. 

Lukjanov®® has derived an expression for Se of essentially the same 
form as Bruining^s and has shown that it fits Muller’s experimental 
curves. Lukjanov shows that Xm should vary inversely as the density 
which is in accord with the experimental fact that the greatest relative 
change in yield occurs with the metals of least density. 

1.8 Effect of Primary Current on SE Yield 

Since the SE yield is normally quoted merely as a function of Vp, it is 
implied that it is independent of primary current. For metals, this has 
been confirmed by many observers under widely differing conditions 
of primary current density. 

1.9 Effect of Mechanical Condition of Surface on SE Yield 

There is considerable experimental evidence to show that a rough or 
porous surface results in a lowering of the SE yield. This is qualitatively 
explained by postulating that a rough surface can be likened to a series 
of holes or wells. A secondary electron, produced at the bottom of such 
a well, may be trapped by the sides of the well and hence will not be 
emitted from the surface. Such a surface can be produced artificially by 
covering the target with carbon soot either smoked on or from a colloidal 
suspension. Optically black” surfaces can also be prepared by evapo¬ 
rating various metals onto the surface through a rare gas atmosphere so 
that metallic agglomerates are formed before striking the target surface. 
Fig. 4 by Bruining®® shows the reduction in yield with carbonized nickel. 
He concludes that the greatest reduction in yield occurs when the carbon 
granules are about 30 A. in diameter forming a fine labyrinth.®® If other 
metals are used to form the surface, they should have a high sintering 
temperature. Otherwise, upon heating the target, the agglomerates 
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will sinter together forming a compact high yield surface. Jonker®* 
suggests a series of ribs mechanically formed on the target to reduce the 
SE yield still further. 

1,10 Effect of Adsorbed Gas on SE Yield 

In §1.4 we saw that the work function of a surface could be altered by 
an adsorbed metallic layer on the surface. The same, of course applies 
to adsorbed gas layers.^® An adsorbed layer may also yield an apprecia¬ 
ble number of secondaries in itself if it is sufficiently thick. However, a 
monatomic layer probably has a yield of the order of 0.02 for Vp around 
200 volts^^® and thus the variation in yield caused by a monatomic layer 
is probably due almost entirely to the work function variation. 



Fig. 4. —Variation of yield with surface roughness:®* I, soot; II smooth carbon. 

Most papers on SE give some data on the variation of the yield as a 
function of the heat treatment so the actual amount of information 
available is quite considerable. Of course, the heat treatment may cause 
changes other than the removal of adsorbed impurity layers, e.g., it may 
alter the crystal structure.®® Moreover, when gas layers are being 
removed, they are usually of unknown thickness and composition. Thus 
we can only generalize that usually the removal of adsorbed gas through 
heat treatment causes the yield to drop possibly by as much as 50 % or 
more and most frequently the final yield curve is lower than any other 
obtained during heat treatment. The removal of adsorbed gas also 
removes many kinks in the yield curve as described in §1.3. A good 
example of this general type of behavior is presented in detail by Ahearn^® 
in work on the SE of tungsten. Actually the presence of oxygen on the 
surface may either raise or lower the yield since the physical adsorption 
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of a monatomic layer of oxygen on most metallic surfaces causes an 
increase in the work function due to the formation of an electrical double 
layer. Such a reduction in yield has been observed.However, if 
the oxygen forms a thick layer of oxide before or during heat treatment, 
the yield will be greatly altered and probably increased. Since, in some 
cases, the vapor pressure of the oxide is very much less than that of the 
metal, the oxide surface layer, once formed, can never be removed by 
mere heat treatment. This is probably the explanation of Warnecke^s 
high values for the yield from aluminum. 

There is but little information available about the effects of other 
gases. Khlebnikov®^ has increased the yield of tantalum by exposing it 
to hydrogen or helium. It is possible here that the hydrogen was 
adsorbed as ions. On the other hand, Suhrmann and Kundt^^^ observed 
that exposure to hydrogen had no noticeable effect on the yield from 
copper, silver, or gold. This is in accord with the fact that physical 
adsorption of a monolayer of hydrogen atoms should not make any 
appreciable change in the work function. The behavior of complex 
surfaces prepared by deliberate oxidation is too extensive to be treated 
in this section. 


1,11 Properties of Secondary Electrons 

In the preceding paragraphs, the various factors which may influence 
the total SE yield from metals have been discussed. In the following, 
we shall consider some properties of the secondary electrons and related 
matters. 


1,12 Angular Distribution of Secondary Electrons 

No recent work is available on the angular distribution of secondary 
electrons but the results of earlier workers in the field^*®'^^ agree that if 
the relatively small contribution due to reflected primaries is neglected, 
the number of secondaries emitted per unit solid angle is greatest in the 
direction normal to the emitting surface and decreases with increasing 
angle of emergence ^ as cos <p. This is independent of the angle of 
incidence of the primary beam although as discussed previously the 
absolute value of the yield is not. A result of this type is to be expected 
since presumably the secondaries which are emitted at large emergence 
angles must, on the average, traverse a greater path length in the target 
than those emitted normally, and thus have a greater probability of being 
absorbed. It should be noted that at very high or very low values of Fp, 
the proportion of reflected primaries becomes appreciable and their 
effect is to alter the cosine distribution law as discussed later. 
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1,1S Shot Effect 

The SE yield normally defines the average number of secondaries 
produced per impinging primary. This is, of course, merely a statistical 
mean since the total number of secondaries produced by any one primary 
may vary widely. The study of the resulting fluctuations can result in 
an estimate of the maximum time of liberation of secondaries but apart 
from that is now not of much importance to the theory of SE. How¬ 
ever, the technical applications, particularly of the results of fluctuation 
studies by SE multipliers, are of great significance. 

A number of workers such as Hayner,^^ Kurrelmeyer and Hayner,’'® 
Ziegler,®^’®® Shockley and Pierce,and others have studied this statis¬ 
tical problem and their results are essentially in agreement. It would 
not be appropriate to derive their results here but it should be noted 
that analyses of the experimental results suggest that the distribution 
function governing the probability of emission of a given number of 
secondary electrons per incident primary electron, should be more gen¬ 
eral than that obtained by the use of a Poisson distribution, i.e., the 
relative mean square deviation of b may not be equal to the reciprocal 
of b, Shockley and Pierce have shown that for an electron multiplier 
with n stages each of average gain w, the mean square noise current in a 
frequency band A/ in the output circuit is given by 

/.w = (3) 

where /p^A/ = mean square noise in the primary current in a frequency 
band A/ 

Ip = average component of primary current 
d} = mean square deviation of m 
M = = average overall gain 

e = electronic charge. 

This result applies for frequencies so low that the period is large com¬ 
pared with the time of collection on the final anode of all the electrons 
descended from the same primary electron at the input, i.e., the burst 
duration. Sard^®^ has extended the frequency range of the analysis and 
has shown that for the R.C.A. type 931 photomultiplier tube, the noise 
spectrum should be essentially uniform from zero frequency to about 
100 Me and should fall rapidly to a very low value for higher frequencies. 

1,14 Time of Ldberation of Secondaries 

In general it has been assumed that the time between the arrival of a 
primary electron and the emission of a secondary is essentially zero. 
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By means of shot effect measurements, Hayner*' concluded that the 
emission time must be less than 10"® seconds and is possibly less than 
10"* seconds. Wang^^^ has replaced the reflector in a reflex klystron 
by a SE surface and has obtained satisfactory operation at 4000 Me. 
From this he concluded that the emission time lag must be less than 
2 X 10"^® seconds or, if greater, the time lag dispersion must be less than 
2 X 10"^® seconds. Greenblatt and Miller^®® made similar observations 
in a 3000 Me secondary electron multiplier from which they concluded 
that at least some of the secondary electrons were emitted in less than 
5 X 10"^^ seconds. Although these measurements are all somewhat 
indirect, it is probable that the actual time lag in emission is less than 
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Fig. 5.—Secondary electron velocity distribution from gold.*^® 


about 10"^^ seconds and is thus negligible in most experimental work 
involving SE from metals. 

1.15 Velocity Distribution of Secondary Electrons 

It is evident that the velocity distribution of the emitted secondary 
electrons is of the greatest importance, both in applications of secondary 
emission and in the theoretical interpretation of the process. It is 
strange that very little work has been reported concerning this phase 
recently and consequently we must rely mainly on earlier experimental 
work, some of which is difficult to interpret. 

The general form of the velocity distribution curve resulting from 
medium values of yp(20 <Vp< 1000 volts) has been nicely demon¬ 
strated by Rudberg,*® one of whose curves is reproduced in Fig. 5. He 
used a transverse magnetic analyzer with angles of incidence and emer¬ 
gence both equal to 45®. The curve is interpreted as follows: the large 
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majority of the electrons are emitted with energies of a few volts. These 
are regarded as true secondaries. Merged in this group and extending 
somewhat uniformly out to energies almost equal to Vp is a relatively 
small number of inelastically reflected primaries. Finally there is a 
sharp peak, at energy equal to Vp, of elastically reflected primaries. 
Apart from experiments expressly designed to investigate reflected pri¬ 
maries, practically all the work on secondary emission deals essentially 
with the ‘'true” secondaries, i.e., low velocity secondaries. It will later 
be shown that complete neglect of the reflected primaries is not always 
possible without introducing considerable error. 

1J& Velocity Distribution of ^^True” Secondary Electrons 

Although many measurements have been made of this aspect of 
secondary emission, most of them are subject to the same criticisms that 
have been made of the yield measurements: inadequate outgassing, 
absence of data on the condition of the target surface or on the crystal 
structure. It is very difficult to estimate the extent to which the data 
are affected by these parameters since but few measurements have been 
made of the velocity distribution as a function of anything but Vp, 

The distribution curve is similar, although it does not correspond 
exactly, to a Maxwellian distribution. The most probable emission 
energy will be denoted by F, ms*- This is always somewhat smaller 
than the average emission energy. According to Becker,® Brinsmade,® 
and others, for any given target F, max is independent of Vp for 20 
volts <Vp< 1000 volts in agreement with a theory by Kadyschevi- 
tsch®^® in which it is also shown that F« mxx should decrease as the surface 
work function is decreased. Such behavior has been verified by Bron- 
stein®®^ who measured the energy distribution as a function of layer 
thickness of silver on a nickel base. 

As discussed in §1.6 there is unconfirmed evidence that the mean 
energy of secondaries from tungsten can be increased about 1 volt by 
heating the target to 1500°C. 

Kushnir and Frumin^®® have reported that for molybdenum and 
silver F, m« increases as the angle of emergence increases. There is also 
evidence®®’®® that the velocity distribution is affected by adsorbed gas 
on the target. Thus the situation is analogous to that for the yield 
curve: the velocity distribution is determined by a large number of 
parameters not all of which are known for any given experiment. Even 
in cases where all the most important parameters have been determined, 
it is not possible to compare directly the results of different experimenters 
since the experimental conditions differ and there is not enough known 
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about the effect of the various parameters to enable one to extrapolate 
from one set of conditions to another. 

Table II shows a summary of the most recent data on the energy 
distribution of slow secondary electrons. The methods used, as described 
in §1.24 are as follows: RE, retarding electric field; TM, transverse 
magnetic field; LM, longitudinal magnetic field. The incompleteness of 
the available data is evident. This is due in most part to the experi¬ 
mental problem of making such measurements with reasonable accuracy. 
Experimentally and theoretically, the problem of the energy distribution 
is much more difficult than that of the yield curve. Apart from Kady- 
schevitsch^s^^^ work, the problem has not been treated theoretically. 
Attempts to correlate V, with the atomic number of the target have 
not proved successful. Haworth*®-^® has detected some slight subsidiary 
peaks in the energy distribution curves for molybdenum and columbium 
but these results have not been confirmed by other experimenters, e.g., 
Kollath’s^®® recent work on molybdenum. 


Table II. Summary of available data on most probable secondary electron energy. 


Target 

Method 

Inc. 

angle 

Emer. 

angle 

V, 

volts 

F« max 

volts 

Author 

Refer¬ 

ence 

Year 

Ag 

TM 

45° 

45° 

155 

5.4 

Rudberg 

50 

1936 

Ag 

RE 

70° 

0° 

10-100 

2-3 

Langewalter 

33 

1935 

A1 

TM 

45° 

45° 

36-176 

5-6 

Brinsmade 

9 

1927 

Au 

TM 

45° 

45° 

155 

5.4 

Rudberg 

50 

1936 

Be 

LM 

0° 

~30° 


3 

Kollath 

163 

1940 

Cb 

TM 

45° 

45° 

147 

4.5 

Haworth 

46 

1936 

Cu 

TM 

45° 

45° 

155 

3.3 

Rudberg 

50 

1936 

Fe 

RE 

30° 

0° 

24-2075 

2 

Becker 

3 

1925 

Mo 

TM 

45° 

45° 

150 

3 

Haworth 

30 

1935 

Mo 

TM 

45° 

45° 

7.5-100 

4 

Soller 

19 

1930 

Mo after 









heat treat¬ 
ment 

TM 

45° 

i 45° 

7.5-100 

10-20 

SoUer 

19 

1930 

Mo 

LM 

0° 

'-'30° 


2.9 

Kollath 

163 

1940 

Pd 

RE 

70° 

0° 

10-100 

2 

Langewalter 

33 

1935 

Pt 

RE 

70° 

0° 

10-100 

2-3 

Langewalter 

33 

1935 

Ta 

LM 

0° 

^-^30° 


2 

Kollath 

163 

1940 


1A7 Velocity Distribution of Reflected Primary Electrons 

Owing in part to the relatively small number of reflected primaries 
for medium values of Fp, i.e., 20 volts < Fp < 1000 volts, in comparison 
with what here has been defined as *‘true^’ secondaries, the general 
behavior of reflected primaries has not received much attention. Here 
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it is necessary to specify clearly the range of Vp with which one has to 
deal. 

а. Vp less than about 10 volts. For very low values of Vp it has been 
clearly demonstrated, notably by Gimpel and Richardson^^® (for = 1 
volt), that all the secondaries are emitted with the same energy as the 
primaries, i.e., we are dealing with elastically reflected primaries. In 
such experiments, therefore, the secondary emission coefficient is replaced 
by a reflection coefficient.’^ For such low values of Fp, the effects of 
contact potential, inhomogeneity in the primary velocities, and adsorbed 
gas play such an important role as to make the experiments very difficult 
to perform. Gimpel and Richardson^^e showed that for a copper target, 
the reflection coefficient is equal to 0.24 which remains constant within 
20% for 0.35 volts < Vp < 10 volts. It is probable that their results 
were to some extent affected by adsorbed gas on the surface. Bruining*^® 
has also measured the reflection coefficient at low velocities and showed 
that for silver dnnee. = 0.1 at Fp = 25 volts rising to 0.2 at Fp = 3 volts. 
Over the same range of Fp, barium has a Srenw. = 0.05 rising to 0.1 for 
Fp = 3 volts. Over this voltage range, Bruining had to separate out the 
reflected primaries from the true secondaries or inelastically reflected 
primaries by plots of the energy distribution. The value of Fp at which 
the emission contains only reflected primaries is not sharply defined. 
Data on this are so meager that one can only say that the ratio of elas¬ 
tically reflected primaries to the total emission decreases from 100% for 
very low Fp to a very small fraction around Fp max- 

Modern theoretical treatments*^ of the reflection of slow electrons by 
an image force type of surface barrier indicate that as Fp —> 0 the reflec¬ 
tion coefficient should approach a limiting value of something less than 
10 % for most metals. 

б. Fp greater than 10 volts. The type of energy distribution curve 
obtained in this voltage range was shown in Fig. 5. Rudberg*® investi¬ 
gated the fine structure for energies approaching the primary energy, for 
targets of copper, gold, and silver and for composite targets of calcium 
on silver, calcium oxide on silver, and barium oxide on silver. He found 
several discrete peaks differing from Fp by a few volts. Although their 
magnitude varied with their position relative to Fp did not, indicating 
that they represent discrete energy losses due to inelastic collisions of 
the primary electrons. These peaks were found to be characteristic of 
the target material and, indeed, by evaporating barium or calcium on the 
target, he found that the resulting changes in the loss peak structure were 
sufficient to identify surface layers of only a few atom diameters in thick¬ 
ness. Rudberg and Slater®^ developed a quantum mechanical theory 
dealing with this phenomenon which will be discussed later. 
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Farnsworth®has made extensive investigations of the scattering 
of the elastically reflected primaries using polycrystalline or single crystal 
targets along the lines of the classic experiments of Davisson and Germer.^o 
He has shown that for Vp = 200 volts, at least 90% of the elastically 
reflected primaries arise from the first two atomic layers. Such electrons 
do not obey the cosine law discussed in §1.12 but are emitted preferen¬ 
tially in accordance with the Bragg law. However, such studies form a 
rather specialized field. Although they enable us to obtain considerable 
information about some aspects of the interaction of electrons with 
matter, they are not of general interest in secondary emission since for all 
but very small values of Vp, these electrons usually form an extremely 
small fraction of the total emission. There are some special cases in 
which the elastically reflected primaries cannot be ignored. Davisson 
and Germer^s^® experiments on electron reflection showed that when a 
single crystal is bombarded by primaries of the right velocity and angle 
of incidence to satisfy the conditions for Bragg reflection, as many as 40% 
or more of the incident primaries may be elastically reflected. Since 
these primaries are reflected in beams whose directions are determined 
by the crystal structure, they may produce appreciable deviations from 
the cosine law of angular distribution of secondaries. 

Although usually the elastically reflected primaries form a negligible 
part of the total emission, the sum of these and the inelastically scattered 
primaries certainly may not. Unfortunately there is very little informa¬ 
tion available on this phase. Although it is impossible to separate slow 
inelastically reflected primaries from the mass of true secondaries, it is 
perhaps useful to pick an arbitrary value of energy and, merely for the 
sake of classification, define as scattered primaries, those electrons which 
are emitted with energies greater than this value. From Rudberg^s 
curves it is reasonable to pick 50 ev as the arbitrary distinguishing energy. 
Such a classification could only apply for values of Vp considerably larger 
than this limit. Let us assume that it holds for all Vp greater than 100 
volts. Although this definition is without physical basis, nevertheless 
it is a very useful concept practically. For example, early work by 
Farnsworth® showed that for copper with Vp = 102 volts, 25% of the 
emitted electrons had energies greater than 50 ev. A crude integration 
of Rudberg^s published curves shows that with Up == 155 volts, the 
corresponding percentage of scattered primaries of over 50 volts energy 
is: gold 21%, silver 31%, copper 35%. Although these figures are not 
very exact, they are such as to indicate that the high speed scattered 
primaries are by no means negligible. Most SE yields are obtained with 
an electron gun bombarding a target which is more or less surrounded 
by a collector. The primary current is often measured by putting the 
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collector at a negative potential of about 50 volts with respect to the 
target and measuring the target current. Obviously, this may give an 
erroneous value for the primary current. If these high speed electrons 
strike the collector, they may in turn produce secondaries which will be 
collected on the target thus possibly reducing the actual error but not the 
uncertainty. It is true that the beam current can be determined by 
measuring the total current leaving the cathode if it can be guaranteed 



Vp IN KILOVOLTS 

Fig, 6.—Variation of yield for high V,.**® 

that practically none of the electrons leaving the cathode strike anything 
other than the target. However, this is frequently not the case. Thus 
it must be emphasized that a detailed knowledge of the behavior of high 
velocity scattered primaries must be obtained before very accurate SE 
measurements can be assured. 

For higher values of Vr, the proportion of high velocity electrons 
increases. Stehberger^^ gives the following values for a gold target: 


Vp 

Electrons Emitted with Energies Greater 

Volts 

Than 60 Ev (in %) 

1000 

20 

2000 

28 

7600 

42 

11000 

48 
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Recent work by Trump and Van de Graff*®' is shown in Fig. 6. As 
they observed practically no electrons with energies between 20 ev and 
800 ev, the dotted curves represent essentially what we have defined as 
hi gh speed scattered primaries. In this work Vp is very large compared 
with 800 volts so the relative lack of electrons in this range is to be 
expected if the high speed electrons have a more or less equal probability 
of being obtained at any voltage between 50 volts and Vp. In Fig. 7 is 



Fig. 7.—Replot of Fig. 6 showing percentage of reflected primaries as a function of Vp. 

shown a replot of Fig. 6 giving the percentage of scattered primaries as a 
function of Vp. 

1.18 Range of Primary and Secondary Electrons 

From the discussion in §1.2 on the shape of the yield curve, it is evi¬ 
dent that two extremely important factors are: (1) the rate of loss of 
energy of the primary electrons and (2) the rate of absorption of the 
secondary electrons. The entire problem of the rate of energy loss of 
electrons in passing through matter is too extensive and complex to be 
dealt with adequately here. Rather, we shall discuss only those aspects 
which are pertinent to secondary emission. Bethe^® has given an excel¬ 
lent wave mechanical treatment of the rate of energy loss of electrons 
with energies greater than several thousand electron volts, and this theory 
is in good agreement with experimental results. However, Bethels 
equations are not valid for lower electron energies and thus cannot be 
integrated to give the total range, i.e., the total distance that is traversed 
before the electron becomes indistinguishable from an electron with 
thermal velocity. Moreover, the most direct experimental approach, 
which consists of measuring the electron transmission of thin foils, 
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becomes very difficult for low velocity electrons. The foils must be 
extremely thin and there is considerable danger that most of the trans¬ 
mission is due to thin spots or actual holes through the foil. Another 
potential source of error has been pointed out by Katz^® and Was and 
Tol,®® who have shown that changes in the crystal structure of such thin 
films can be brought about by electron bombardment which alters the 
transmission. Thus it cannot always be assumed that the behavior of 
electrons in a thin foil is the same as in the bulk material. 

It is generally assumed that the electron density I decreases exponen¬ 
tially with distance x, i.e., I = where a is the absorption coefficient. 
Becker^’^ has investigated the transmission of nickel foils in the low 
velocity region giving a value of a = 1.5 X 10® cm.“^ which is nearly 
independent of primary velocity up to 1000 volts. 

From classical theory, Whiddington^ has shown that the rate of 
energy loss is given by 

[eV{x)Y = {eV^Y - ax (4) 

where eV{x) is the electron energy at distance x from the surface 
eVp is the electron energy at the surface 
a is a constant. 

TerrilP has shown that for many metals a/p = 0.40 X 10^^ volt^ 
cm.~^ within an accuracy of about ±10% where p is the density. As 
will be shown later, Bruining^^® and others have constructed classical 
theories of secondary emission using these two formulas. Bruining has 
shown that 

eVp ma* = 0.92 VoT^ (5) 

If known values of Vp max and TerrilFs values of a are used, values for a 
can be calculated. By this means, Bruining obtained values for a rang¬ 
ing from 4 X 10® cm.“^ for cesium to 2 X 10^ cm."*^ for molybdenum. 
The value for nickel was 1.2 X 10^ cm.“^ which is considerably in excess 
of Becker^s experimentally determined value. This probably reflects 
mainly the extent of the error involved in assuming eq. (4) for the rate of 
energy loss of the primary electrons. 

With a value for a and also data on the variation of yield with incident 
angle, it is possible to arrive at a figure for the mean depth of origin of 
the secondary electrons. As shown in §1.7 Bruining^^ obtained a value 
for aXm by this method. Using Becker's value for a for nickel, he 
obtained for the mean depth of origin in nickel, Xm = 30 A. or 14 atomic 
layers, for Vp = 600 volts. 

Another method of determining Xm is to cover the target with suc¬ 
cessively thicker layers of another metal with a considerably different 
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value of 5. For very thin films S will be characteristic of the target 
metal; for thick films it will be characteristic of the layer material. The 
intermediate region is of such a layer thickness as would correspond to 
Xm- Kadyschevitsch^^^ pointed out that when the SE is also a func¬ 
tion of the work function, such a procedure may yield misleading results. 
Essentially the argument is that the work function of a thin layer is 
characteristic of neither the target material nor of the layer material in 
bulk. This argument would appear to be valid mainly for low velocity 



Vp IN KILOVOLTS 

Fig. 8.—Maximum depth of origin of secondaries in platinum.^®* 

primaries where Xm is only a few atomic layers. Using the layer tech¬ 
nique Copeland^^® obtained the maximum depth of origin of secondary 
electrons from platinum on aluminum, as shown in Fig. 8. It will be 
seen that the maximum depth of origin increases linearly with Vp for 
small Vp, 

Hastings,studying silver on platinum, concluded that secondaries 
with less than 20 ev energy originate within 15 atomic layers of the sur¬ 
face while those of less than 50 ev energy originate within the first 30 
atomic layers. He also concluded that most of the high velocity scattered 
primaries arise within the first atomic layer. This last conclusion is in 
agreement with work by Farnsworth^® and Rudberg.®® 
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TruelP^* studied layers of magnesium on carbon with primary 
energies from 2000 to 8000 volts. He concluded that the depth of origin 
of secondary electrons in the energy range from 10 volts to 200 volts 
varies from 2 X 10”^ cm. to 4 X 10~® cm. 


L19 Theory of Secondary Electron Emission from Metals 

A number of attempts have been made to construct a purely classical 
empirical theory of secondary emission.®®*^^^ Here we shall follow 
Bruining^s exposition.Let us assume that the primaries lose energy 
according to the Whiddington law (see §1.18), i.e., [eF(x)]2 = [eVp]^ — ax. 
We assume that the rate of energy loss of primaries is proportional to the 
number of secondaries produced per unit path length and also that the 
secondaries are absorbed exponentially with an absorption coefficient a. 
Then the number of secondaries available in vacuum which arise from a 


layer of thickness dx at a distance x from the surface is: 

di. = -Kipe-o^ (6) 

where K is the constant of proportionality. Using the Whiddington law 
dit = lKaipe'~^^{eW — ax)^\dx (7) 

The maximum penetration of the primaries is given by putting eV{x) = 0 

eW 2 

in eq. 4. Hence = - - Thus 

a 

1 r Xmax 

it =* 2 Eaip I — ax]~ie~^^dx ( 8 ) 

= Kip fj e^^dy (9) 


where r = eVp ^1^. The substitution here is x = . To 

\a a 

obtain Fp^ax we differentiate cq. 9 with respect to eVp and equate to zero. 

.0 ( 10 ) 

which is solved for r = eVp y/aja = 0.92 or 

cFp max ** 0.92 y/aja (6) 

Using known values of a and a for nickel, Bruining obtained Fp = 1420 
volts as against the experimental value of 550 volts. 

For Fp» Vpjn,x the integral in eq. 9 can be expanded by partial 
integration and all terms but the firsji neglected yielding an error of only 
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2% for r = 5. This gives 

u 


Kip 


a 

2a • eVp 


( 11 ) 


For Vp Fpm«, eq. 9 reduces to 

i. = KipeVp (12) 


which is independent of a and a, i.e., there is negligible penetration of the 
target. It must be emphasized that these expressions do not include 
reflected primaries, which for the two limiting cases, become quite 
important. 

Such a theory as this demonstrates the three main processes involved 
in secondary emission: loss of energy by the primaries, transfer of energy 
to secondary electrons, and absorption of secondaries before emission. 
However, nothing is said about the detailed mechanism involved in any 
of these processes. Inasmuch as this involves the interaction of electrons 
with densely packed matter, little progress was made theoretically until 
the advent of quantum mechanics. Since then several theories have 
been developed. However, a detailed exposition of these would be far 
too lengthy to be warranted in this review; only the principal features of 
each can be mentioned. 


LUO Rydberg and Slater^s Theory 

Rudberg and Slater*^ developed a quantum mechanical theory to 
account for the reflected primaries which have suffered discrete energy 
losses as discussed in §1.17. Using the wave functions for an infinite 
crystal, they considered the probability of excitation of a bound electron 
to a higher energy level. The inelastically reflected primary electron 
would demonstrate this energy loss. Detailed calculations for copper 
showed good agreement with experiment for small energy losses. The 
departures from experiment for higher losses were attributed to the fact 
that the free-electronlike wave functions used were not a proper approxi¬ 
mation to the actual functions in the region of the surface. 

1.21 Wooldridge^ s Theory 

Following the work of Born, Bethe, and others, Frohlich^^ developed 
a theory of secondary emission based on wave mechanics. The theory 
predicts about the right order o^ magnitude for the secondary emission 
and also the approximate course of the d vs. Vp curve. Later Woold- 
ridge^®^*^®^ pointed out some errors in Frohlich^s treatment and formu¬ 
lated a more complete and quantitative theory. 

Wooldridge uses Bloch eigenfunctions for the simple crystal lattice 
and then treats the effect of the primary electron as a perturbation prob- 
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lem. He shows that the principal source of energy loss by primary 
electrons with energy not very much greater than Vp ma* is caused by the 
production of secondary electrons which arise from loosely bound valence 
electrons. He shows that the contribution by inner shell electrons is 
very small. This differs from Bethe’s theory of rate of energy loss by 
electrons in which he considers primaries of much higher velocity. The 
boundary between the two theories lies in the region of 1000 ev primary 
energy. Wooldridge shows that the primaries lose energy in discrete 
units which, in the case of silver, amount to about 25 ev. Thus primary 
electrons of energy lower than this value (inside the metal) should not 
produce appreciable SE. 

Having developed an expression for the rate of loss of energy of the 
primaries and for the production of secondaries, he considers how many 
of these secondaries can escape assuming exponential absorption. Due 
to uncertainty concerning the lattice fields and the absorption coefficient, 
the final expression for the yield involves an undetermined parameter in 
addition to the energy constants of the metal. This parameter is deter¬ 
mined by matching the value of Sauix to that determined experimentally. 
By this procedure he obtains good agreement with experimentally deter¬ 
mined yield curves for high density metals. However, the agreement is 
not nearly as good for low density materials. He suggests that this 
may be due to neglect of energy loss by the primaries due to free electron 
or Rutherford scattering which becomes increasingly important as the 
atomic volume increases. Wooldridge also estimates that the change in 
yield with work function should agree with experimental results by 
Treloar and others. (See §1.4.) 

KadyschevitscKs Theory 

Kadyschevitsch^®®’^‘-^®’ 2 ^ 2 developed a theory of secondary emission 
on somewhat different lines from Wooldridge. It is essentially based on 
classical dynamics and quantum mechanics is used to determine the 
limits of validity of such approximations and to set up the electron band 
picture. He justifies the use of classical mechanics by postulating a 
sufficiently high relative velocity between the primary and the incipient 
secondary electrons. This restricts the theory to the range of Vp ^ 200 
volts. He considers only the reaction between a primary electron and a 
perfectly free electron in the Fermi gas. He concludes that the number 
of bound electrons which can be emitted as secondaries is negligibly 
small. This is in disagreement with Wooldridge^s conclusions. Since 
lattice interaction in the collision process is neglected, a normally directed 
primary cannot produce any secondaries in the metal with velocity 
components pointed toward the surface. Therefore he then considers 
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the dispersion and absorption of secondaries in detail and develops 
expressions for the dispersion following multiple elastic collisions. His 
final expression for the yield contains the electrical constants of the 
metal (work function, etc.) and also the mean free paths for elastic and 
inelastic collisions of primary and secondary electrons. Since the mean 
free paths were not subject to direct measurement, these quantities were 
estimated indirectly. He concludes that when the ratio of the effective 
mean free paths of the primary to the secondary electrons is equal to 
0.56, the yield is a maximum for normal primary incidence. For silver 
and nickel he obtains good agreement with experimental data for 5/Fp 
restricting Vp to the range 200-1400 volts, although the details of calcula¬ 
tion are not given. 

The theory is also applied to compute the variation of d with incident 
angle of the primaries, the distribution of the secondary electrons in 
energy and direction, and the forward yield of secondaries from a thin 
target, all of which are in reasonable agreement with experiment. 

Unfortunately, this theory contains a number of parameters which 
can be determined only by indirect methods. It is most difficult to 
estimate the extent of the possible errors involved. Consequently, data 
are lacking to enable one to predict the yield curve for other metals. 

1.^3 Conclusions about Existing Theories 

At the present time, the available theories of secondary electron 
emission can explain the process in general terms but lack the detailed 
data necessary to give a complete quantitative description. As yet, 
little attention has been given to the effect of the surface except to 
postulate a surface barrier. Yet experimentally it has been demonstrated 
that the condition of the surface plays a considerable role in determining 
the yield and thus it would appear that any complete theory must con¬ 
sider the surface of the metal in detail. 

1.34 Methods of Measurement of SE for Metallic Targets 

Apart from the original discovery of secondary emission, probably 
the most important development has been the realization of the extensive 
degassing treatment and careful high vacuum techniques which are 
essential to give reproducible and reliable results. The importance of 
this was emphasized by Warnecke and by many subsequent experi¬ 
menters. The subject of high vacuum technique is too extensive to be 
treated here and reference should be made to some of the recent papers 
where careful descriptions of the experimental techniques have been 
made. 
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Nearly all yield measurements on metals have been made by one of 
two methods, the triode method or the electron gun method, which are 
as follows: 

In its simplest form, the triode method involves an ordinary triode 
tube in which the grid is positive in potential with' respect to the plate, 
which is in turn positive with respect to the cathode. The plate forms 
the secondary emitter, the secondary electrons being collected by the 
grid. Let the current leaving the cathode be 4 of which the grid inter¬ 
cepts a fraction s. Then the primary current striking the plate is 
4(1 — s) and the secondary current leaving the plate which is collected 
by the grid is 64(1 — s) where 6 is the secondary yield of the plate at 
Vp == plate to cathode potential. Thus the current in the plate circuit is 

4 = -(5 - 1)(1 -s)4 (13) 

and the current in the grid circuit is 

4 *= iik(l — s) + sik 

Solving for 6 we get 

s ^ 1_ 4_ 

(l-s)(4 + ^p) 

together with the obvious relation 

ik = 4 + 4 ( 16 ) 

Examination of eq. 15 shows that the fraction s intercepted by the 
grid must be determined independently and all the variations of the 
triode method hinge on this determination. These will be mentioned 
briefly; they are discussed in much greater detail by Treloar.^o® Several 
depend on the fact that for a given geometry, s is a function only of the 
ratio Vp/Vg where space charge is neglected. 

The most direct approach is to calculate s from the geometry.® This 
requires a specially designed tube and even then is none too satisfactory. 
Hyatt“ measured s by using positive ions instead of electrons with \ Vp\ 
less than 100 volts where the number of secondaries produced is very 
small. However, he found s essentially independent of Vp/Vg which is 
not normally true. Lange® used low velocity electrons (Fp < 10 volts) 
and assumed that the secondary emission was negligible. Since we 
expect 6 ~ 0.2 due to reflected primaries, this is of doubtful validity. 
Moreover, when using very low voltages, the problem is further com¬ 
plicated by the potential drop across the filament, the initial velocity 
distribution of the primaries, and the effect of contact potentials and 
space charge. Lange also used another method consisting of a magnetic 
field parallel to the tube axis to suppress the relatively slow moving 


( 14 ) 

( 15 ) 
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secondary electrons. It was shown that this is valid only for ~ 1 

and thus is of limited application. Myers^® made use of the difference 
in energy of the primary and secondary electrons and measured the 
temperature rise of the anode. Correlating this with the secondary 
electron velocity distribution, he obtained a measure of s which was 
independent of space charge. However, the experimental techniques 
required are very difficult and the method is valid only for Fp > 200 
volts. De Lussanet de la Sablonidre'^® developed a graphical analysis of 
the tube characteristics which by successive approximations gives the 
desired result. However, severe restrictions are placed on the voltage 
range which can thus be used. Treloar^®® constructed a second tube, 
identical with the triode on which measurements were to be made, except 
for a suppressor grid between the grid and plate. He obtained s from 
the second tube in which the secondary electrons were suppressed. 

A variation of the triode method was developed by Treloar®^ in which 
the yield from a target in filament form can be measured. The filament 
was mounted near the cathode inside the grid of a cylindrical triode. 
By a graphical analysis of the tube characteristics, he obtained values of 
the yield from the filament target which checked quite well with yields 
obtained by other methods on flat targets. For large Fp, 8 so determined 
will be too large since not all the primaries strike normal to the 
surface. 

The majority of the yield measurements are now done by the electron 
gun method. Here a well defined narrow electron beam is formed and 
passes through a hole in the collector so as to strike the target. The 
secondaries so produced are taken up by the collector which surrounds 
the target. By careful collimation it can be arranged that practically no 
primaries strike the collector. As discussed in §1.17, some difficulty 
may be experienced due to primaries reflected with or without energy 
loss from the target. This method allows a nonuniform target to be 
explored by deflecting the primary beam. In general, the results are 
more easily interpreted than in the triode method. It requires a more 
complicated tube, and in particular, careful electron gun design, to give 
a well collimated, monochromatic primary beam with a constant focus 
spot over a wide range of primary voltage. 

For measurements of the effect on the yield of various parameters 
other than Fp, an especially accurate technique is available. In an 
electron gun tube the target current is measured and Fp adjusted until 
the target current is zero; i.e., 5 = 1. The parameter, such as tempera¬ 
ture, is then changed and Fp adjusted to give zero target current again. 
The actual change in 5 must be obtained from an independent determina¬ 
tion of the slope of the yield curve around 5=1. This has the advantage 
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common to all null methods that very high amplification can be used in 

the measurement circuit itself. 

Three methods have been used for measurements of the energy dis¬ 
tribution of the secondaries; retarding electric field, transverse magnetic 
field, or longitudinal magnetic field which are abbreviated respectively 
to RE, TM, LM. In the RE method, the collector in an electron gun 
tube is run negative with respect to the target and the secondary current 
is plotted as a function of the collector to target potential. The first 
differential of this curve is the desired energy distribution. It should be 
emphasized that the collector should be spherical in shape, with the 
target of relatively small size, at the center. Otherwise a true energy 
distribution will not be obtained; e.g., if target and collector are parallel 
planes, only the normal component of velocity is measured. 



Fig. 9.—Measurement of secondary electron velocity distribution with a longitudinal 

magnetic field. 

In the TM method, electrons coming off the target in some given 
direction are fed into a magnetic analyzer consisting of a semicircular 
apertured tube in a uniform transverse magnetic field. The current to a 
Faraday Cage collector at the output end of the analyzer is obtained as a 
function of the magnetic field and this determines the energy distribution 
directly. In general this is more accurate than the RE method as it does 
not depend on a differentiation of the results. However, the TM method 
measures only those electrons which are emitted in one specified direction 
while the RE method includes all the emitted secondaries. For a com¬ 
plete description of the TM method, refer to Rudberg.®® 

Recently Kollath^®^ employed another method originally used by 
Klemperer for jS-rays. Termed the LM method, a magnetic field is 
parallel to the primary beam. Apertures are set up so that all second¬ 
aries emitted within a certain cone enter the linear analyzer. The axial 
focusing properties of the magnetic field are used to select secondaries of 
a given velocity which are measured in a Faraday Cage. As in the TM 
method, the relation of the Faraday Cage current to the magnetic field 
gives the energy distribution directly. The LM method allows many 
more secondaries to be used in the measurement than in the TM method. 
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Hence a smaller primary current may be used giving a greater protection 
against space charge effects. However, it does assume that the energy 
distribution is the same in all directions making a given angle with the 
normal to the target surface. As far as is known this assumption is 
correct for polycrystalline targets although it might not be valid for some 
coarsely crystalline targets. 

All energy distribution measurements require the elimination of stray 
fields and of space charge effects and corrections for contact potential. 
Thus the experimental techniques are much more difiScult than those 
involved in simple yield measurements. 

II. Insulators 

2.1 Secondary Emission from Insulators 

Insulators are normally defined as those substances which have 
resistivities in excess of about 10® ohms-cm. at room temperature. Any 
insulator, which can be raised to a sufiSciently high temperature without 
changing form, can be classed as a semiconductor. If the yield depends 
markedly on the conductivity, this presents a certain ambiguity which is, 
however, no worse than some others which occur in this phase of SE. 
The number of variables involved in the SE from insulators is much 
greater than for metals and so are the experimental difficulties. Conse¬ 
quently, apparent contradictions in results and their interpretations by 
various authors are not uncommon. Since much of the available infor¬ 
mation cannot be simply classified, this section cannot contain descrip¬ 
tions of all recent work but rather presents those results which, it is 
hoped, will be of most general interest. 

2.2 Sticking Potentials and Yield 

Most insulators have a 5/Fp curve similar in shape, although not 
necessarily in magnitude, to that for metals in which, for a certain range 
of Vp, the yield is greater than unity. There will thus be two bombarding 
voltages for which the yield is unity. These will be designated at Vp 
and Vp corresponding to positive and negative slopes respectively of 
the 6/7p curve. These points assume greater importance with insula¬ 
tors than they do with metals because if an insulator is bombarded by a 
continuous flow of electrons, these points serve to separate three different 
types of operation. If Vp is less than Vp^ the surface charges negatively 
until it approaches the cathode potential when no more primary electrons 
can strike it. If Vp is greater than Vp but less than Vp^^ the surface 
will charge positively up to a potential nearly equal to that of the collec¬ 
tor such that the space charge reduces the effective yield to unity. If 
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Table III. SE yield of various insulators. 


. Insulators 

6max 

Ppmax 

volts 

volts 

k volts 

Refer¬ 

ences 

Glasses 






Pyrex. 

2.3 

400 

.... 

2.4 

244 

Pyrex. 

2.3 

340 

< 40 

2.3 

170 

Nonex. 

.... 

.... 

.... 

3-6 

136, 103 

Soda. 

2.1 

300 

. 

0.90 

159 

Cover. 

1.9 

330 

< 60 

1.7 

170 

Ground. 

3.1 

420 


3.8 

170 

Quartz. 

2.1 

400 

30 

2.3 

170 

Quartz. 

2.9 

440 

< 50 

2.3 

170 

Phosphors 






Willemite. 




3-7 

80 

WiQemite. 




6-10 

136 

Willemite. 




20 

103 

Zinc sulfides... 




6-9 

136 

Calcium tungstate. 




3-5 

136 

Alkali Halides 






LiF. 

6.6 

.... 



120 

NaF. 

6.7 




120 

NaCl. 

6.8 




120 

NaCl. 

.... 


20 

1.4 

125 

NaCl. 

6 

600 



147 

KCl. 

7.6 




120 

RbCl. 

6.8 




120 

CsCl. 

6.6 




120 

NaBr. 

6.2 




120 

Nal. 

6.6 




120 

KI. 

6.6 




120 

Alkaline Earth Compounds 






CaF,. 

3.2 




120 

BaFj. 

4.6 




120 

BeO... . 

3.4 

2000 



1 218 

MgO.. . . 

2.4 

1500 



218 

MgO.. 

4.0 

400 



87 

CaO. 

2.2 

600 



218 

SrO.. . 

2.6 

500 



218 

BaO . 

2.3 

1600 



218 

BaO. 

4.8 

400 



87 

Oxide cathode (BaO, SrO).. 

8 

1500 

60 

3.5 

252 

Oxide cathode (BaO, SrO).. 

5-12 

1400 

40 


257 

Miscellaneous 






AlaOa. 

1.5 

400 


1.7 

159 

AltOz . 

4 8 

1300 


.... 

218 

AljOs. 

2 5 

350 



87 

A1^3. 



20 

1.2 

125 

Mica. 

2.4 

300 


1.7 

159 

Mica. 

2.4 

380 

30 

3.3 

170 

Mica. 



.... 

3.6 

172 

Mica. 



20 

1.0 

126 
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Vp is greater than Fp”, the surface will charge negatively until the yield 
is unity; i.e., the surface potential becomes equal to Fp”. In many 
actual insulators, Fp is to some extent a function of the collector voltage; 
i.e., as the collector voltage is increased in excess of Fp^\ the latter also 
increases slowly. Nelson^®^ concluded that in the absence of a strong 
field at the surface, negative charges on various parts of the surface 
exert a “grid'^ effect which prevents other secondaries from escaping. 
This will be discussed more fully in §2.3. 

Since the unity yield voltages or sticking potentials form the limits 
for different types of behavior which are important in practice, it is 
desirable when specifying the yield of insulators to include values for 
Fp^ and Fp . Table III gives a summary of most of the available 
information on the maximum yield and the sticking potentials of insula¬ 
tors. These are all supposedly thick targets and as such the results 
should not include any thin film phenomena, although it is not always 
easy to ensure this latter condition. These results are also for room 
temperature or, at least, a temperature such that the yield is not expected 
to be appreciably different from that at room temperature. Where the 
*^heat conductions^ method is used (see §2.9 on measurement methods) 
this may not be a valid conclusion. 

^.S Saturation of SE Yield 

In metals, it is only necessary to apply a collecting field at the surface 
of the target sufficient to overcome space charge effects in order to collect 
all the emitted secondaries. A possible exception to this is the case of a 
very rough target surface. In some insulators, however, it is frequently 
found^03-244.ii9 that a considerable field strength is required to obtain 
saturation of the secondary electron current. Nelson^®^ suggested that 
owing to inhomogeneities in the distribution of potential on the surface, 
some areas are effectively shielded by others which thus produce a 
*^grid^’ effect, and that to penetrate to these shielded regions a higher 
field is required. Such an effect is also created by the finite conductivity 
of the target if this has not been taken into account by the method of 
measurement, as discussed in §2.4. Bruining^^® has suggested an alter¬ 
native mechanism for certain cases based on his observations that a cer¬ 
tain time is required for the secondary current to build up to its full value. 
He proposed that small surface particles become highly charged under 
the influence of the field and thus secondaries are drawn through the 
particles with sufficient velocity to create tertiary electrons'. This is 
essentially one hypothesis of field enhanced emission which will be 
discussed more fully in §2.7. Where a definite saturation is finally 
obtained, it appears probable that the former explanation holds although 
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it is conceivable that both effects could take place simultaneously. If 
field enhanced emission is involved it is possible that at very high field 
strengths it would change to thin film field emission (Malter effect). 

Effect of Temperature and Conductivity on SE Yield 

Unlike the situation with metals, the yield from insulators may change 
considerably with temperature if processes are involved which depend on 
the conductivity. However, if these are not present, if chemical changes 
are not involved, and if the methods of measurement are not sensitive to 
changes in conductivity, there is evidence that the yield from at least 
some insulators is temperature independent. Mueller^^^ found that the 
unsaturated or ‘'apparent” yield from pyrex glass was temperature 
dependent but that the true yield was independent of temperature over 



Fig. 10,—Effect of target conductivity on surface potential. 


the range studied of 100 to 385°C. Vudynski^s^^^ work on NaCl and 
KCl although rather indefinite, indicates no appreciable change in yield 
on heating to 250°C. 

It is evident that both the “grid” effect and field enhanced emission 
discussed in §2.3 should disappear as the temperature, and with it the 
conductivity, is increased. However, in the former case the yield should 
increase with temperature and in the latter case it should decrease. If 
these were the only temperature dependent processes involved, they 
could thus be distinguished. Another important effect of the conduc¬ 
tivity variation occurs if conventional methods of yield measurement are 
employed which neglect the effect of the finite conductivity of the target. 
This is illustrated in Fig. 10 where, following Bruining, we have drawn 
the dynatron characteristic of the target surface; i.e., the current through 
the target which equals the difference between the primary and secondary 
currents, plotted against the energy of the primary electrons Vp as they 
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strike the target. The exact shape of the dynatron characteristic as 
Vp-^0 will be determined by the reflection coefficient and by space 
charge ^ects in the primary beam. In any case ia = 0 for Fp < 0 so 
that the exact shape at the origin will not affect the following argument. 
If the target has a finite resistance R, we can also represent the current 

Va — V 

through it by Ohm^s law; i.e., ia = ■ —- where 7® is the potential 

between the cathode and the electrode on the target. Such a line may 
cut the dynatron characteristic at three points represented hy A, Bj and C 
of which B is unstable. If the collector voltage is sufficiently high, there 
are then two points of stable equilibrium; one for which 5/^1 and the 
other where 5 ~ 0. The initial potential of the surface determines at 
which point the surface will remain. Of course, the target surface cannot 
exceed the potential of the collector. If the collector potential is less 
than Vn and ia is negative, u/ip will be greatly dependent on the collector 
potential since the target surface potential will tend to follow the collec¬ 
tor. In a true insulator where 22 = oo it is obvious that special methods 
of measurement such as discussed in §2.9 must be used. However, this 
is not always obvious with targets of finite resistivity where standard 
methods are frequently used. In these cases the effects of target resis¬ 
tivity should be carefully analyzed. 

The oxide coated cathode. Owing to its importance technically, the 
variation of yield with temperature of the oxide coated cathode has been 
studied in considerable detail. Such a target consists of a thin layer 
(about .001-inch thick) of a mixture of barium oxide and strontium 
oxide. At room temperature it is a fair insulator with a resistivity of 
about 10® ohm-cm. This decreases to about 10® ohm-cm. at 800°C., the 
normal operating point as a thermionic emitter. However, the resis¬ 
tivity is a function of the degree of activation and this may introduce 
some degree of uncertainty as to the validity of close comparison between 
the results of different workers. 

Morgulis and Nagorsky^o^ used a standard electron gun measuring 
technique and relied on the use of small currents to eliminate effects due 
to the layer resistance. Their highest value of Vp was 1200 volts which 
was insufficient to reach 5ni»x. At Vp = 1000 volts they obtained 5 = 3 
which is much lower than that obtained by Pomerantz or Johnson at that 
voltage for a well activated target. As the temperature of the target 
was increased they found that the yield increased exponentially, attaining 
a value of 6 = 12 for Vp = 1000 volts at 850°K. where the thermionic 
emission was considerably larger than the secondary emission. They 
fitted their curves to the expression 




( 17 ) 



102 


KENNETH G. McKAY 


where A5 = increase in yield over that at room temperature 
Q = 0.70 electron volts and is independent of Vp. 

They also measured the energy distribution of the normal coftiponent 
of velocity of the secondaries and concluded that the most probable 
energy, which equalled 4 volts at room temperature, decreased to 2.3 
volts at 600°K. Finally, they concluded that further work must be done 
to ensure that the results had not been affected by the target resistance. 

Pomerantz,25'^*263 using a DC triode method, obtained values for 
ranging from 3.2 to 6.8 at room temperature for Vp 4= 1500 volts and 
indicated that targets of low activation have substantially lower yields 
than those with normal activation. He observed an exponential increase 
in the yield as the target temperature was increased and fitted the results 
to the same expression as that used by Morgulis and Nagorsky. His 
values for Q ranged from 0.8 to 1.5 ev. Although thermionic emission 
was too copious at 850°C. to enable SE measurements to be made, he 
assumed that the exponential increase in b observed at lower tempera¬ 
tures would be valid at 850°C. and thus obtained extrapolated values of 
h at that temperature ranging from 84 to 136. Such DC measurements 
do not permit the determination of short time yield variations. To 
overcome this objection, Pomerantz conducted some pulsed measure¬ 
ments as described in §2.9. Operating in the millisecond range, he could 
not observe any variations in yield with time which might indicate 
Malter effect. Using microsecond pulses, he observed nothing abnormal 
until the target reached such a temperature that it was emitting an 
appreciable thermionic current. Then he observed the same behavior 
as that ascribed by Johnson to ‘‘Bombardment Enhanced Thermionic 
Emission” which is described later. Pomerantz obtained similar 
behavior on bombarding a tantalum target that had been heated by a 
separate filament so as to emit thermionically. From this he concluded 
that the effect observed by Johnson “depends critically upon certain 
experimental factors including the geometrical disposition of components 
of the experimental tube and is a property to be associated with space 
charge rather than with the target itself.” Pomerantz obtained good 
agreement of yields measured by the DC method with those observed 
with the pulsed method and stated that significant increases in 6 occurred 
before the onset of detectable thermionic emission from the target. 

Pomerantz also made some retarding potential measurements which, 
from his tube geometry, must be interpreted not as true energy distribu¬ 
tions of the secondaries but rather as some function thereof. He observed 
a decrease in the peak value of this function as the temperature increased, 
which he interpreted as being in agreement qualitatively with the results 
reported by Morgulis and Nagorsky. 
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We have considered Pomerantz’s results in some detail because they 
contain some substantial points of disagreement with those of Johnson, 
supposedly on the same type of target. All of Johnson’s reported 
work*“>***'*^*'®‘^ has been done with a pulsed technique using pulses of a 
few microseconds duration. At room temperature, he obtains values 
of Samx for Vp =5= 1400 volts ranging from 5 to 12, depending on the condi¬ 
tion of the target. Defining the yield as that obtained from the peak 



Fig. 11.—Variatioa of yield of oxide coated cathode with temperature.*” 

value of SE current during the pulse, he obtains a variation in yield 
with temperature as shown in Fig. 11. The waveforms shown are those 
of the current through the target corresponding to the different tempera¬ 
ture ranges. At low temperatures, the current charges up the target 
surface, causing it to approach the collector potential and thus reducing 
the effective yield, near the end of the pulse. This effect was not observed 
by Pomerantz [which suggests that his targets had considerably higher 
conductivity. As the temperature increases, the yield decreases, 
levelling off around SOC’C. In this temperature region, the conductivity 
has increased sufficiently to eliminate charging up of the surface. When 
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thermionic emission sets in, the yield increases sharply but the pulse 
shape shows that this increase is due to electrons which are not emitted 
simultaneously with the arrival of the primaries but increase in number 
with time more or less as 1 — and continue to be emitted after the 
primary beam is turned off, finally dying away after a few microseconds. 
If Ad is defined as the difference between the yield at high temperatures 
and that at 500°C., Johnson can fit his results to the same equation used 
by Morgulis and Nagorsky. He interprets the observed yield at high 
temperatures as being due to a true secondary yield with a 8 probably 
equal to that obtained at 500°C., and, superimposed on this, a temporary 
enhancement of the thermionic emission caused by a change in the 
thermionic emission constants as a result of the electron bombardment. 

Johnson has shown that the enhanced part of the yield appears to 
vary linearly with primary beam current (as does the true SE yield), that 
it is practically independent of bombarding voltage above Vp = 200 
volts which is radically different from the behavior of the true yield, and 
that the enhanced yield is roughly proportional to the steady thermionic 
current. He has obtained these results with a number of targets, with 
different tubes of differing construction geometrically, and over a range 
of primary currents. It is difficult to imagine any space charge mecha¬ 
nism, such as was suggested by Pomerantz, which could account for such 
behavior under these widely differing circumstances, and it appears 
probable that Johnson^s interpretation is essentially correct. If we do 
not accept it, we are faced with the formidable problem of formulating 
some other mechanism which can account for the very high yields 
observed at high temperatures. At present, there is no theoretical 
justification for such yields from a target with high conductivity. How¬ 
ever, when we accept Johnson^s interpretation, we have the difficulty 
of accounting for the increase in yield with temperature at lower tempera¬ 
tures observed by Morgulis and Nagorsky and by Pomerantz, as con¬ 
trasted with the decrease observed by Johnson. We can only surmise 
that the target materials were not the same. It is tempting to suppose 
that Johnson^s high yields at room temperature were caused by field 
enhanced emission which would decrease as the conductivity increased. 
This will be discussed further in §2.7. 

To sum up, it is evident that the effects of temperature on the yield 
of insulators may be quite complicated and it is probable that only 
through the use of pulsed techniques can the various processes involved 
be evaluated properly. 

2.5 Velocity Distribution of Secondary Electrons from Insulators 

Geyer^^^ has measured the velocity distributions of slow or “true'' 
secondaries (see §1.15) for layers of various thickness of NaCl and MgFj 
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on a base of nickel by a DC retarding field method. For films sufficiently 
thin to give adequate conduction, he found that the most probable energy 
of the secondaries F, was equal to 1 volt or less. 

Vudinsky^^® has also investigated the velocity distribution of sodium 
chloride by a similar method. He showed that the distribution is the 
same for a single crystal as for a powdered layer and that V, „„ is essen¬ 
tially independent of the bombarding voltage Vp although the average 
energy of the secondaries does increase slightly as Vp increases from 300 
to 1500 volts. He obtained values of F, n,»x which were just below 1 volt 
although no correction was made for “contact” potential. To obtain 
adequate conductivity, Vudinsky heated up his targets. However, both 
he and Geyer observed a substantial increase in the yield as the potential 
of the collecting sphere was made positive with respect to the target; 
i.e., lack of saturation. Vudinsky observed that although a change in 
primary current altered the shape of the distribution curve it did not 
affect the position of F, Thus, although it is probable that both 
experiments were affected by the lack of conductivity, yet the values of 
F, n»*x may be reasonably reliable. 

Johnson^®’ has shown that the mean velocity of emission of secondaries 
from an oxide cathode is much less than that from nickel. We may con¬ 
clude that at least for those few insulators which have been studied, the 
mean energy and the most probable energy of emission of secondaries 
from insulators are considerably less than from metals. This is in 
agreement with conclusions reached by Kadyschevitsch^^^ based on an 
extension of his theory of SE from metals and dielectrics. 

Very little is known about reflected primaries from insulators. 
Bruining®® has shown that in the range of 3 volts < Fp < 25 volts, the 
yield or reflection coefficient from barium oxide is several times that from 
barium. Krenzien^^® has obtained similar results on thin layers of alkali 
halides. He also concluded that the reflection was completely elastic 
until Vp exceeded a value which corresponded to the long wavelength 
limit of ultraviolet absorption of the crystal. Rudberg®® observed loss 
peaks of BaO and CaO which differed from those of barium and calcium 
but no data are available concerning the yield of reflected primaries, 
including all.those which have been inelastically reflected for medium or 
large values of Fp. 

^,6 Miscellaneous Properties of SE from Insulators 

Practically no information is available on the range of slow electrons 
in insulators. On indirect evidence, Geyer®^^ concluded that electrons 
with less than 1000 ev energy could travel more than 300 molecular 
diameters in NaCl. Bethe^®® and others have suggested that the mean 
free paths of secondaries in insulators should be much greater than in 
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metals since there are relatively few conduction electrons to which they 
can lose energy. Thus to be absorbed they must recombine with a 
positive hole or be trapped by an impurity or imperfection. The fact 
that the maximum yield from insulators usually occurs at a higher Vp 
than for metals suggests that this may be correct if the depth of pene¬ 
tration of the primaries is roughly the same in both cases. 

In some cases the apparent yield from insulators is not independent 
of primary current. Where surface charging effects take place, the time 
rate of change of surface potential will be a function of the primary 
current. Moreover, Bruining*® has shown that the yield from alkali 
halides, in particular sodium chloride, decays to lower values with time 
of bombardment. Presumably this is due to the creation of color 
centers by the primary bombardment. Eventually metallic agglomerates 
are formed which effectively change the target composition. The 
rate at which they are formed is again a function of primary current. 
Vudinsky^^^ has reported an increase in yield of KCl and NaCl with 
increased primary current. It is probable that this was due to the addi¬ 
tional conductivity introduced by the color centers which increased the 
apparent yield as distinguished from the true yield. He has also stabi¬ 
lizedthe yield from these insulators by exposure to vapors of alkali 
metals, thus creating more color centers. 

It was once thought that the variation of yield with angle of incidence 
for insulators was quite different from that for metals, involving certain 
critical angles where abrupt changes in yield occurred. This has since 
been attributed to surface charging phenomena. Recently Salow^^^ and 
Scherer, using quite different’methods, have shown that for mica, glass, 
and ZnS the variation of yield with angle of incidence agrees well with 
Muller^s data on metals. 

Double Layer Formation and Field Enhanced Emission 

The hypothesis of field enhanced emission has been proposed to 
explain the results obtained in a number of experiments with insulators 
and insulating films. Essentially, it is assumed that a field is created 
by positive surface charges or by other means which extends into the 
body of the insulator and thereby increases the yield either by creating 
an avalanche’^ of electrons or by lowering the surface barrier in the 
vicinity of the surface charge. The effect is likened to an inertialess 
Malter effect (see §2.4); i.e., the secondary current does not exhibit 
the time lags characteristic of Malter effect. The hypothesis of field 
enhanced emission has been used to explain the very high yields obtained 
from some insulators, lack of saturation of secondary current with 
collecting field and certain discontinuities in the yield of insulators 
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around unity yield points. Inasmuch as alternate hypotheses can be 
advanced to explain at least some of these effects, it is a somewhat con¬ 
troversial subject and all the evidence for or against it cannot be pre¬ 
sented here.» Instead, some representative experiments and arguments 
will be discussed. The experimental evidence is considered in greater 
detail in a recent article by Trey.**^ 

Hintenberger^^® bombarded targets of mica, AI2O3 and NaCl using a 
DC technique and measured the surface potential as a function of time. 
For Vp slightly greater than Fp' so that d > 1, he observed that at first 
the surface charged up close to the collector potential. It then fell off 
slightly and finally fell abruptly to the cathode potential. For higher 
values of the surface remained near the collector potential throughout. 
He proposed that while the surface charged positively since S > 1, the 
primary electrons themselves formed a negative space charge underneath 
the surface. Thus a field was formed tending to expel electrons from 
the target, thereby enhancing the yield. Continued bombardment 
resulted in a movement of the internal space charge towards the surface 
since further primaries would not penetrate as deeply due to space 
charge repulsion. Finally when the space charge reached the surface, 
it would fall to cathode potential. It should be noted that this type of 
behavior could also be explained by a “patchfield theory in which 
part of the surface initially had a 5 > 1 and part with S < 1. As the 
low potential area charged towards cathode potential it would bombard 
the high potential area with slow electrons for which 5 < 1 and even¬ 
tually the entire surface might fall to the cathode potential. This is 
probably not a very good hypothesis but at least it is a possible one which 
does not involve field enhanced emission. 

Nelson^®^'^®^ observed a sudden increase in yield with a film of MgO 
on nichrome as Vp increased through Vp where 5 = 1. He attributed 
this to field enhanced emission and showed that it coincided with an 
abrupt increase in the surface potential. YasnopoPski^®® has attributed 
this action to the layer resistance itself (see §2.4) although Nelson 
believed that the relation between the net flow of current through the 
film and the voltage across the film was nonohmic. Copeland^^^ has also 
observed a sudden break as Vp increased through Fp“ for gassy sodium 
films which he attributes to double layer formation. Unfortunately he 
did not investigate the variation of surface potential simultaneously. 

The importance of the hypothesis of field enhanced emission becomes 
evident when an explanation is sought for the high yields found in many 
insulators. Bruining and de Boer,^*® Maurer,*®* and Morgulis^®®'^®® 
believe that such high yields occur in insulators in which the first empty 
conduction band lies near or above the potential of the surface barrier 
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(see §2.8) and that there* is no special emission from so-called active 
centers, or enhancement of the yield due to fields formed in the insula¬ 
tor.* On the other hand, Timofeev, Pyatnitski,^^® Frimer,^®® and 
others believe that, in all such cases, positive ions imbedded near the 
surface help to draw the electrons out in a modified form of Malter effect. 
Even though the lifetime of such ions before recombination may be very 
short, they may still help many electrons to escape. Timofeev and his 
coworkers have carried out a long series of experiments with complex 
surfaces, the results of which they have explained by this hypothesis. 
However, they have not used pulse techniques and their results are com¬ 
plicated by the effects of target conductivity so that alternative explana¬ 
tions of their results are applicable. In any case their ideas, right or 
wrong, have enabled them to prepare high yield surfaces of considerable 
stability which will be discussed in §3.3. 

One of the main difficulties with these various hypotheses of field 
enhanced emission is that there is not enough information available to 
put them on a quantitative basis. The validity of Timofeev’s assump¬ 
tion that a positive surface charge augments the yield by lowering the 
work function, cannot be evaluated until more is known about the effect 
of work function on the yield from insulators. Although the work func¬ 
tion plays a relatively minor role in determining the yield from metals, 
this may not be the case with insulators, especially those in which the 
bottom of the conduction band lies very close to the top of the surface 
barrier. 

Another unknown factor is the magnitude of the field strength 
required across all or part of the target to produce an appreciable increase 
in yield. If this field serves merely to produce a drift velocity of second¬ 
aries toward the surface, it may not have to be very large since the 
secondaries may have a long life time in the conduction band. If, how¬ 
ever, the field strength must be sufficient to produce tertiary electrons, 
as assumed by Bruining, it must be close to that required to induce 
dielectric breakdown, namely, ^ 10® volts/cm. In any of the proposed 
mechanisms of field formation, a finite time is required to set up the 
field and this suggests a possible approach to the problem. Let us 
examine the variation with time of the field strength E set up across a 
target by the production of a net positive charge on the bombarded sur¬ 
face with 6 > 1. If the primary electron penetration is negligible com¬ 
pared with the target thickness, then the field strength at any given 

• It should be noted that Bruining does admit the possibility of the existence of 
field enhanced emission in those cases where the secondaries exhibit a pronounced lack 
of saturation with collector voltage. He suggests that the secondaries may acquire 
sufficient energy from the field inside the insulator to produce tertiary electrons. 
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instant of time seconds after primary bombardment begins, is given 

by ■ ' , 

-i.i3xio>»e 

^ * (5 - l)9jv(X -e ) volts/cm. (18) 

where p = specific resistivity in ohm-cm. 

jp = primary current density in amp./cm.^ 

K = dielectric constant. 

This field strength will continue to increase with time until the surface 
potential approaches that of the collector and space charge effects set in, 
or until the leakage current density through the target equals (5 — l)jp 
if space charge is negligible. Thus E cannot exceed either Ve/d or 
(8 — l)ipp where Vc is the potential of the collector relative to the target 
electrode and d is the target thickness. If the leakage current is neg¬ 
lected, eq. 18 reduces to 

E = ^ ■ jpt -1.13 X 10^3 volts/cm. (19) 

If, instead of assuming that the field is effective throughout the target 
thickness, we accept Hintenberger’s hypothesis that the field is formed 
between the positive surface and the trapped primary electrons, we 
would modify eq. 19 by replacing (5 — 1) by simply 5. 

The possibility was mentioned earlier that the high yields which 
Johnson observed for oxide cathodes at room temperature might be 
caused by field enhanced emission. In a typical measurement he has 
observed that the SE pulse reaches its maximum value in less than 10“^ 
seconds. The other required values are 6 = 11, jp = 1.5 X 10“^ amp./ 
cm.^ K — 3.5. Putting these in eq. 19, we find that the field strength 
across the thickness of the target at maximum yield is 480 volts/cm. 
If we assume that trapped primaries augment the field, we could increase 
this to 530 volts/cm. These would appear to be rather low field strengths 
compared to those required in photoconductivity work. It is unlikely 
that such low fields could affect the yield appreciably unless the bottom 
of the conduction band lies very close to, or above, the surface barrier 
since the secondaries will rapidly lose energy until they reach the bottom 
of the conduction band. The field will then produce merely a drift 
velocity in the direction of the surface and if the surface barrier cannot 
be traversed by electrons with thermal energies, they cannot contribute 
to the SE yield. 

2,8 Theories of Secondary Emission from Insulators 

Apart from the hypothesis of field enhanced emission which has 
already been discussed, several theories, mainly qualitative, have been 
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proposed. Braining and de Boer*^** assume that if the first conduction 
band available to the secondary electron is near or above the potential 
of the surface barrier, the secondary has an excellent chance to escape 
into vacuum, particularly since it probably has a very long mean free 
path. However, in a semiconductor possessing allowed energy levels 
which are well below the surface potential, a secondary electron may go 
to the lower level in which case it cannot escape. It may also go to a 
higher level, but then it has the possibility of dropping down to the lower 
unfilled levels thus reducing the probability of escape. They give the 
nllfflli halides as examples of the first group (5 ~ 5), and compounds such 
as CU 2 O, M 0 S 2 , (6^1) as representative of the second. The latter 
usually show light absorption at longer wavelengths than the "red” 
limit of the external photoelectric effect. Braining and de Boer also 
showed that for NaCl the actual emission was ten times the rate of forma¬ 
tion of color centers by the primary beam. From this they concluded 
that the emission does not originate from active centers but from the 
lattice electrons themselves. 

Maurer*®^ has fitted these ideas into a more quantitative form but 
since his final equation for the yield involves a number of quantities, 
such as diffusion coefficients, which are at present unknown, it is difficult 
to make use of it except qualitatively and, in that sense, he is in agree¬ 
ment with Braining and de Boer. 

Kadyschevitsch'** has extended his theory of SE from metals to 
include dielectrics and semiconductors. The treatment is extremely 
similar except for different parameters. In particular, he assumes that 
the secondaries must receive a large impulse from the primaries and hence 
the interaction can be considered as between two free electrons. The 
fingl conclusions are again essentially qualitative, since they depend on 
unknown parameters, and are in general agreement with Maurer. 

As is the case for metals, little attention has been paid to the precise 
role of the surface in any of the theories of SE from insulators. The 
possible effects of surface states** has not yet been treated. There is no 
evidence that the surface is less important in insulators than in metals and 
it is indeed possible that here the surface effects are of great importance. 

2.9 Methods of Measurement of SE for Insulating Targets 

Measurements of the yield from insulators require either that the 
potential of the bombarded surface be fixed or else that it be measured 
simultaneously with the SE measurement. The means of accom¬ 
plishing one or the other will be subdivided into%tatic or quasi-static 
methods and dynamic methods. 
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Static Methods 

Low current method. Most of the earlier work was done using 
low values of DC current in either the triode or electron gun method. 
Although the bombarded surface charges up (or down, depending on 
whether 5 is greater or less than unity), the surface potential changes 
slowly and the yield can be plotted as a function of time. By extrapola¬ 
tion the actual yield can be deduced from this apparent yield. The 
inherent limitation to extremely small currents can be relieved if the 
surface potential can be controlled by some other means such as those 
that follow. 

Heat conduction method. Upon heating an insulator, it becomes either 
an intrinsic or impurity semiconductor providing thermal decomposition 
does not occur. Metallic contact can be made to the outside target 
surface; i.e., the surface opposite to that which is bombarded. If the 
input resistance of the measuring circuit is much higher than the resist¬ 
ance through the semiconductor, the voltage drop through the target 
will be negligible. Nelson^o* and others^^®-'^® have used this method in 
the study of SE from luminescent screens inside cathode ray tubes. If a 
high sensitivity electrometer is used for the measurement, the glass 
envelope need not be heated excessively. The method was also used by 
Mueller^^^ in a study of pyrex glass. 

Thin film method. Geyer^^^ others have used very thin insulating 
films on a metallic base such that electrons could be drawn through the 
film and thus control the surface potential. However, it is doubtful if 
the properties of such thin films are representative of those of the bulk 
material. 

Excitation by infrared. In studies on sodium chloride, Geyer^^^ pro¬ 
duced color centers by the electron bombardment. He then irradiated 
the target by infrared light, ejecting electrons from the color centers into 
the conduction band. These electrons then acted to neutralize the 
surface charge. However, the results are difficult to interpret since the 
density of color centers as a function of primary electron path length 
must be known. 

In any conduction method it is evident that the concentration of 
electrons in the conduction band should remain low or else the yield 
may not be characteristic of that of the original insulator. 

Direct measurement of surface potential. There is some doubt if an 
electrostatic measurement of the surface potential of an insulator is 
always valid because of the possibility of the formation of a charge layer 
under the surface.How^ever, the evidence for such behavior is not as 
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yet conclusive. The following methods of surface potential measurement 
have been used. 

Electron beam voltmeter. Scherer^^^ and Piore and Morton^®® bom¬ 
barded the target with an electron beam directed normally to it. A 
second electron beam was shot at right angles to this beam, parallel to 
the target surface and a few millimeters above it. The second beam was 
deflected by the surface potential of the target, the deflection being 
observed on a fluorescent screen. A deflection calibration was obtained 
by replacing the insulator by a metallic target and plotting the deflection 
as a function of target potential. 

Grid method. Nelson^®^ mounted an auxiliary filament and a collector 
close to the target surface and used the target surface potential as a 
‘‘grid^^ to control the electron flow from the filament to the collector. 

Velocity distribution method. Nelson^®® also mounted a Faraday 
Cage collector in such a way as to intercept secondaries from the insula¬ 
tor but presumably such that voltage variations of the cage would not 
affect the target surface potential. Plotting the cage current as a func¬ 
tion of cage voltage, he obtained a sharp break where the cage voltage 
equalled that of the target. 

Direct measurement method. Nottingham®® embedded some fernico 
wire probes in the insulator near the bombarded surface and thus meas¬ 
ured the surface potential. 


Dynamic Methods 

One of the reasons for the relatively small amount of work which has 
been done on SE from insulators is the difficulty or uncertainty of the 
static methods just described. It appears probable that the application 
of high frequency or pulse techniques, which are classified here as dynamic 
methods, will do much to develop this important field. 

Direct 'pulsing mi thod. Although the most recent historically, this is 
essentially the most basic of the dynamic methods. It was first used by 
Johnson^®^’^®’^ and later by Pomerantz^^^ in the study of oxide coated 
cathodes. Fig. 12 shows Johnson's circuit schematically. The primary 
electron source is maintained at — Vp but the beam is normally cut off by 
the negative grid bias. The back of the target is connected through a 
small resistor to ground and the voltage developed across it is amplified 
by a wide band video amplifier and displayed on an oscilloscope. Due 
to the small but finite conductivity of the target, the target surface 
is normally at ground potential. The pulser then delivers a short 

1/xsec.) flat topped pulse to the grid which turns on the primary beam 
for this interval. This is synchronized with a fast horizontal sweep on 
the oscilloscope. The impedance of the target layer itself thus produces 
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a current through the load resistor equal to — ip which appears as a 
pulse on the oscilloscope. If the primary current and the target conr 
ductivity are such as to cause appreciable surface charging during the 
duration of the pulse, this will be observed as a reduction in pulse height 
towards the end of the pulse. By varying the recurrence frequency of 
the pulses i.e., the duty cycle, a suiBBcient time can be allowed between 
pulses to enable the target surface again to reach ground potential. The 
primary current can be measured by observing the pulse with the collec¬ 
tor negative as shown or by observing the current pulse leaving the 
cathode if the beam is well focused on the target. The latter method 
eliminates the effect of high-speed secondaries as discussed in §1.17. 
The measurement of 5 can be made quite accurately by the use of well 
designed attenuators in conjunction with the amplifier. 


GUN TARGET 



Fig. 12. —Schematic for SE yield determination by direct pulsing method. 


Dynamic two gun method. Salow^^® used essentially the same method 
that Johnson did except that he used long pulses and the very high 
recurrence frequency of 50 kc. In this case, the surface could not 
recover to its rest potential before the occurrence of the next pulse so 
Salow flooded the target with an intense DC electron beam from a second 
gun at such a potential that Fp(dc) < Vp and thus the target surface 
remained essentially at the potential of the cathode of the DC emitter. 
A somewhat similar method has been used by Nemilov.^®^ 

Heimann and Geyer^s method. Heimann and Geyer^^® maintained a 
steady beam current and pulsed the potential of the primary emitting 
cathode. To set the target potential initially, they located the upper 
crossover point Vp^. With Vp = Vp^^ as the initial state, they suddenly 
reduced Vp to a smaller value by pulsing the cathode. The response was 
displayed in the same way as previously described and they could thus 
plot out the yield curve between the two crossover points. A limitation 
of this method is that it can only be used where 5 > 1 and it also requires 
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a more powerful pulser than that needed for grid modulation. As they 
used it, it also required that the point Vp be located.* 

III. Composite Surfaces 
3.1 Composite Surfaces and Thin Film Phenomena 

This section has been separated from that on insulators because it is 
not at all clear that the SE properties of thin insulating or semiconducting 
films on a metallic base are the same as they would be for the bulk 
material, even if pulsed methods were used which prevented surface 
charging effects. Moreover, the surfaces to be discussed are usually so 
complex that no attempt has as yet been made to explain their action 
except qualitatively. Consequently, both the results and their inter¬ 
pretations differ considerably and the overall picture can be presented 
only in very general terms. Unfortunately, these are the surfaces which 
are, at present, of the most commercial value since they may have high 
yields and also sufficient conductivity to eliminate charging effects. 
With few exceptions, all of the results to be quoted have been obtained 
by DC methods and in some cases surface charging probably has played 
a role. 


3.2 Yield from Photocathodes of the Form [AgyCs20, Ag-Cs 

A typical photocathode is formed by oxidizing a silver backing plate 
so as to give a layer of silver oxide several hundred molecules thick. If 
cesium is then admitted, it is completely absorbed by the silver oxide. 
The system is then heated (to 250°C.) and a reaction takes place between 
the silver oxide and the cesium giving cesium oxide and free silver. 
Some excess cesium is absorbed on the surface of the layer and a sensi¬ 
tive photoelectric surface results.*® It was used by Farnsworth*^ as a 
SE target in a SE multiplier and has since been the subject of many 
investigations. In general, 5n,«x ranges from about 5 to 10 at values of 
Vp between 500 and 1000 volts. Weiss®® has shown that the yield is 
relatively independent of the thickness of the CS 2 O layer although for a 
certain thickness it does reach a maximum about 20% higher than 
normal. He has also studied the effects of different base metals and 
showed that the highest yield, about 11, was obtained for silver and the 
lowest yield, 2.3, for gold with ten other metals in between. Penning 
and Kruithof*^ showed that the photoelectric sensitivity could vary 
considerably but the SE yield would remain essentially constant. Zwory¬ 
kin, Morton, and Malter®^ have shown that the amount of free cesium 

* A similar “manual” pulsing procedure has been used to measure the SE of 
iconoscope targets. See Janes and Hickock, Proc. Inst. Radio Engs.^ 27, 539 (1939). 
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present for the highest SE yield is less than that needed for maximum 
photosensitivity. These results have been confirmed by Timofeev and 
Pyatnitski®* who obtained the highest yield for an oxide layer of about 
200 molecular diameters on a silver base. They observed the SE and 
photoelectric yield simultaneously as the target was heated and the 
adsorbed cesium atoms were evaporated off. The maximum SE yield 
was obtained at a point where the free cesium concentration was much 
lower than that for optimum photosensitivity. Moreover, the SE yield 
was much less dependent on the free cesium concentration than was the 
photosensitivity. They obtained similar results with cathodes formed 
with rubidium or potassium in place of cesium. From this they 
concluded that while the photoelectrons arise from the surface, the 
secondary electrons arise from so-called emission centers consisting of 
pieces of alkali metal distributed throughout the oxide, and the escape 
from the target of the secondaries is aided by field enhanced emission. 

Dobroljubski^^”^^ ®^ observed that the SE yield correlated with the 
integral photosensitivity in the ultraviolet but not in the visible or 
infrared. He concluded that the secondaries arise either from the oxide 
layer or the base material. Treloar^®® obtained yields similar to Zwory¬ 
kinas using a base material of either silver or copper. He also prepared a 
target which did not contain free silver in the cesium oxide and obtained 
practically the same yields as previously. From this he concluded that 
the secondaries do not arise from metallic emission centers in the oxide 
as claimed by Timofeev and Pyatnitski. Borzyak^^^ also arrived at the 
same conclusion as did Treloar. It should be mentioned that Treloar 
found that he could increase the yield from such targets by about 20% 
by ‘' aging them. This consisted of drawing a l-milliampere space 
current from the target for several hours. 

Kwarzchawa^® observed a decrease in SE yield from a surface whose 
photoelectric yield had decayed and concluded that the secondaries 
must arise from the adsorbed cesium layer. As previously discussed, it 
is most unlikely that a monomolecular adsorbed layer could give rise to 
an appreciable SE yield. However, it is quite possible that the photo¬ 
electric exhaustion caused a change in conductivity and could thus affect 
the yield. 

Khlebnikov and Korshunova®^ demonstrated that it was necessary to 
have free silver or free cesium atoms in the oxide layer to obtain a high 
yield and concluded that the secondaries arise principally from these 
active centers. However, they admitted that the role played by these 
free particles might be merely to increase the layer conductivity. 

, From all this mass of data, much of it conflicting, we can arrive at 
the important conclusions that the photoelectric sensitivity to visible 
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light has nothing to do with the SE yield properties and that the second¬ 
aries arise from within the oxide layer. Bruining believes that the free 
metallic particles merely serve to improve the layer conductivity while 
Timofeev thinks they are electron sources and the emission is aided by a 
positive space charge. Experiments, which may show conclusively 

which point of view is more nearly correct, have not yet been performed. 

) 

3,3 Yield from Other Oxidized Targets 

Certain alloys have been shown to give a very high SE yield following 
oxidation which is frequently hastened by subjecting the target to a high 
frequency discharge in an oxygen atmosphere. Zworykin, Ruedy, and 
Pike^^® have obtained yields as high as 6 = 10 with a silver magnesium 
alloy so treated. Such yields were somewhat unstable with time. 
However, a yield of 5 = 7 could be obtained which remained very stable 
after 200 hours aging. Yields of 5 = 16 have been obtained with this 
alloy by Friedheim and Weiss. Malter^®° has made velocity distribu¬ 
tion measurements on magnesium-silver alloy and reported values for 
the most probable velocity F.max ranging from 5.5 volts for Vp = 100 
volts to 4.0 volts for Vp = 200 volts. Such a dependence on primary 
voltage is most unusual. He employed a simplified magnetic analyzer 
and it is possible that the observed variation of F.max might be caused 
by the method of measurement. 

Gille^^® and Mathes^®^ reported high yields for alloys of beryllium 
with nickel, cobalt, iron, copper, tungsten, and molybdenum, with the 
best results for beryllium-nickel. If the oxidation process is continued 
too long, instability and Malter effect result. Randenbusch^®^ has 
observed that poisoning of such surfaces occurs if an oxide cathode is 
activated in the presence of the target. However, this poisoning can be 
removed by subsequent heat treatment. 

Timofeev and Aranovich^^® describe surfaces of oxidized magnesium 
and oxidized barium. Optimum yields wxre obtained for layers about 
forty molecules in thickness. Such targets can stand much higher heat 
treatments than the photocathode type. With 5^ 5 at room tem¬ 

perature, it increases to 5m ^ 7 at 800°C. If heated much above this, 
it drops to 5m 3 and remains there henceforth. These targets were 
prepared by evaporating the magnesium or barium onto the base metal 
in vacuum followed by subsequent oxidation. Aranovich^®® has also 
described surfaces of microdispersed MgO on nickel prepared by evaporat¬ 
ing magnesium through an atmosphere of dry oxygen. He states that 
yields of 5m 80 could be obtained which although showing time lag 
effects, responded sufficiently quickly to follow a 40 kc modulation of 
the primary beam. Yields as high as 5 ~ 10,000 were obtained but 
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definitely exhibited Malter effect. Bruining and de Boer^^® had used 
this type of surface previously and reported yields of 5,^ ~ 18. Schnit- 
ger^’'® believes that free magnesium is necessary in the oxide to obtain 
maximum yields. He has shown that MgO films are relatively insensi¬ 
tive to exposure to oxygen at room temperature although they are rapidly 
destroyed by water vapor. 

Nearly all these high yield surfaces with yields greater than about 10 
show a lack of saturation with collector voltage and a certain amount of 
instability which, if the oxidation is continued, may break over into 
Malter effect. The evidence suggests that the yields may be the result 
of field enhanced emission. 

5.^ Malter Effect {Thin Film Field Emission) 

In 1936 Malter^® reported some remarkable results obtained with a 
cathode of composition [Al]-Al 203 -Cs 20 . These w^ere formed by 
oxidizing an aluminum plate to give a film of AI 2 O 3 about 2000 A. thick. 
He coated this with cesium, heated it, and oxidized it. With bombard¬ 
ing voltages of a few hundred volts he obtained emission currents from 
the target which were as much as one thousand times the primary cur¬ 
rent. He found that the emission current varied as a power of the 
collector voltage Vc and as a power of the primary current /p, within 
certain limits of Vc and Ip, The emission current did not reach its full 
value until some time after the bombardment began. On shutting off 
the primary current, the emission current decayed rapidly at first, and 
then slowly approached the zero value asymptotically. This decay 
time could be very long; one surface exhibited a detectable emission 24 
hours after cessation of the primary bombardment. He showed that 
the decay was greatly accelerated when the surface was irradiated by 
visible light. It was also found impossible to obtain completely repro¬ 
ducible results. At high values of Vc and /p, scintillations were observed 
on the surface w^hich altered the target characteristics; intense scintilla¬ 
tions caused the phenomenon to disappear. 

Malter interpreted these results as being caused by an action analo¬ 
gous to the “spray discharge’^ reported by Guntherschulze^®’^^ in which 
he obtained a gas discharge without a negative dark space or cathode 
fall. Malter suggested that the surface has a yield greater than unity 
and that due to the high resistivity of the oxide layer, a positive charge is 
built up, upon bombardment, which eventually sets up sufficiently 
intense gradients to cause field emission from the aluminum and alumi¬ 
num oxide. In addition, the oxide becomes polarized and both the 
polarization and the surface charge persist after the removal of the 
primary beam until neutralized by leakage and by a portion of the field 
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emission. The relation between emission current and collector voltage 
is shown to be of a form similar to the current voltage characteristics for 
Thyrite. Gtintherschulze has ascribed the nonohmic characteristics of 
Thyrite to field emission across oxide films which separate the particles 
of carborundum of which it is composed. The scintillations were 
presumably caused by actual breakdown at weak spots in the film. 
Malter also obtained scintillations from SiO, MgO and willemite and 
concluded that these should show thin film field emission. He obtained 
negative results with Ta 205 , CaO, Ag20, CuO, Ni02, WO 2 , and ZrO and 
concluded that, in the heat treatment, they were reduced by the cesium 
which greatly reduced their resistivity. 

This phenomenon has subsequently attracted many investigators, 
partly because of its intrinsic interest and partly because it suggests a 
method of obtaining high yield surfaces of commerpial value if it could 
be stabilized. Most of this work has confirmed Malter’s observations 
and his interpretations, but has not yielded significantly improved sur¬ 
faces from the point of view of stabilization and reproducibility. 

Koller and Johnson,^® and also Mahl,^^’^°° have studied the effect by 
using the emitted electrons to form an electron-optical picture on a 
fluorescent screen. They showed that the surface does not emit uni¬ 
formly but that the electrons come from distinct spots like pin points. 
New spots could be formed by making the emitted electrons return to 
the target by application of a magnetic field. They interpreted the 
scintillations as due to sudden bursts or eruptions of electrons which 
would tend to discharge the surface near the emission spot. Thus the 
surface potential changed continually and under the proper conditions 
it varied cyclicly. They showed that the Malter” electrons are 
emitted with a wide range of velocities, and that some had an energy 
corresponding to the potential across the layer of 10-40 volts as measured 
by Mahl. Mahl interprets this to mean that there is field emission from 
the aluminum but that some electrons suffer energy losses in traversing 
the oxide. He could obtain the effect for bombarding voltages between 
15 and 1000 volts. By momentarily cutting off the collector voltage 
and observing the partial neutralization of the surface charge, he obtained 
a value for the capacity between the surface and the aluminum base which 
agreed with the value calculated on the basis of the layer thickness. 

Piore®^ has obtained Malter effect from surfaces prepared by evaporat¬ 
ing barium borate or quartz on a metal plate and heat treating with 
cesium and oxygen. He obtained the same dependence of emission cur¬ 
rent on bombarding current and collector voltage as did Malter, although 
the particular constants involved changed from surface to surface. 
Bojinesco^^^ used just AI 2 OS on aluminum and obtained Malter effect 
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with electron bombardment and also with bombardment by negative 
ions H”, N"", 0“, and O 2 ”. 

Using cathodes of the type described by Malter, Muhlenpfordt^®^ lias 
shown that on letting in argon or helium, at pressures of mm. 
mercury or more, the thin film field emission discharge changed to a spray 
discharge just as described by Giintherschulze. He obtained two types 
of discharge: a low current discharge without cathodic scintillation and 
a high current discharge with scintillations. On pumping out the gas, 
he again obtained a Malter emission, the transition being a continuous 
one. He assumes that the surface charge is maintained by positive ions 
during the discharge and suggests that even under ‘^high vacuum’^ 
conditions the contribution of such ions from the residual gas is not 
negligible but may play an essential role. In another experiment, 
Miihlenpfordt admitted oxygen at a pressure of 10"*® mm. mercury and 
then quickly pumped it out while the Malter current was decaying 
following cessation of primary bombardment. When the oxygen was 
admitted, the current dropped abruptly by three orders of magnitude and 
did not recover when the oxygen was pumped out. He had also observed 
that a freshly prepared surface must be activated by electron bombard¬ 
ment for some time before Malter effect occurred. On the basis of these 
observations, he suggested that a metallic cesium layer is essential to the 
process. However, when it is first evaporated onto the AI 2 O 8 , it comes 
into contact with the aluminum base through small holes in the oxide 
layer, thus effectively shorting it out. The subsequent oxidation of the 
cesium is designed to break up these short circuits and, finally, free 
cesium is produced only at the surface by the electron bombardment. 

Zernov2^®'2^^ believes that the role of the CS 2 O is to fill up the holes 
and irregularities in the AI2O3 layer rather than to provide free cesium 
eventually on the surface. He had also produced Malter effect with 
MgO films without the use of additional CS 2 O. He obtained a rapid 
decrease in emitted current, following cessation of bombardment, and 
then a stabilization of the current presumably due to the effect of residual 
gas. This latter effect was obtained with surfaces of [Al]-Al 203 -Cs 20 
and MgO. 

A point that has been brought out only by Miihlenpfordt is that all 
these characteristics are strongly dependent on the target temperature. 
The emission drops sharply with increasing temperature and simul¬ 
taneously the decay rate of the decaying Malter current increases. This 
is explained by the positive temperature coefficient of conductivity of the 
AI 2 O 3 . At higher temperatures the increased leakage current prevents 
the surface from charging up as much and causes it to decay more rapidly 
after the excitation is cut off. 
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Paetow^^Q has conducted some experiments which may have con¬ 
siderable bearing on this subject. He sprinkled an insulating powder 
with grain size less than 1 micron on a metallic cathode and with a gas 
pressure between 10~® and 10“^ mm. mercury started a gas discharge 
with a few thousand volts on the anode. He reported that almost any 
gas would do and that many types of powder could be used, e.g., quartz, 
glass, MgO, AI2O3. On initiation of the gas discharge, the powder flew 
around explosively but left an active layer of fine powder on the cathode 
which stuck tightly to the metal. He then obtained two forms of the 
discharge: a steady low voltage form and an unsteady high voltage dis¬ 
charge accompanied by cathodic scintillation, i.e., spray discharge, and 
he likens these to the two forms of Mai ter current. The low voltage 
discharge could be maintained at pressures of less than 10“® mm. mercury 
and between and 10“® mm. mercury the current is essentially 

independent of applied voltage. The maximum current density so 
obtained was 100 ma/cm.^; above this it changed over to the high voltage 
form. Owing to sputtering the target life was a few weeks. The low 
voltage discharge exhibited time lags in its I/V characteristic although 
much less than in Malter effect. Paetow suggests that field omission 
may take place around the edges of the grains rather than through the 
grains themselves. Investigations of this type may lead to a more 
complete understanding of the mechanism involved in the Malter effect. 
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I. Introduction 

The visual process in its most refined state is a simple counting 
process. For a given exposure time, scene brightness, and optical sys¬ 
tem, a finite number of light quanta wdll be radiated from the scene and 
absorbed by the particular device that looks at the scene. The device 
counts these quanta and from their number and distribution determines 
how many discrete bits of information it can furnish. The arithmetic 
used to convert numbers of quanta into numbers of bits of information 
will be outlined in a later section. For the present an attempt will be 
made to contrast the almost endless variety and complexity of picture 
pickup devices with the simplicity and universality of the performance 
scale according to which any of these devices may be judged. Through¬ 
out this paper emphasis is placed on performance limited, by the finite 
number of available light quanta. This is patently a fundamental 

131 



132 


A. EOSE 


limitation. Performance limited by electron optical or structural defects 
will receive only passing mention. The technical problems involved in 
removing these defects may indeed be the most important and the most 
diflScult for the success of a particular device. They are, nevertheless, 
removable defects and not fundamental limitations. 

II. Major Types of Pickup Devices 

To name television pickup tubes, photographic film, and the human 
eye is to name examples of the three major types of visual processes; 
electrical, chemical, and biological. The detailed mechanics of the 
operation of a television pickup tube has little in common with that of 
photographic film and even less, perhaps, in common with that of the 
human eye. This, in spite of literary references to television pickup 
tubes as ‘‘electric eyes’’ and in spite of pictorial explanations of the 
human eye confined to the parallelism of parts—lens, black box, and film— 
of an ordinary camera. What is common to all of these devices, espe¬ 
cially if they are \\xill designed, is some means for counting incoming 
light quanta. The particular means for, or mechanics of, counting may 
be as varied as the imagination of man and nature combined. Tele¬ 
vision tubes generally convert light quanta into photoelectrons and count 
the number of electrons by measuring a current or a voltage. Photo¬ 
graphic film, by an intermediate chemical process, converts each quan¬ 
tum (or at most a small number of quanta) into an opaque granule of 
silver and observes the density of the silver deposit as a measure of the 
number of granules. The human eye, also, by an obscure intermediate 
process, converts a small number of incoming (juanta into a single nerve 
pulse. The brain estimates the number of original (]uanta by the fre¬ 
quency of arrival of these nerve pulses and (a speculative thought) by 
the regularity of their arrival. 

A television pickup tube differs again from the photographic process 
and from human vision by virtue of having to arrange its information 
(or picture) in a form convenient for transmission to a remote point. 
The “arranging” is done by a scanning process in which all of the bits 
of information in any one picture are strung end-to-end and passed single 
file through the television transmitter. At the television receiver, a 
converse arrangement, also a scanning process, accepts the bits of infor¬ 
mation and distributes them one at a time into their proper places to 
re-form the picture. Each picture is composed of a few hundred thou¬ 
sand bits of information or picture elements. And 30 pictures are trans¬ 
mitted/second. Because the persistence of vision of the eye is a few 
tenths of a second, neither the point-wise assembly of any one picture 
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nor the discrete succession of pictures is resolved. Rather, the eye sees 
a smooth flow of events as in the original scene. 

The scanning process dictates its own special problems and in some 
ways complicates the design of television pickup tubes. The scanning 
process does notj however, affect the performance attainable by these 
tubes as compared with the performance attainable by devices that do 
not use scanning. 

III. Number and Variety of Television Pickup Tubes 

Human vision, the photographic process and television not only 
compose the three broad approaches to the problem of seeing but also 
point up the variety of solutions to this problem. An even greater 
variety, numerically at least, is found within the television approach 
itself. Here, the patent literature offers literally hundreds of examples 
of ingenuity of design applied to television pickup tubes. Many more 
examples can be added to these by purely engineering combinations of 
the already patented devices. 

With no intent of making the formula exhaustive, a large number of 
pickup tubes may be generated in the following fashion. Trace the steps 
in the formation of a picture. To each step assign a number equal to the 
number of ways that step may be performed. Take the product of all 
of the step numbers. The product, so formed, is an upper limit to the 
number of different pickup tubes that may be designed. Because not 
all of the ways of performing each step are known, this operation is more 
likely to yield a lower limit than an upper limit. The operation will be 
carried out for its suggestive value at this point. The coverage will be 
sufficient only for the purpose of illustration. 

The steps in the formation of a picture are these. Incoming light 
quanta are converted into something that can be stored and counted. 
An element, usually called a target or mosaic, is provided capable of 
storing the photoproducts for a thirtieth of a second. The target is 
scanned by some means that can countthe photoproducts at each 
point on the target. The scanning process may return the target to its 
previous unexposed state or not. If it does not, a separate erasing 
mechanism is needed so that cyclic operation is possible. The count'' 
made by the scanning means is passed on to an amplifier and through 
other circuits to the television transmitter. The amplifier has a back¬ 
ground countor noise of its own which tends to obscure the count” 
that is fed into it. For this reason it is highly desirable to have some 
noiseless amplifier within the pickup tube that can magnify its ‘‘count” 
to a conveniently high level before it is fed into the external amplifier. 
Five steps have just been enumerated: Conversion, storage, scanning or 
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counting, erasure, and noiseless amplification. Illustrative examples of 
ways of performing each step will be cited. 

Light quanta may be converted into photoelectrons, excited electrons, 
ions, excited atoms, or dissociated molecules. The photoelectrons in 
turn may be accelerated and focused on to a target to excite other elec¬ 
trons or to dissociate or ionize molecules. The target used for storage 
may be one sided or two sided, insulating or semiconducting, continuous 
or apertured. The target may be scanned by a beam of electrons or a 
beam of light. The electron scanning beam may be of the low, medium 
or high velocity types, each velocity range being qualitatively distinct. 
The scanning beam may simply strip off the charge pattern deposited 
on the target by the picture, or it may charge the target to some arbitrary 
uniform potential. The scanning beam may not even strike the target, 
in which case only the paths of the electrons in the scanning beam are 
controlled by the charge pattern. If the scanning process has not 
restored the target to the unexposed state, a separate means such as a 
steady electrical leakage, a uniform electron spray, or a second scanning 
beam may serve the purpose. Finally, the scanning beam, after it has 
been influenced by the target, can be amplified, substantially without 
distortion, by an electron multiplier. (Alternatively, electron multiplica¬ 
tion could have taken place in the previous process of laying down the 
charge pattern on the target.) In those cases where the beam does not 
strike the target, but is only controlled by it, large scanning beam currents 
may be used that do not require further amplification before being fed 
into the external amplifier. Without actually assigning the previously 
mentioned step numbers, one can see that even this rapid and incomplete 
enumeration will lead to hundreds of different pickup tubes. 

If the above recital of ways of making pickup tubes has been more 
confusing than informative, it was not without plan. The present paper 
in no way aims at being a manual for designing pickup tubes nor does it 
attempt a critical survey of the various proposals that have been made 
or could be made for these tubes. Such a paper would indeed have an 
extraordinarily small ‘‘public.'' The recital was introduced to underline 
the highly un-unique character of any one pickup tube—and there are 
scores of them. It was introduced as a self-evident argument for singling 
out only a few pickup tubes for close attention and these for the one 
purpose of tracing the successive realized approximations to ideal pickup 
tube performance. The chronological order turns out to have also a 
certain logical sequence. , 

IV. Comparison of Actual and Possible Pickup Tubes 

In the opening sentence of this paper the visual process was described 
as a simple counting process. Conceptually it is easy to demonstrate 
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both that the maximum, or ideal, performance is achieved insofar as each 
incoming quantum can be counted, and that such a count bears a simple 
relation to the intelligence that can be transmitted. Conceptually, also, 
one can design a simple pickup tube to satisfy this definition of ideal 
performance. It is perhaps something of a disappointment to find that 
the pickup tubes that have come into use are generally not simple. 
Either their construction is elaborate or their detailed operation diflScult 
to analyze. What is more, they have still not exhausted the possibilities 
of ideal performance. This situation is not unusual in the early stages 
of an art, and television has yet to be matured in the atmosphere of a 
successfully commercialized system—that the first attempts are not only 
imperfect but elaborately imperfect. Another circumstance that 
restricts the freedom with which promising designs for pickup tubes can 
be plucked out of a file and converted into useful instruments is the 
number of side conditions such tubes must satisfy. These conditions 
apply largely to the target. Uniformity of response, for example, is one 
of the most difficult to satisfy. It is the problem of getting a hundred 
thousand little elements to act alike. Another side condition is that 
remnants of pictures shall not be noticeable in succeeding pictures, that 
is, that the process of erasure be substantially complete. Resolution in 
excess of the circuits is an obvious but not an easily met condition. 
Freedom from spurious signals is a condition that has ruled out many 
otherwise promising experimental tubes. Finally, there are reasonable 
limits to the kinds of targets that can be fabricated, at least without 
extensive and costly research. And the paper designs for targets are 
well ahead of the art of making them. 

These considerations are meant not to justify the complexity or 
imperfection of present tubes but rather to give a measure of the diffi¬ 
culties of realizing the simplicity and perfection inherently possible in 
pickup tube design. The simple counting process that forms the basis 
for ideal performance will be outlined in the next two sections both 
analytically and experimentally. 

V. Ideal Performance 

The object of this section is twofold. First, a completely general 
relation will be derived for the amount of information a picture pickup 
device can furnish as a function of the brightness of scene at which it is 
directed. Ideal performance will be insured in this derivation by the 
assumption that the pickup device can count each absorbed quantum of 
light. Second, in so doing, a general and absolute scale of performance 
will be set up according to which the performance of actual pickup devices 
may be judged. Use will be made of this scale of performance in a later 
section. 
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Consider a square element of area of side length on the photo¬ 
sensitive surface of the picture pickup device. Let this element of area 
absorb on the average N quanta in the exposure time alloted. Because 
the absorption of quanta is a random process, the average absorption 
number, N, will have associated with it deviations from the average 
whose root mean square value is iV*. These deviations set a limit to the 
accuracy with which the average number N may be determined. By the 
same token they set a limit to the smallest change in N that may be 
detected. Let this smallest change in N be denoted by AiV. Thus, AiV 
is of the order of iV*. The particular constant of proportionality will 
depend from probability considerations on the certainty asked for in 
detecting AN, With the above definitions, several relations can be 
written out of hand. 
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where a is the angle subtended by at the lens. 

Eq. (36) is already the characteristic equation of the ideal pickup 
device. The constant term on the right will be evaluated shortly. It 
contains in straightforward fashion, the lens parameters, exposure time, 
and quantum efficiency of the device. The meaning of eq. (3b) is this. 
Let any two of the variables (J5, C, a) be specified. Eq. (3b) then sets 
the threshold value for the third. For example, if the scene brightness 
and contrast are specified, eq. (3b) gives the smallest angular size that 
can be resolved. Conversely, if one knows the angular size and contrast 
of a test object, eq. (3b) determines the minimum scene brightness 
required for detecting it. It is to be noted that the resolution (a) or half 
tone discrimination (C) improve only as the square root of the scene 
brightness. It is to be noted also that the validity of eq. (3b) rests only 
on the countability of the absorbed quanta and the random character of 
the absorption process. The first was the necessary condition for ideal 
performance; the second is a well established experimental fact. Since 
no special mechanism was assumed, eq. (3b) can apply equally to the eye, 
to photographic film, and to the great variety of television pickup tubes 
already discussed insofar as each of these devices can make an accurate 
count of the absorbed quanta. 
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Eq. (3b) is the basis for a performance scale according to which the 
performance of any particular device, whether it be eye, film, or pickup 
tube, may be judged. It is a relatively straightforward operation to 
measure the smallest angle that a given device can resolve at a specified 
scene brightness and contrast. The product of these three quantities, 
as in eq. (3b) yields a number whose value locates the position of the 
given device on the performance scale. This scale is an absolute one in 
the sense that performance is limited only by the statistical fluctuations 
in the rate of absorption of light quanta, a fundamental and unavoidable 
limitation. Whatever happens subsequent to the primary process can 
only deteriorate, or at best maintain, the performance already computed 



Fig. 1.—Geometric relations used to compute number of absorbed quanta as a func¬ 
tion of number of emitted quanta. 


in terms of the primary process. Subsequent elements can not improve 
performance. 

The performance scale, based on eq. (3b), will be more significant if 
the constant term on the right is separated into its component factors. 
To do this, reference is made to Fig. 1. Consider an element of side 
length in the scene. If the scene brightness is such that No quanta 
are radiated/square foot/second, the total number of quanta radiated by 
this element per second will be NqP, Of this number, only a fraction will 
be intercepted by the lens and, for a Lambert distribution, the number 
passing through the lens per second is: 

NfP sin* 0 

This number of quanta will also be incident on the element of side length 
which is the image of the scene element of side length The 
number of quanta actually absorbed at in the exposure time of the 
device is 


N »* WiVoZ* sin* 0 


(4) 
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where B is the quantum srield or absorption coefficient* and t is the 
exposure time. From the relations (see Fig. 1): 


I 

sin ^ 


‘*1. 

D 

2d 


and 


. h 

“’■f 


eq. (4) may be rewritten in the form 


N = lANtDHBa* X 10-»» 


(5) 


where a is expressed in minutes of arc, and D is expressed in inches. 
Using the equivalence: 1 lumen of white light = 1.3 X 10‘* quanta/ 
second, 

Nn 

1.3 ' X 10^° “ ^ foot-lamberts 


and, from eq. (5) 

N « 2BDHea^ X 10« 


or 


B = 5 ^ foot-lamberts 


( 6 ) 


From eq. (2), the threshold contrast is related to iV”* by a constant whose 
value is yet to be determined. This constant is the threshold signal-to- 
noise ratio and, as mentioned, is a function of what one calls threshold. 
That is, if one asks that each observation have a 90% chance of being 
correct, the threshold signal-to-noise ratio will be higher than if one were 
satisfied with a 50% chance. From visual observations to be cited later, 
a reasonable value for the threshold signal-to-noise ratio appears to be 
greater than unity and probably in the neighborhood of 5. For the 
present this constant will be introduced by the letter Thus, 

inserting k^/C^ for N in eq. (6) we get the complete form of the charac¬ 
teristic equation, 


BC*a* 



xio-^ 


or, expressing C as a per cent contrast, ^ X 100^ we get: 




(7) 


* The absorption coefficient is restricted to those quanta that give rise to countable 
events. 



TELEVISION PICKUP TUBES AND THE PROBLEM OP VISION 139 


An inspection of the right hand side of eq. (7) shows that the only 
parameter that differentiates the performance of one ideal pickup device 
from that of another is the quantum yield (0) of the primary photo¬ 
process. This statement will probably be clearer if eq. (7) is rewritten 
in the following form: 


5A;* 

BC^a^DH 


X 10"» = e 


( 8 ) 


The five parameters needed to specify a given set-up are in the denomina¬ 
tor of the left hand side of eq. (8). Their names and units are: scene 

brightness (B foot-lamberts), contrast of test object {c 100%), 

angular size of test object (a minutes of arc), lens diameter (D inches) 
and exposure time {t seconds). When any four of these are arbitrarily 
specified, the threshold value for the fifth is given by eq. (8). Alterna¬ 
tively, if all five parameters are known, a value for the quantum yield {d) 
is thereby determined. If the operation of the device is ideal, that is, 
if all of the absorbed quanta are counted, the value for 6 determined in 
this way is actually the quantum yield of the primary photoprocess. If, 
on the other hand, the operation departs from ideal operation—and the 
ways in which such departures may occur are both manifold and frequent— 
the value for the quantum yield so determined is less than the quantum 
yield of the primary photoprocess. In this event, it may still be looked 
upon as an index to performance. To recapitulate: a given value for d 
computed from eq. (8) may correspond to an ideal device having the 
same value of 0 for its primary photoprocess or to a nonideal device 
having a larger value of 6 for its primary photoprocess, the nonideal 
characteristic being responsible for the lower computed value of B, 

Eq. (8) defines the absolute performance scale to be used later in 
evaluating the performance of various pickup tubes, photographic film, 
and the eye. The scale extends from 0 = 0 to ^ = 1. The value ^ = 0 
means no transmitted picture. The value ^ = 1 means not only ideal 
operation but absorption of all incident quanta as well. It should be 
clear at this point that a single value of B may be used to designate the 
performance of a device only over a limited domain of the five parameters 
B, C, a, D and L In fact, in the usual case, ^ is a continuous function of 
these parameters. No device, for example, can resolve arbitrarily small 
angles. Nor can any device discriminate arbitrarily small contrasts. 
Nonstatistical considerations set limits to the smallest values attainable 
by either of these parameters. Also, the range of times over which a 
device can store up information has an upper limit set by the mechanics 
of the device and not by statistical limitations. 
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It would indeed be a thorough-going paper that explored the per¬ 
formance of various pickup devices for variations of all five of the param¬ 
eters of eq. (8). Such completeness will not be attempted here. Rather, 
only one of the parameters, the scene brightness, which is of greatest 
interest, will be selected for examination. Reasonable fixed values or 
ranges of values of the other parameters will be taken. Some remarks 
will be made in passing about the dependence of 6 on these other param¬ 
eters but with no object of making the review exhaustive. The param¬ 
eter, scene brightness, is of special interest because few devices can 

QUANTUM EFFICieNCY \*A 
STORAGE T4MC 02 SECONDS 
LENS OIAMETER 03 INCHES 

sccfc uiyiNANcc - poor lambeiits 



Fig. 2.—Performance curves for an ideal pickup device. 

maintain a high level of performance over an appreciable range of scene 
brightnesses. The eye is, perhaps, the outstanding example. Other 
devices may match or even exceed the eye over narrow ranges of scene 
brightness but, as yet, they lack the flexibility of the eye to maintain 
performance both at very high and at very low lights. 

Before estimating the performance of various selected pickup devices, 
it will be well to try to tie the characteristic eq. (8) closer to reality, both 
by inserting specific values and by outlining an experimental arrangement 
which satisfies this equation in simple fashion. This arrangement will 
also furnish an experimental value for threshold signal-to-noise ratio, k. 

In Fig. 2, the threshold contrast has been plotted against the reciprocal 
angular size for a large range of scene brightnesses. The values for 
quantum efficiency, storage time, and lens diameter shown in this figure 
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were selected to approximate the human eye over part of its range of 
operation. The value 6 was assumed for the threshold signal-to-noise 
ratio (A*) in computing these curves. The dash-dot lines indicate the 
limits to the smallest angular size and contrast that can be detected, 
which limits are set variously by the particular mechanisms of particular 
devices and are not set by statistical fluctuation considerations. For 
this reason, the curves are dotted outside the dash-dot boundaries. 

By way of example. Fig. 2 shows that, at a scene brightness of 1 foot- 
lambert, an ideal device having a quantum yield of 0.01, a storage time 
of 0.2 seconds and a lens diameter of 0.3 inches can just detect a contrast 
of 30% for objects subtending 1 minute of arc at its lens. If smaller 
contrasts, say around 3%, are to be detected, the object must be larger 
and subtend an angle of about 10 minutes. At very low scene bright¬ 
nesses, Fig. 2 shows that only a poor quality picture may be transmitted 
(poor resolution and poor discrimination for half tones) corresponding to 
the obscured pictures that the eye sees at night. The poor quality of 
these pictures is a direct consequence of the lack of sufficient light quanta 
and cannot be avoided by any ‘^improvements” in design other than 
improved quantum yield in the primary photoprocess. 

Lest the present discussion be dominated by a purely speculative 
tone, an actual physical system will be described in the next section which 
brings out the essential features of ideal performance. 

VI. An Experimental Realization of Ideal Performance 

An early and simple means for generating a television picture is 
embodied in the so called light-spot scanner. Fig. 3 shows the essential 
parts of this system. The scene to be transmitted is “illuminated” by a 
small sharply focused spot of light which scans the scene in the customary 
manner in a series of parallel lines. At each point in the scene some of 
the scannng spot light is reflected and is picked up by a photocell. The 
light and shade of the scene are conveyed by the variations in scattered 
light as the spot scans over its surface, and the variations in scattered light 
are in turn conveyed by variations in photocurrent in the photocell. 
A viewing tube or kinescope is connected to the photocell in such a way 
that, as the original light spot scans its scene, the kinescope beam scans 
its luminescent screen in synchronism and, by variations in beam current 
controlled by the output of the photocell, reproduces the original scene. 
The light-spot scanner is restricted to those scenes that may be conven¬ 
iently illuminated by a scanning spot of light. Recent developments in 
phosphors and photomultipliers have revived interest in the light-spot 
scanner for those applications (Sziklai, Ballard, and Schroeder^). Its 
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operation is simple and it provides a picture free from most of the spurious 
signals frequently encountered in storage type pickup tubes. 

The particular virtue of the light-spot scanner for the present dis¬ 
cussion is that it offers a ready means for demonstrating the properties 
of ideal performance. For example, the gain of the electron multiplier 
in the photocell is sufficiently high that each quantum that is absorbed 
at its photocathode (and liberates a photoelectron) can be made visible 
on the kinescope as a discrete speck of light. Thus, at extremely low 
scene brightnesses, one can actually and easily count the number of 
‘'quantain the reproduced picture. 

The special test pattern which served as subject for the light spot 
scanner and which measured its performance is shown in Fig. 4. This 


SCENE 



pattern is a materialization of the plot in Fig. 2. The discs along any 
row have the same contrast but vary in diameter step-wise by a factor of 
2 for each step. The discs in any column have the same diameter but 
vary in contrast also step-wise by a factor of 2 for each step. At moder¬ 
ate or low illumination not all of the discs in this pattern can be seen or 
transmitted by a pickup device. The demarcation between those discs 
that can be seen and those that cannot should be a 45° diagonal if the 
picture is limited only by noise whose distribution in frequency is uniform 
(e.g., shot noise in a temperature limited beam of electrons). As the 
illumination of the test pattern is varied the line of demarcation should 
move from one diagonal of discs to the next for a factor of 4 change in 
illumination. 

The series of photographs in Fig. 5, is a series of timed exposures of 
the kinescope taken as the light-spot scanner scanned the test pattern at 
the usual television rate of 30 pictures/second. For technical con¬ 
venience the exposure time of the camera was varied rather than the 
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scene brightness since, according to eq. (8), it is only the product Bt that 
IS significant. 

The exposure times in the first few pictures are low enough to see 
the separate ^‘quanta’’ (or their corresponding specks of light on the 
kinescope). As the exposure time is increased, more and more of the test 
pattern becomes visible. In particular, for a range of over 200 in expo¬ 
sure times, the demarcation shifted one diagonal of discs for each factor 
of 4 increase in time. Also, the demarcation on any one picture is 
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Fin 4 —Tost pattern for measuring performance. 

approximately along a 45° diagonal. These two observations confirm 
the significant features of eq. (8), namely that at any one scene bright¬ 
ness, threshold contrast is proportional to the reciprocal angular size 
and that both the reciprocal contrast and the reciprocal angular size 
vary as the square root of the scene brightness. 

The series of photographs in Fig. 5 provide also a means for estimat¬ 
ing the exposure time of the eye and the value of A*, the threshold signal- 
to-noise ratio. 

Concerning the exposure time of the eye, it was found that, of the 
series of photographs of varying exposure times, the picture that most 
nearly matched the direct visual impression of the kinescope was that for 
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0.2 seconds. This test was made actually more quantitative by placing 
a mask over the kinescope and counting the average number of specks 
visible in a small area. The particular photograph was then selected 
that had the same average number of specks in the same area. The 
exposure time of the eye determined in this manner is in satisfactory 
agreement with well known and more thorough determinations already 
published. 




Fig. 5.—Pictures transmitted by the light-spot scanner in Fig 3 of the test pattern 
in Fig. 4. The pictures were photographed from the kinescope using canuTa exposure 
times starting from Fig. 5A, of i, 1, 4, 16, and 64 seconds respectively. The ultra¬ 
violet component of the scanner light was used m order to get a short luminescent 
decay time. The circled areas are blemishes that were not a])i)arent under visible 
light and have no connection with the test. 


Concerning the threshold signal-to-noisc ratio, reasonable assump¬ 
tions, for lack of experimental evidence, have been made (Rose,^ DeVries^) 
that its value is unity. A recent direct determination (Schade^), how¬ 
ever, sets the value of k in the range of 3 -0, depending on the viewing 
conditions. The present paper has used the value 5. Whatever uncer¬ 
tainty there may be in estimating a value for the threshold signal-to- 
noise ratio from the photographs in Fig. 5, that value is definitely greater 
than unity and is in the range of 3~6. This is surprisingly high since 
mathematical analysis suggests a value close to unity. One way of 
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reconciling the discrepancy is to assume that the eye in looking at the 
pictures in Fig. 5 does not make full use of the information presented. 
That is, the eye (and brain) may count only a fraction of the quanta'^ 
present. If one used a machine to do the counting and arranged to ring 
a bell whenever the count warranted, one might approach a threshold 
ratio of unity. Since, however, one usually chooses to do his own count¬ 
ing by the normal visual process, the experimentally determined value of 
6 for threshold signal-to-noise ratio is significant. 

The operation for computing a threshold signal-to-noise ratio from 
Fig. 5 is as follows. Select the smallest black (not grey) disc that is 
visible in any one of the photographs in which the specks are countable. 
Transpose the outline of the black disc to the surrounding ufiiform white 
area. Count the average number of specks in the outlined area. This 
average number is the signal; the square root of the average number is 
the root mean square noise. The threshold signal-to-noise ratio is then 
also the square root of the average number. A similar operation can be 
carried out to get the same threshold signal-to-noise ratio using the out¬ 
line of a threshold grey dot. In this instance the signal is the average 
number multiplied by the contrast (not per cent contrast) and the noise 
is the square root of the average number. The results of these operations, 
as already mentioned, lead to a value of h in the neighborhood of 5. 

The light-spot scanner was used also to make a direct comparison 
estimate of the performance of the eye. Even though the light-spot 
scanner is a nonstorage pickup device and has the characteristic insen¬ 
sitivity of such a device, it turns out that the average illumination on the 
scene as provided by the scanner is as low as it would be for an ideal stor¬ 
age type pickup tube operating with uniform continuous illumination. 
The reason is that the scanner illuminates the scene only when and where 
that illumination can be used. There is no waste illumination. Hence, 
if one measures the average scene brightness for a scene illuminated by a 
light-spot scanner and observes the signal-to-noise ratio of the trans¬ 
mitted picture, these quantities correspond exactly to the performance 
of an ideal pickup device having the same quantum efficiency as the 
photosurface of the photomultiplier. To complete the parallel, the 
diameter of the photocathode of the multiplier replaces the diameter of 
the lens in eq. (8). The exposure time of the system is the exposure 
time of the observer (human or instrumental) that looks at the final 
picture on the kinescope. The direct comparison between photomulti¬ 
plier and eye was further facilitated by the fact that the useful area of the 
multiplier photocathode is about equal to the diameter of the dark- 
adapted eye and that the spectral distribution of the scanner light over¬ 
lapped about equally the response curves for eye and multiplier. The 
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test was carried out by having the photomultiplier and human eye both 
look at the original scene at the same viewing distance. The human 
observer then looked at the kinescope to compare what the photomulti¬ 
plier saw with what the human eye could see directly on the original 
scene. Using the test pattern of Fig. 4 it was interesting to find the eye 
and photomultiplier performance very closely the same in the test range 
of lO"'^ to 10”^ foot-lamberts. Since the picture transmitted by the 
photomultiplier w^as obviously limited by fluctuation noise in its primary 
photoprocess and since the quantum efficiency of the photomultiplier 
surface was about 2%, the quantum efficiency of the eye must also have 
been 2% if it were limited by fluctuation noise in its primary photoprocess 
or greater than 2% if some less fundamental limitation were present. 

VII. Performance of Selected Pickup Devices 

The object in the following sections will be to trace the performance 
of various representative pickup devices as a function of scene brightness, 
using the absolute scale of performance already discussed. Because the 
range of scene brightnesses to be considered is over ten orders of magni¬ 
tude and the range of performance values {6) over seven orders of mag¬ 
nitude, the precision attainable in a single composite plot will not be 
large. What is aimed at in this survey and the corresponding plot is a 
picture of the areas of performance not yet covered by any device as well 
as the areas already covered by the eye but not yet by any man-made 
devices. In brief, it is a picture of performance possibilities yet to be 
realized. 

1, Human Eye 

To locate the performance of the eye, the six parameters on the left 
hand side of eq. (8) need to be known. There are data in the literature 
(Cobb and Moss^; Connor and Ganoung®; BlackwelP) relating scene 
brightness (jB), threshold contrast (C) and angular size (a) for the eye. 
These data cover the following ranges; /?, 10~®-10“ foot-lamberts, ( 7 , 
1-100% contrast, and a, 1-100 minutes of arc. In addition, less com¬ 
plete observations have been made above 10^ foot-lamberts and below 
10”® foot-lamberts. For example, above 10^ foot-lamberts pain sets in 
and below 10”^ foot-lamberts vision ceases completely. There are also 
data for the pupil diameter (D) as a function of scene brightness (Reeves®). 
If the storage time (t) of the eye is taken to be 0.2 seconds, and independ¬ 
ent of scene brightness, and if, for the threshold signal-to-noise (/r), the 
previously discussed experimental value of 5 is taken, the roster of 
information necessary to compute performance (^) is complete. One 
further qualification needs to be made. It is found from Blackweirs 
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data that at any fixed value of scene brightness, the threshold contrast 
is only approximately proportional to the reciprocal angular size as 
demanded by eq. (8). One can, however, for the purpose of this plot, 
select the best performance at each value of scene brightness (see also 
Rose®). This procedure was used to compute the curve of 6 vs. B for 
the eye in Fig. 6. 

The most striking feature of this curve is the exceedingly large range 
of scene brightnesses, namely 10~® to 10® foot-lamberts, over which the 



Fig. 6.—Performance curves for selected pickup devices. 


eye maintains a high level of performance. It is striking because no 
single man-made device has succeeded in covering this range. Even 
more, the ensemble of man-made devices falls far short of covering it. 
The experience of those who have tried to build the same flexibility and 
excellence of performance into electronic devices can only suggest the 
artfulness of the mechanisms that in some way have been engineered into 
or have selectively survived in the eye. Two of these mechanisms in 
particular deserve mention. 

There is good evidence that the eye requires more than a single 
absorbed quantum to generate a visual sensation. If, now, the rods and 
cones had no interconnections but acted completely independently in 
their reception and transmission of information to the brain, the eye 
would rapidly fail to ‘^see’^ when the concentration of absorbed quanta 
fell below the concentration of rods and cones. This, in fact, is just the 
reason that photographic film cuts off sharply towards low scene bright- 
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nesses. The eye, then, must have a mechanism that can pool the in¬ 
formation from the separate rods and cones when such pooling is 
advantageous for seeing and can separate the operation of these rods and 
cones when, as at high lights, there is an abundance light quanta. In 
brief, the mechanism must automatically control the interconnections of 
the retinal elements to get the maximum information out of the incoming 
stream of quanta. 

The second interesting mechanism has to do with the existence of a 
variable-gain element located between the retina and the nerve fibers that 
carry pulses to the brain. A gain element of some sort is needed in order 
to raise the energy level of the few quanta required for a threshold sensa¬ 
tion up to the much higher energy level of the subsequent nerve pulse. 
If the gain of the element were constant, however, the nerve fibers would 
be called upon to pass visual sensations varying (according to Fig. G) by 
about eight orders of magnitude. While such a design is not inconceiv¬ 
able, it is not especially elegant. By way of example, if one wants 
a device capable of recording the variation of a quantity in ten thousand 
discrete steps, it is simpler to compose the device of two elements each 
capable of one hundred different values, such that their product yields 
the ten thousand discrete steps than to try to design the ten thousand 
steps into a single element. Whatever the validity of this argument, 
there is good reason to believe from observations on dark adaptation, 
that the gain of the above mentioned element varies automatically with 
scene brightness (Rose^). The delay in ‘‘resetting during the transition 
from high lights to low lights would correspond to the time taken for dark 
adaptation. Also, fluctuations (noise) in the primary photoprocess 
(absorption of light quanta at the retina) should be visible if the computed 
value of 6 (eq. 8) is equal to the value of 6 observed or computed directly 
for the retina. Hecht,^® for example, by a statistical analysis of visual 
observations near threshold, arrives at a value of 6 of about 0.1. Hecht^s 
value for blue light should be divided by a factor of 3 for comparison 
with the white light observations of Fig. 6. The agreement is close 
enough to suggest that the variable gain is automatically set to make 
fluctuations just visible. From necessarily subjective observations 
the writer confirms this conclusion at least at low lights around 10~^ 
foot-lamberts. 

This discussion leaves out the mechanisms, probably still more 
ingenious, that are responsible for color vision. 

S, Photographic Film 

The millions of years spent in evolving the human eye have yielded a 
device with a high level of performance over an enormous range of light 
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intensities. The one hundred or more years spent in the development of 
photographic film have resulted in the same level of performance but 
confined to a very narrow range of light intensities. With adequate 
light, pictures produced photographically are remarkable for their uni¬ 
formity, resolution, rendition of tonal values, and freedom from distor¬ 
tions and spurious effects. As the scene brightness is reduced, however, 
a relatively sharp threshold is reached below which no photograph, not 
even a poor one, is obtained. This abrupt departure from ideal per¬ 
formance results mainly from the fact that more than one absorbed 
quantum is needed to make a photographic grain developable. When the 
density of absorbed quanta falls below the density of grains, the proba¬ 
bility that more than one quantum will be absorbed by a grain rapidly 
approaches zero. If film could pool its grains, as the eye does its retinal 
elements, it also could continue to record pictures and maintain its 
performance level at low lights. 

A given film departs from ideal performance, but more slowly, also 
towards high lights. This departure becomes clear if one first exposes a 
film so that about half its grains are rendered developable, that is, to a 
latent density of about 0.3. Now, if the film is exposed further, at least 
half of the new exposure is wasted on grains that have already been made 
developable. As the exposure continues, the waste increases and so does 
the departure from ideal performance. The finite number of grains, and 
correspondingly finite signal-to-noise ratio, further restricts the approach 
to ideal performance at high lights. 

The relatively sharp threshold towards low lights and the progressive 
inefficiency of exposure at high lights leads to an optimum of performance 
for a given film in the neighborhood of a density of 0.3. This optimum 
can be shifted along the scene brightness scale (Fig. 6) by choice of films 
with different grain sizes. A given film, however, for fixed values of lens 
speed and exposure time, has a rather narrow working range. 

To locate the curve for Super XX film shown in Fig. 6, data from 
Jones and Higgins giving the measured signal-to-noise ratios as a 
function of area on the film and film density were used. Also, a lens 
diameter of 0.3 inches and an exposure time of 0.2 seconds were selected 
in order that the depth of focus and speed of operation be comparable 
with the same properties of the eye. A different choice of lens diameter 
or exposure time would not change either the shape of the curve or its 
vertical position on the performance scale. It would merely shift the 
curve rigidly along the brightness axis. Because the location of the 
point of departure from ideal performance at the low light end depends 
upon the relative density of light quanta and grains at the film, it is 
necessary also to specify the focal length of the lens. This insures a one 
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to one correspondence between scene brightness and illumination at the 
film. The focal length is chosen to give a commonly used angle of view of 
25®. Thus, for 35-mm. film, the vertical height of whose picture is about 
16 mm., the focal length would be 1.5 inches. Another choice of focal 
length would, like variations in lens diameter or exposure time, only shift 
the curve rigidly along the brightness axis. 

3. Television Pickup Tubes 

The following tubes have been selected from amongst a great variety 
of possible tubes, first because they have all been realized and put into 
service, and second because historically and logically they represent 
successive steps towards attaining ideal performance. A more detailed, 
discussion of the mechanics of their operation can be found in the cited 
references, or in Zworykin and Morton, qj. recent summary by 
Zworykin and Ramberg.^® 

To compute the pickup tube curves, a lens diameter of 0.3 inches and 
an exposure time of 0.2 seconds were uniformly chosen for ready compari¬ 
son with the eye. Also, the focal length of the lens was selected to give 
an angle of view of 25°. 

It is interesting to note that the choice of 0.2 seconds for the exposure 
time is not inconsistent with the usual television frame time of 0.03 
seconds. This longer exposure time is set by the final observer at the 
kinescope. The human eye, for example, integrates about six successive 
television frames in its storage time of 0.2 seconds. The same holds for 
the viewing of motion picture film. The result is an improved signal-to- 
noise ratio over what one would have gotten if he actually observed 
separate frames. 

It is well to point out also that for pickup tubes the focal length of 
the lens may in general be varied with no effect on the shape or position 
of their performance curves, providing the linear size of target is varied 
in the same proportion. This differs from film for which the intensity of 
illumination rather than the total illumination on the target is critical. 

a. Image Dissector, The image dissector (Fig. 7) (Farnsworth, 
Larson and Gardner^®) rapidly attained the theoretical limit of perform¬ 
ance for nonstorage type pickup tubes. Since, however, the lack of 
storage already puts this limit about five orders of magnitude (number of 
separate picture elements) below that for storage type tubes, the image 
dissector is confined to applications where sensitivity is not important. 
The transmission of motion picture film or slides is one such application. 

The operation of the image dissector, except for its lack of storage, is 
an excellently simple example of the counting process that is the ultimate 
basis of all picture pickup devices. The picture to be transmitted is 
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focused on a conducting photocathode. The photoelectrons are then 
focused at 1:1 magnification at the other end of the tube. Here the tube 
is closed except for a small aperture, the size of the desired picture ele¬ 
ment. The entire picture is deflected across the aperture so that the 
aperture can explore each portion of it every thirtieth of a second. The 
electrons that pass through the aperture are multiplied by an electron 
multiplier whose gain can be high enough to count individual electrons. 
At any one moment, the electrons from only one picture element pass 
through the aperture. If one counts the total number of electrons that 
pass through the aperture in the time it takes to scan a picture element, 
that number is a measure of the signal and its square root is actually the 



Fig, 7.—Image dissector. 


signal-to-noise ratio referred to a picture element. It is also the signal- 
to-noise ratio that would be measured in the conventional manner by 
observing the current and noise power with appropriate meters. 

In addition to the five orders of magnitude loss in performance due 
to lack of storage, the image dissector is down another two orders of 
magnitude (as are all the other pickup tubes) because its photocathode 
has a quantum yield of about 0.01. The resulting curve in Fig. 6 shows a 
constant level of performance over its full light range, but seven orders 
of magnitude down from the theoretical maximum. 

b. Iconoscope. The iconoscope (Fig. 8) (Zworykin, Morton, and 
Flory**) made the important step of introducing storage into pickup 
tubes. Although the iconoscope does not make full use of storage and 
is somewhat handicapped by a characteristic nonuniform shading pattern, 
it made possible the transmission of high quality “live” pictures. In 
fact, one of the very elements in its operation that is responsible for its 
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ineflSciency also leads to a reproduction of tonal values that has been 
difficult for other more sensitive tubes to match. This element is the 
incomplete collection of photoemission at high lights. 

The optical image to be transmitted is focused on a photosensitive 
and insulating target. A charge pattern is stored which, when scanned 
by a constant current beam of electrons, modulates the escape of the 
secondary electrons. An amplifier is connected to the signal plate on 
the backside of the target and observes the variations in escape of 
secondary electron current. Equilibrium potentials are maintained by a 



rather involved process of redistribution of some of the secondary elec¬ 
trons over the target. While the saturated photosensitivity of the target 
may be about 10 microamperes/lumen, the operating photosensitivity 
is much less owing to lack of saturation. The operating photosensitivity 
is only 1 or 2 microamperes/lumen at low lights and a third to a tenth of 
that at high lights. Further, the noise associated with the picture is not 
the noise in the escaping stream of secondary electrons but the much 
larger fixed noise characteristic of the amplifier. Thus, low-level signals 
(or low counts) are obscured proportionately more than high-level signals. 
For this reason, the performance curve (Fig. 6) rises towards the high¬ 
light end. 
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To compute the performance curve for tl^e iconoscope, its known 
signal-vs. light curve was used together with the noise current value 
(2 X 10”® amperes) for a television amplifier with a pass band of 5 Me. 
A more accurate appraisal would take into account the fact that the 
noise is not uniformly distributed over the pass band but isTpeaked at the 
high frequencies. The effective noise current may accordingly be as 
much as a factor of 3 lower (Schade^). 

The combination of a 0.3-inch lens diameter and a focal length of 9 
inches (for 25® angle of view) leads to a lens speed of //30 and also to the 
location of the iconoscope curve at exorbitantly high values of scene 
brightness. This is legitimate for the present purpose of showing what 
scene brightness the iconoscope would need if it were to match the depth 



Fig. 9.—Image iconoscope. 


of focus of the eye. In practice, however, the lens diameter is opened 
up at the expense of depth of focus in order to bring the operating curve 
down to reasonable values of scene brightness. 

c. Image Iconoscope, The image iconoscope (Fig. 9) (lams, Morton, 
and Zworykin^’^) differs from the iconoscope by having an electron image 
rather than an optical image focused on the target. The electron image 
originates from a conducting photocathode on which the optical image is 
focused. Sensitivity gains are realized because the conducting photo¬ 
cathode can be made more sensitive tha^ the insulating target surface 
and because the electron image is amplified by secondary emission at the 
target. The resultant sensitivity is five to ten times that of the icono¬ 
scope. For the rest, its operation is substantially that of the iconoscope. 
Its performance curve lies in the immediate neighborhood of that for the 
orthicon, which is about to be described. Its curve is not included in 

Fig. 6. 

As mentioned earlier, the same limit of pickup tube sensitivity may 
be reached by multiplication of the electron image as by multiplication 
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of the signal current delivered by the scanning beam. It has been 
technically more convenient, however, to get large gains by the latter 
process. 

d. Orthicon, The orthicon (Fig. 10) (Rose and lams^®) avoided two 
prominent limitations of the iconoscope and at the same time introduced 
problems peculiar to its own design. The spurious shading pattern and 
the incomplete utilization of storage of the iconoscope both result from 
the complex redistribution of secondary electrons generated by the high 
velocity scanning beam. It was well recognized that a low velocity 
scanning beam would avoid these defects. Electrons from the scanning 
beam would then be deposited only where a positive picture charge 
pattern existed and in an amount equal to the positive charge. There 
would be little or no interchange of electrons between parts of the target. 



Also, a strong collecting field could be set up to saturate the photo 
emission from the target. 

While the virtues of a scanning beam of low velocity electrons were 
known, it was also appreciated that such a beam was difficult to control. 
The beam could easily be defocused or deflected by stray charges in the 
tube and even by the picture charge on the target. Further, the beam 
had to be deflected in such a way that its angle of approach to the target 
was at least uniform, and preferably perpendicular, over all parts of the 
target. The orthicon, by its use of a uniform magnetic focusing field 
extending the full length of the tube, presented one useful solution to 
these problems. In the earlier tubes, the slow speed vertical deflection 
was accomplished by a pair of deflection coils while the high speed hori¬ 
zontal deflection made use of a pair of specially shaped plates. Improve¬ 
ments in deflection circuits made possible a later and simpler design in 
which both vertical and horizontal deflections were carried out with 
deflection coils. 

As in the iconoscope, the optical image is focused on a photosensitive 
and insulating target surface. A positive charge pattern is thereby 
built up and stored. The scanning beam approaches the target at near 
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zero velocity. Where no positive charge is present (dark parts of the 
picture) the beam reverses direction without striking the target. Where 
positive charge is present, some of the electrons in the beam land on the 
target and in an amount just equal to the positive charge. The semi¬ 
transparent signal plate on the opposite side of the target records the 
fraction of the beam current that lands and passes this information on 
to a television amplifier. 

The signal out of the tube is proportional to the incident light inten¬ 
sity. The curve extends from low signals whose threshold character is 
determined by the noise of the television amplifier up to a signal value 
more or less well defined by the need for maintaining picture quality. 
That is, at very high lights the scanning beam tends to be defocused and 
deflected by potential differences on the target. 

The transmitted picture is free from spurious shading patterns. This 
fact, in combination with the linearity of the signal vs. light curve, has 
recommended the tube for picking up low-light, low-contrast scenes. On 
the other hand, difficulty has been encountered in trying to squeeze 
scenes with a wide range of contrasts into the limited signal range of the 
tube. Another operating problem results from the fact that the cathode 
potential of the target is a metastable potential. A sudden bright flash 
of light can charge the target up to the point where it is locked by the 
scanning beam at the relatively stable level of anode potential. A finite 
and objectionable amount of time is required to return the target to 
cathode potential. 

To plot the orthicon curve in Fig. 6, a target photosensitivity of 5 
microamperes/lumen was assumed together with a focal length of 4.5 
inches for the 0.3-inch diameter lens. The vertical height of the target 
is about two inches. The same television amplifier noise current was 
used as for the iconoscope to compute signal-to-noise ratios. 

Mention should be made here of experimental orthicons that have 
been designed using electron multiplication of the return part of the 
scanning beam current. Higher sensitivities and signal-to-noise ratios 
have been obtained at some sacrifice of target stability at high lights. 

e. Image Orthicon, The image orthicon (Fig. 11) (Rose, Weimer, 
and Law^®) has incorporated many of the useful operating characteristics 
of the image dissector, iconoscope, image iconoscope, and orthicon into one 
tube. It has the freedom from amplifier noise of the dissector, the high¬ 
light stability of the iconoscope, the sensitivity increment of the image 
iconoscope, and the linearity of response and substantial avoidance of 
spurious shading at low lights of the orthicon. The area under its 
performance curve* (Fig. 6) is considerably larger than that under any 

* For effective operation at low lights the target capacitance of the image orthicon 
should be reduced from its optimum value for high lights. 
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of the other pickup tubes or under Super XX film but still considerably 
smaller than the area under the eye curve. «Over a small range of its 
performance curve, its 6 value from eq. (8) is closely equal to the B value 
for its photocathode and also to that for the eye. In other words, it 
successfully counts all absorbed quanta and achieves ideal operation. 
Towards low lights the counting process becomes obscured by propor¬ 
tionately more and more spurious counts from unused electrons in the 
scanning beam and the curve drops away from ideal performance. 
Towards high lights its signal remains constant with increasing light and 
again its performance curve departs from ideal performance. Another 
nonideal characteristic of the tube, and one that cannot be conveniently 
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shown on Fig. 6, is that only the high-light portions of a given picture are 
properly represented by this curve. The low-light portions of the picture 
fall along a line of about a 45° slope whose upper end is fixed by the curve 
in Fig. 6. This is another way of stating that the absolute noise content 
of the low-light parts of a picture is the same as that for the high lights. 
For ideal operation the absolute noise content of each part of a picture 
should be a function of the brightness of that part and in particular should 
decrease with decreasing brightness. 

A rapid trip through the tube will perhaps clarify some of the above 
points. The optical image is focused on a semitransparent conducting 
photocathode whose sensitivity, in general, can be made higher than that 
of an insulating target. The resulting photoelectrons are focused by a 
uniform magnetic field and accelerated to about 300 volts at which 
velocity they strike the back side of a two-sided target. Here, by virtue 
of a secondary emission ratio greater than unity, an amplified positive 
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charge pattern is formed on the target. The secondary electrons are 
collected by a fine mesh screen located very close to the target. The 
potential of this collector screen also limits the potential to which the 
target can be charged by the picture. Stability at high lights is thereby 
achieved as well as the leveling off of the signal vs. light curve. The two- 
sided target is a thin sheet of glass. It is thin enough so that the scanning 
beam on the other side of the target can clearly see the picture charge and 
deposit, as in the orthicon, an equal amount of negative charge. The 
resistivity of the glass is adjusted so that these two charge patterns of 
opposite sign continuously unite and neutralize each other by conduction. 
The part of the scanning beam that is not deposited on the target returns 
to an electron multiplier located at and around the electron gun. The 
gain of the multiplier is high enough to raise the signal and noise level of 
the electron beam above the noise level of the amplifier to which the tube 
is connected. While the actual gain of the multiplier may be about five 
hundred, the useful gain (useful for sensitivity) varies from about twenty 
for high-light pictures to several hundred for low-light pictures. 

From this description it can be seen that when all the photoelectrons 
are stored on the target (as positive charges by secondary emission) and 
when most of the beam electrons also land on the target to neutralize 
the photo charge, the tube can make a fairly accurate count of the number 
of absorbed quanta. Under these conditions its operation and per¬ 
formance are ideal. At very low lights, however, only a small fraction 
of the beam electrons, for electron optical reasons, are useful for counting 
charges on the target. The rest contribute a background noise that 
obscures the desired count. At high lights, not all the photoelectrons 
are stored on the target. They could be if the potential of the fine 
mesh screen collector were made arbitrarily high. But to preserve pic¬ 
ture quality, this potential is kept at a reasonably small value limiting 
the amount of charge that can be stored. 

To compute the image orthicon curve in Fig. 6, a photocathode sensi¬ 
tivity of 10 microamperes/lumen was taken and a focal length of 3 inches. 
Lens diameter and exposure time, as for the other devices, were set at 0.3 
inches and 0.2 seconds respectively. 

4. Discussion of Performance Curves 

The method of plotting and the curves in Fig. 6 are not the most 
convenient for deciding what pickup device should be used for specified 
applications. Such would be the case if the performance curves for all 
of the devices were ideal and if there were no questions of ranges of 
contrast and angular size to be reproduced, spurious signals, freedom 
from distortion, stability, size, and so on. The departures from ideal 
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perfonnance, however, and the need for satisfsdng many side conditions 
make the choice of a device for a given purpose a matter for careful 
compromise. 

Fig. 6 was designed to emphasize these points: 

(1) The gap between the performance of actual pickup devices and 
maximum theoretical performance. 

(2) The relatively large range and high level of performance of the eye. 

(3) The relatively narrow ranges and generally low level of perform¬ 
ance of pickup devices other than the eye. 

(4) The inadequacy of defining the sensitivity of nonideal devices 
by a single number. Such a number has meaning only for a specified 
scene brightness or at most a small range of brightnesses. In general, 
other qualifications also need to be stated. 

(5) The simplicity of the sensitivity scale for ideal devices. A single 
number, the quantum efliciency of the primary photoprocess, suffices 
(see dotted line marked 6 = 0.1). 

The items just listed are easily assessed by inspection of Fig. 6. 
Fig. 6 does not, however, suggest the steady improvement of picture 
quality that accompanies increased scene brightness. If Fig. 6 were 
rotated through 45° so that the line for ^ = 1 sloped upwards, the desired 
effect would be obtained. The same would result if BO instead of B, 
alone, were used to measure performance. In Fig. 12, the curves of 
Fig. 6 are replotted using Bd for the vertical axis. On this figure, the 
various levels of performance, 0 = 1,^= 10“^, B = 10~2, etc. would be 
marked out by lines parallel to the line marked 0 = 1 but shifted one 
order of magnitude to the right each time. Also on this figure, and this 
is its purpose, a horizontal line marks out a line of equal picture quality. 
By way of example, a horizontal line drawn at BB = 10“^ intersects all 
of the curves at different scene brightnesses. Its meaning may be stated 
as follows: The picture that the eye sees at 1 foot-lambert could be seen 
also by an ideal device with 0 = 1 at lO”^ foot lamberts; by an image 
orthicon or by Super XX at 2 foot-lamberts, by an orthicon at 200 foot- 
lamberts, by an iconoscope at 600 foot-lamberts and by an image dissec¬ 
tor at 10® foot-lamberts, all of these devices having the same exposure 
time and depth of focus as the eye. It is seen here immediately that if 
one had chosen to draw the horizontal line at another value of B0, the 
relative sensitivities of the various devices, owing to their departures 
from ideal performance, would not have been the same. 

Consider another horizontal line drawn tangent to the highest point 
on the Super XX curve. This also intersects the eye curve at about 3 
foot-lamberts and says that the picture quality seen by the eye at 3 foot- 
lamberts matches the best quality that Super XX can transmit. By 
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quality here is meant half tone discrimination or signal-to-noise ratio. 
If the eye, then, looks at motion pictures taken with 35-mm. Super XX 
and if the picture subtends an angle of 25° at the eye, the eye will not be 
critical of the shortcomings of the film, providing the motion picture 
screen brightness is 3 foot-lamberts or less. If the screen brightness is 
raised, the discrimination of the eye exceeds that of the film and the eye 
becomes conscious of the noise or graininess of the film. Since motion 
picture screen brightnesses are nearer 10 than 3 foot-lamberts, finer 



Fig. 12.—Performance curves of Fig. 6 replotted with BB as ordinate. 


grained films requiring higher scene brightnesses than Super XX are 
used for good quality pictures. 

The same considerations hold in somewhat exaggerated form when, 
for example, the eye looks at kinescope pictures whose brightness may be 
around 50 foot-lamberts and the pictures are those transmitted by an 
image orthicon picking up a scene whose brightness may be only a few 
foot-lamberts. If the television camera were to match the depth of focus 
of the eye, the resultant kinescope pictures would be exceedingly noisy. 
The eye would in a sense be looking at its own foot-lambert-quality 
pictures with a sense of discrimination corresponding to tens of foot^ 
lamberts. If the eye could accomplish this feat more directly it would 
indeed be critical of its own low light performance. Presumably, the 
brightness or gain controls in the eye are more nicely matched to the eye’s 
performance than are the arbitrarily variable knobs on a television 
receiver. 
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The conditions outlined above—^namely, observer looking at a bright 
kinescope and camera looking at a dim scene—can still result in noise-free 
pictures if the camera lens is opened up at the expense of depth of focus. 
This is generally a quite acceptable compromise. The alternative solu¬ 
tion, a more sensitive camera, hangs chiefly on the development of more 
sensitive photocathodes. And all too little is known of the workings 
of present photosurfaces, let alone improved ones. 

The problems of noise visibility just discussed arise frequently and in 
varied form. They can lead to particularly complex analyses when 
many parts of a system must be considered. A method of analysis that 
has wide applicability and that avoids these complications will be out¬ 
lined in a following section. Another sensitivity problem will be dis¬ 
cussed here first. 

In a recent paper (Rose^^) the writer evaluated a figure of merit 
designed to give the relative sensitivities of photographic film and the 
human eye. The ratio was about 200:1 in favor of the eye and was based 
essentially on the facts that the scene brightness and lens area for the 
motion picture camera that records pictures are each about ten times the 
screen brightness and lens area for the observer who views them. This 
ratio (200) would appear to be inconsistent with the curves in Fig. 12 
which show film approaching closely the performance of the eye at least 
near the low-light end of the film curve. A major part of the discrepancy, 
however, appears to be removable if due account is taken of the relatively 
sharp threshold for film. For example, if an observer and a motion 
picture camera both look at a scene whose high lights lie at the point 
where the curves for eye and film in Fig. 12 are closely matched, these 
high lights will be reproduced approximately with equal quality. But 
the low lights of the scene will appear black on the film by virtue of its 
sharp cut off, while for the eye they will appear with many shades of 
grey. In fact, the eye very seldom sees true blacks in a scene. If the 
range from high lights to low lights in the scene is of the order of a 
hundred fold, the camera would need the same order of increase of scene 
brightness or exposure in order to avoid rendering black what the eye 
normally sees as grey. There are other considerations, such as the 
gamma of the final photographic print, that influence the relative amounts 
‘Bf light required in taking and in viewing motion pictures, but the above 
orgument would appear to offer the largest factor. 

VIII. A Criterion for Noise Visibility 

Noise in a television picture is common enough to be familiar to 
almost any one who has looked at television pictures. The counterpart 
of noise in a television picture is graininess in photographic film. But, 
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to the casual observer of motion pictures, graininess is neither frequent 
nor prominent. That is mainly because film is viewed under conditioils. 
more carefully controlled than they are for television pictures. Increase 
the brightness of the motion picture screen, or let the observer come 
arbitrarily close to the screen, or use the ‘fastestfilm material and 
motion picture graininess would be as common as television noise. 
Whether or not the usual observer is aware of graininess in the pictures 
he witnesses, is not of primary importance in this discussion. What is 
to the point is that the existence of graininess has already imposed its 
restrictions on the brightness of motion picture screens, the minimum 
approach to such screens, and the scenes that one chooses to photograph. 
Again, it would be even more difficult to find observers who agreed that 
they were annoyed by fluctuations in their own visual processes. Yet 
there is good reason to believe that such fluctuations do limit what can 
be seen. In brief, the performances of the several devices—television 
pickup tubes, photographic film, and the eye—are circumscribed by noise, 
more or less prominently displayed. When two or more of these devices 
are combined into a system, it is desirable to be able to assess the relative 
noise contributions of each. 

But, in a system involving a scene of variable brightness, a camera of 
specified performance and adjustable optical geometry, a receiving screen 
of variable size and brightness and an observer at an arbitrary viewing 
distance, the problem of locating the particular noise source that con¬ 
stitutes the bottle-neck for performance is not, in general, a simple one. 
For many problems of this type, however, a method of analysis which 
is at least conceptually simple, and usually operationally so, will be 
described. It is especially applicable to systems whose components show 
ideal performance. 

The principle of the method may be outlined by considering a multi¬ 
stage electron multiplier. The signal-to-noise ratio coming out of such a 
multiplier is very closely the signal-to-noise ratio of the electron stream 
entering the multiplier. For any normal multiplier this is true. The 
noise contribution of the separate stages, especially for high gains per stage, 
is negligible. Suppose, however, that a stage somewhere in the middle 
of the multiplier turned out to have a gain less than unity. The signal- 
to-noise ratio out of the multiplier would still not be affected providing 
that the product of the gain of this stage and the total gain of all preced¬ 
ing stages was greater than unity. If this product were less than unity, 
the output current of the low gain stage would then determine the signal- 
to-noise ratio out of the multiplier. Or, generally, if one measured the 
electron currents coming into each stage of the multiplier the lowest of 
these currents would determine the final signal-to-noise ratio. 
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Similarly, the many transformations through which a picture element 
of the original scene goes before it emerges as a picture element in the 
brain of the final observer may be regarded as multiplierlike stages having 
various gains. The problem of finding the noise bottleneck in such a 
system becomes one of finding the smallest stream of particles or events 
representing the original picture element. An illustration of the method 
of analysis follows. 

Fig. 13 shows schematically the elements of a system from scene 
through pickup tube and receiver to the final observer. Nine points of 
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Fig. 13.—Chronicle of a picture element from the original scene to the brain of the 

final viewer. 


interest are marked out. At each point, the number of ‘'events^’ repre¬ 
senting an element of the original scene is indicated algebraically. At the 
bottom of the figure the numbers are arranged in a qualitative plot. 
Starting from an element of the original scene, No quanta are emitted per 
second in a lambert distribution. No sin^ of these quanta pass through 
the pickup tube lens whose half angle subtense at the scene is 0i. At the 
photo surface of an ideal pickup tube, the No sin^ quanta are converted 
into a still fewer number {diNo sin^ <^i) of photoelectrons, 6i being the 
quantum yield of the surface. The pickup tube multiplies these signal 
electrons by the factor Gi, which is large enough that noise in the cir¬ 
cuits connecting pickup tube and receiving tube may be neglected. 
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These circuits further amplify the signal current by the factor 62 so 
that the number of electrons in the receiving tube that represent the 
original element is about a thousand times greater than the number 
leaving the photocathode of the pickup tube. All of the gain factors are 
assumed to be constants characteristic of a linear* system. The electrons 
in the receiving tube strike a luminescent screen and are converted into 
about 300 times as many light quanta. Gz is this factor. If the quanta 
from the luminescent screen also follow a lambert distribution, the num¬ 
ber passing through the eye lens is a small fraction, sin^ <^ 2 , of the total 
number. Only a fraction 62 of those entering the eye are usefully 
absorbed at the retina. 62 is the quantum yield of the retina. Finally, 
some sort of gain element must amplify the effect of these absorbed 
quanta before they can generate the nerve pulses carrying information 
to the brain. 

It is seen from the plot in Fig. 13 that there are two low points, one 
at the photosurface of the pickup tube and the other at the photosurface 
of the eye. If the pickup tube point is lower than that of the eye, the 
observer sees pickup tube noise on his receiving tube screen and the 
system performance is limited by the pickup tube. For the reverse 
order, the received picture is judged noise free and the system perform¬ 
ance is limited by the eye. Technical economy would suggest a close 
match between limitation by eye and tube. 

Fig. 13 shows also how the transition from a noisy to a noise-free 
picture can be made simply by decreasing the screen brightness at the 
receiving tube or by increasing the viewing distance. For the particular 
case in which the two brightnesses, angular subtenses and quantum yields 
are made equal, the pickup tube becomes in fact a transposed eye. 

IX. Intelligence vs. Bandwidth and Signal-to-Noise Ratio 

In the introduction to this paper, the phrase ‘‘bits of information 
was used to characterize the intelligence transmitted by a pickup device. 
This usage was not by way of popularizing otherwise technical verbiage 
but rather to emphasize the finite character of the intelligence. That is, 
only a finite number of spatially separable elements and only a finite 
number of half tone steps per element are recognizable in a picture having 

* For a nonlinear system, the visibility of noise on the receiving tube screen is 
proportional to the gamma of the system. The gamma of the system does nof, how¬ 
ever, vary the signal-to-noise ratio and, therefore, the intelligence transmitted. These 
statements are not to be confused with the arrangement of low gamma transmitter 
and high gamma receiver, which is designed to minimize the effects of noise picked up 
in transmission. The present discussion assumes that such noise may be made 
negligible. 
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a specified signal-to-noise ratio. In fact, one can easily count the total 
number of possible pictures that can be compounded out of n separate 
elements and m half tone steps per element. That number is m". On 
the other hand, the capacity of a system, having a bandwidth A/ and a 
signal-to-noise ratio /?, for transmitting intelligence may also be measured 
by the total number of different pictures it can transmit. This number 

/jA^TAf 

by the same reasoning is ( ^ ) where k is the threshold signal-to-noise 

ratio and T is the time for one picture. Thus for each of the 2TAf 
separable elements of time assigned to a picture there are R/k distin¬ 
guishable values of signal amplitude that may be selected. Let the 
desired number of pictures be set equal to the number of different pictures 
that the system can transmit: 


/RyTLf 


(9) 


The solution of this equation for Af yields: 


m log m 
2T , /R\ 


( 10 ) 


Eq. (10) says that when the signal-to-noise ratio is just large enough for 
the discrimination of the desired number of half tone steps, namely, if 
R 

T 7 = m, the bandwidth has its customary value of half the number of 


picture elements per second. If, on the other hand, the signal-to-noise 
ratio is larger than it need be for half tone discrimination, the bandwidth 

may be reduced by the factor ^ specifically designed mecha¬ 

nism is needed, however, to effect this reduction. 

A final comment should be made concerning bandwidths in excess of 
that needed to transmit the intelligence content of a picture. An over¬ 
size bandwidth does no particular harm to the picture transmitted by an 
ideal device. The noise content of such a picture is set by the picture 
itself and not by the bandwidth of the associated circuits. An exag¬ 
gerated example of this is the series of photographs in Fig. 6. Here the 
bandwidth was about 5 “megacycles'^ while the picture content, for some 
of the shorter exposures, needed only a few kilocycles to convey sub¬ 
stantially all of its information. Of course, wider bandwidths make it 
more difficult to transmit a picture without picking up noise in the trans¬ 
mission comparable with noise in the original picture. 


♦ This reciprocity of bandwidth and signal-to-noise ratio (or its logarithm) was 
pointed out to the writer several years ago (1944) by Dr. G. A. Morton of RCA 
Laboratories Division. 
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Another example, effectively, of extremely wide band transmission 
is found in the photographic process. Using a microscope one can see 
the separate photographic grains whose size is of the order of a micron. 
Under normal conditions of viewing, however, the eye can see only ele¬ 
ments larger than about 25 microns. That is, the eye sets the effective 
bandwidth at less than 1 % of the capacity of the film. In fact, it is of 
no great consequence whether the eye can see the limiting resolution of 
film or not. The intelligence contained in elements near the limiting 
resolution of film is relatively small by virtue of the inherently low signal- 
to-noise ratio of these elements. For this reason it is not sensible to 
compare without qualification the number of lines of a television picture, 
for which number of lines the signal-to-noise ratio may be as high as 
needed, with the limiting resolution of film where, by definition, the 
signal-to-noise ratio approaches zero. A valid comparison must depend 
on relatively subjective tests which in turn are a critical function of pic¬ 
ture content. Such tests and analyses have been carried out by Bald¬ 
win®^ and, more recently, in an extensive and thorough investigation by 
Schade.^ Schade has found, for example, that equal picture quality can 
be transmitted by a television system having a number of scanning lines 
equal to half the limiting resolution of a grainy film. 

Oversize bandwidths, while not penalizing the performance of an ideal 
device, do deteriorate the rendition of blacks and greys by a device, like 
the orthicon or iconoscope, for which amplifier noise is the limiting 
noise source. 

X. Concluding Remarks 

Lest the original purpose of this discussion not be recognizable in its 
elaboration, it is here restated. Because the final limitations of pickup 
devices are clearly and simply set by the quantum nature of light, because 
these limitations have not been widely discussed, and because the particu¬ 
lar devices in the new and rapidly developing field of television are of less 
interest for the mechanics of their operations than they are as markers in 
the approach to ideal performance, the emphasis throughout has been on 
the setting up of an absolute scale of performance according to which the 
many and diverse pickup devices can be oriented. This approach is 
particularly needed because the eye, photographic film, and television 
pickup tubes are being called upon more and more frequently to critically 
pass upon each other^s performance. 
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1. Introduction 

The application of electron optical principles to problems of electron 
and ion beam formation has become a well-established procedure. A 
general theory of electron and ion lenses exists which may be applied to 
any kind of special field having rotational symmetry about an axis. 

Problems of beam deflection have not, however, received the same 
systematic kind of treatment. Many different methods have been used 
in dealing with the motion of charged particles through such fields which 
perform the function of electron and ion prisms. 

It is the purpose of this paper to give a unified presentation of the 
theory of prisms using electron optical methods throughout and to discuss 
a number of designs of prisms having improved properties. 

Electric and/or magnetic deflection type fields are used in cathode 
ray and television tubes and ion traps for such tubes, beam-deflection 
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amplifiers, scanning type electron microscopes, mass spectrometers, 
microanalyzers, beta-ray spectrometers, and cyclotrons, to name only 
the more important devices. In the first four instruments, the angle 
through which the beam is deflected is considerably smaller than that in 
the other four devices. 

It will be shown that beam-focusing effects are invariably associated 
with the deflection which is produced by simple fields and that these 
focusing effects increase with the angle of deflection. Such effects are 
ordinarily undesirable in small-angle deflection devices while they are 
extremely useful in instruments employing large-angle deflection. It is 
not necessary to point out further differences between the various 
instruments since they do not result in different methods of theoretical 
procedures. 

The most important electron-beam device employing small-angle 
deflection is the cathode ray tube. The terminology used in the first 
chapter of this paper is chosen to apply directly to the cathode ray tube. 
The application of the small angle deflection theory to devices like ion 
traps, linear mass spectrometers, and scanning-type electron microscopes 
will be obvious. The theory of large angle deflection, outlined in section 
III, will apply to mass spectrometers, beta-ray spectrometers, and 
microanalyzers. 

II. Small-Angle Deflection 

The two simplest types of deflection fields are the uniform electric 
field and the uniform magnetic field.* Fig. 1 shows a pair of parallel 
metal plates symmetrically displaced about the axis along which an 
electron beam travels with a speed corresponding to a voltage of V 
volts. The electrodes are connected to a potential source which brings 
the upper plate to the potential (<f> + iV) volts and the lower plate to 
(0 “ iF) volts. The electrostatic field between the plates will be nearly 
uniform over a large area if the linear dimensions of the plates are large 
compared with the distance between the plates. 

Fig. 2 shows an arrangement of pole pieces which produces a nearly 
uniform magnetic field if the linear dimensions of the pole pieces are large 
compared with the distance between them. The pole pieces are energized 
by coils of an electromagnet through which a current of 7 amperes passes. 
The magnitude of the displacement of the beam at the target (e.g., a 
fluorescent screen) may readily be computed. If the results are applied 

* Deflection fields as used in cathode ray and television tubes are var3dng periodi¬ 
cally in time. Ordinarily these fields may be considered as static since the fields do 
not change appreciably during a time interval equal to the transit time of the electrons 
passing through ’the field region. 
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to actual deflection fields, large discrepancies between calculated and 
measured values are observed. This is due to the fact that actual fields 
are nonuniform. If now the mathematical methods are improved so 
that fringe fields can be taken into account, it is found that a displace- 



Fig. 1. —Electrostatic deflection system consisting of two parallel plates. 



Fig. 2. —Magnetic deflection system consisting of two parallel pole pieces energized 

by an electromagnet. 

merit is not strictly a linear function of the deflection voltage or current 
and that it depends on the initial position and direction of motion of the 
electron before entering the deflection fields. The explanation of the 
so-called pattern and spot distortions, observed in cathode ray and 
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television tubes, may be based on the two mentioned properties. A 
pattern is produced by the simultaneous action of two mutually per¬ 
pendicular deflection fields varying independently in strength. If the 
deflection voltages are proportional to the parameters of the information 
which is to be made visual on the screen of the cathode ray tube, the 
image will not give a true graphical presentation if the deflection is a non¬ 
linear function of the deflection voltage. Spot distortion is most objec¬ 
tionable in television tubes, since it results in a loss of resolution in the 
outer portions of the television image. Different parts of the electron 
beam have different initial conditions and hence are deflected by differ¬ 
ent amounts. Spot distortion would exist even if the target surface were 
spherical with a radius equal to the distance from the center of the 
deflection system to the screen. 

In order to derive mathematical expressions for the defocusing and 
distortion effects, the path of an electron through the electromagnetic 
deflection field must be determined. The field distribution of defiection 
fields used in practice is, in general, too complicated to permit an integra¬ 
tion of the equation of motion in terms of elementary functions. In 
general, therefore, methods of successive approximation must be applied. 
Such a procedure was followed by Picht and Himpan,^ Wendt,^ and 
Hutter®'^ for various kinds of deflection fields. In order to solve the 
equations of motion of an electron through electromagnetic fields by such 
methods it is necessary to develop series expressions for the field-strength 
distribution of the fields. 


1 . Field Distributions 

A vector field distribution S{xj y, z) which satisfies the conditions that 

curl S = 0, div 8 = 0, (1) 

may be expressed as the negative gradient of a scalar potential function 
Hx, V, z), i.e., 

S = — grad lA- (2) 


This function satisfies LaPlace’s equation, 
dx* ''' dz^ 


( 3 ) 


Assuming that such a potential distribution is symmetrical about the 
yz plane, i.e.. 


Hx, y, z) = H-x, y, z), 


( 4 ) 
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an infinite series for in powers of z and y would be of the form: 

0 ... * 

yl/(x, y,z) = ^ Sin„{z) • x®“ • jr. (5) 

m,n 

Substituting yp in eq. (3) yields a recurrence formula for the coefficients 
Sinym- If use is made of such a formula and the coefficients S 2 »,o and 
S^nyi are renamed 

S 2 n ,0 = ^^ 2 n, £' 2 n,l = Piny ( 6 ) 

the following series for ^ is obtained: 

Vy «) = ^ 0 ( 2 ) - Pq{z) • y + “ 

- P 2 {z)x^y + HPo'iz) + 2P,(z))y^ + Uz)x^ ~ 

- HH\z) + 12 U^))xY + + 2 ^ 2 "(; 2 ^) - 

- 4 ^ 4 ( 2 :))!/^ - Pa{z) • x'^y + kiPi'iz) + l 2 PA{z))x^y^ - 

“ + 4P2"(2) + 24P,{z))y^ + • • • . (7) 

If x and y are interchanged in eq. (7), a field is obtained which is sym¬ 
metrical about the a: 2 -plane. The potential distribution of a field result¬ 
ing from the superposition of two fields, one symmetrical about the 2 / 2 - 
plane, the other symmetrical about the x 2 -plane, may then be written as 

^(x, y, z) = ^01 + ^02 — Poi 2 / Pq^x — + 2 \^' 2 i) — ^ 22 ]^* — 

[ 7 (^ 02 '^ + 2 \^ 22 ) — ^ 2 i]a:^ — Piix^y — Piixy^ + 

+ i(Poi" + 2 P 2 l)t/» + i(P 02 " + 2 P 22 )x« + [^42 + 

+ + 24 ^ 21 ' — 4^4i)]y^ — [-^(^ 2 /' + 12 ^ 41 ) + 

+ •ff(^ 22 ^^ + 12^42)]x^2/* + [^41 - 1 - + 2 ^ 22 ^^ ““ 

- #42)]a:^ - P 41 XV - P,2xy^ + i(P 2 i" + 12P4i)xV' + 

+ iiPii" + 12PA2)x^y^ — T7Tr(Poi^*^^ + 4P2i" + 

+ 24P4i) 2/^ - T^(r(Po2^*^^ + 4 P 22 " + 24P42)x*^ + 

+ • • • . ( 8 ) 

where ^ 2 n,i and P 2 n,i are the functions determining one field while ^ 2 n ,2 
and Pinyi are the functions determining the other field. , 

The relations derived so far apply to all vector fields and hence may 
also be used to describe electric and magnetic fields. Electric fields are 
ordinarily produced by electrodes connected to potential sources while 
magnetic fields are created by pole pieces of magnetic material or current 
carrying conductors. The coefficients of the infinite series are uniquely 
determined by the boundary conditions, i.e., by the shape, location of the 
electrodes, or current conductors and their potentials and currents. If 
the potentials for two such fields are computed separately as if existing 
alone in free space, it is found that, in general, the true potential distribu- 
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tion of the combined system is not the sum of the potentials of the two 
separate systems. 

The electrodes and/or current conductors, producing one field, dis¬ 
tort the field produced by the second set of electrodes and/or current 
conductors. Induced charges and/or currents cause the field of one 
system to vary if the potentials and/or currents of the other one are 
changed. This effect is termed ''cross-talk.^' Since it cannot be 
tolerated in cathode ray and television tubes, one tries to achieve in 
practice the independence of two deflection systems by separating them 
as much as possible. The potential of the combined system may there¬ 
fore be obtained by adding the potentials of the two deflection systems 
which are computed separately. 

The field strength components of a vector field described by the 
potential distribution eq. (8) are given by: 

^*02 + [(^02^^ + 2 ^ 22 ) “ 2^2i]:r + 2P2ixy + P22y^ *“ 

i(P 02 " + ^P22)x'^ + [rp2l' + 12^41 + 4 ^ 22 ' + 12 ^ 42 ]^^^ “ 

- [#4i + + 2fe" - 4^42 )]x3 + APuX^y + Pny^ - 

- i(P2l" + 12P4i)xt/3 ~ i(P22" + 12P,2)xY + 

+ + 4P22" + 24P42 )x^ + • • • , 

Pol + [(^01" + 24/21) — 24/22]y + P 2 ix^ + 2 P 22 xy - 

- i(Poi" + 2P2i)y^ - [44/42 + + 2^21" - 

~ ^4^ii)Y ~ [(^ 2 /^ + 12 ^ 41 ) + { 4 ^ 22 ' + \24/42)]x’^y + 

+ P4lX^ + 4P42xy^ - i(P2i" + nP4i)xY - 

- i(P22" + \2P42)x^y + A(Poi^^^> + 4P21" + 

+ 24P4i)2/4 

- 1 ^ 02 ' + Poi'y + Po,'x + (^ 01 "' + 2M - 

- \;'22'] 2/' + [i(<Ao2'" + 2 ^ 22 ') - ^2i']x' + Pi/x^y + 

+ P 2 i'xy^ - UP^r 4- 2 F 21 ')!/* - UP 02 '" + 2f 22 ')x=' - 

- [ 1 ^ 42 ' + + 2 ^ 21 '" - 4M]y^ + + 

+ 12 ^ 41 ') + Ui 2 -r + l2M]xY - [ 1 ^ 4 / + ,’t(iA 02 ''^’ + 

+ 2 ,^ 22 "' - 4^42')]a:‘ -+••••/ 

The deflection and deflection defects of a system described by eqs. (8) 
or (9) have never been studied and any attempt to do so would result in 
formulas difficult to interpret. However, the following simpler types of 
deflection systems have been investigated: 



^ 04 ^ 

dx 


64/ 


6z 
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(1) A single, balanced electrostatic deflection field produced by 
electrodes which are infinitely long in the x direction and which are 
parallel to each other. Fields of this type are called twQ-dimensional 
since the field quantities are functions of only two variables. A particu¬ 
lar electrode system producing such a field is sketched in Fig. 3. It 
consists of a pair of parallel plates bent on one end along lines in the 
X direction to make equal and opposite angles with the (x, z) plane. In 
this case, ^oi = 0o = const, all other ^ 2 n,i and ^ 2 n ,2 are equal to zero, 



Fig. 3.—Single, balanced, two-dimensional electric deflection system. The elec¬ 
trode surfaces are generated by infinitely long, straight lines parallel to the x axis. 
The potential is a function of y and z only. 

Poi = E{z) all other P 2 n.i and P 2 n .2 are equal to zero. The electrostatic 
potential v? is given by: 

y, 2) = ^0 - E(z)y + - ThsE^''^(,z)y^ + • • • . (10) 

It follows from eq. (10) that 

vix, y, z) - 00 = -y, z) - 0o. (11) 

Because of this property, the field is called a balanced deflection field. 

(2) Two crossed, balanced electrostatic deflection fields of the t 3 q)e 
described under (1). It is assumed that the two functions Eniz) and 
Em{z) are essentially different from zero in two regions of z which do not 
overlap. The effects of the two fields may then be computed one after 
the other. 

(3) Two crossed, balanced, overlapping elestrostatic deflection fields 
of the type described under (1). The two functions .^ 01 ( 2 ) and En(jt) 
may now be essentially different from zero for the same values of the 
axial coordinate z. In this case, the potential is given by: 
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Vi 2 ;) » 00 — {Eoi{z)y + Eq2(z)x) + ^(Eoi'{z)y^ + Eo2"{z)x^) — 

- Th{Eoi^^^Kz)y^ + Eonz)x^) -+•••. ( 12 ) 

(4) Two crossed, unbalanced electrostatic deflection fields, each 
being produced by a pair of electrodes infinitely long in the x or y direc¬ 
tion. The electrodes of each pair are parallel to each other. The 
potential distribution may be written 

<p{Xi y, z) = 001 + 002 ■” Eoiy — E 02 X — i(t>oi'y^ + 

+ + \Eq2'x^ + ■jrT0oi^^'^^2/^ + — 

+ * • • . (13) 


For later purposes we write 

001 ( 25 ) -f- <t>Q2{z) = 0m + 0ml0l(25) + 0m202(25). (14) 

(5) Single, balanced electrostatic deflection fields deflecting in the 
y direction. The field strength is assumed to vary along the a;-axis. 



Fig. 4. —Single, balanced, three-dimensional electric deflection system. The poten¬ 
tial is a function of all coordinates a?, y, and z. 

The only requirement for electrodes producing such a field is that the 
two surfaces are symmetrical about the (y, 2 )-and (a;, 2 )-planes. Fig. 4 
shows a particular form of such a system. It can be seen that the field 
strength will vary in the x direction since the distance between the two 
electrodes is a function of x and the potential difference between the 
electrodes is constant. The potential distribution becomes: 

ip{Xy y, 25) = 00 ~ E^y -h i(J5;o" + 2E^y^ - E^x^y -f 

-b 1(^2" + VIEW - + 4 ^: 2 " + 24.E,)y^ - 

- Ea^y H-- • • . (15) 

(6) Two crossed magnetic deflection fields. Let P 2 n,i = i/ 2 n.i and 
P 2 n ,2 = ~if 2 n ,2 Rud 02n,i = 02n,2 = 0. The field Strength components 
become: 
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H» — —Hoi + (^22 + + 2Hiixy — Hny^ — \ 

- [Hii + iff22" + T^ffo2"^)a:‘ + 4ff4ix»y + \ 

+ (6ff42 + iff22")a:V* - (4ff4i + iffji'Ox^/* - I 

— Hiiy* +•••,[ 

ffy = ffoi + HziX^ — 2Hi3xy — (Hii + iffoi")y* + Hux* + > (16) 

+ (4ff42 + iff22")a;»2/ - (6ff4i + iff2i")a;»j/* - 4ff42a:y* + ( 

+ (ff4i + iff2x" + i^ffoi“''>)2/^ +•••,! 

ff, = —Htt'x + Hoi'y — HiiXy^ + Hu’x^ + HHa' + I 

+ iffo 2 "')a:» - (iff*,' + iffoi"')j/’ +•••./ 


(7) A single magnetic deflection field. The pole pieces shown in 
Fig. 2 would actually produce such a field. If ff 2 n,i is equal to zero, 
eq. (16) goes over into 


ff, = —Hoi + {Hii + ^ Hoi '') x ^ — Hiiy ^ — {Hu + \ Hii ' + 
+ i^ffo2<‘^0a:‘ + (6ff42 + \ Hii ") x ^ y ^ - H ^ y ^ + • • 
ffy = 2 Hiixy — iHuxy ^ + {iHu + ^ Hii ") x^y + • ■ • , 
ffy = - Hoi'x - Hii ' xy ^ + (iff22' + iffo2"')a:» + • • • . 


\ 


} (17) 


2 . Equations of Motion 

The equations of motion of an electron in an electromagnetic field are 
written advantageously in the following form: 



where F is given by 

F{x, y, z, x', y') = <p{x, y, z) Vl + x'^ + y'^ - 

-^(Ayx' + Ayj/' + Ay); ( 19 ) 

Ax, Ay, At are the components of the magnetic vector potential which is 
related to the magnetic field strength by 


H = curl Aj 

e and m are the charge and mass of the electron respectively. The primes 
indicates derivatives with respect to z. This expression may be expanded 
in a power series of powers of x, y, x' and y\ The integration of eq. (18) 
is then performed using well-known methods of successive approximation. 
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In addition to the cases of the crossed electrostatic and crossed 
magnetic deflection fields, which have been described in the literature, 
the case of a single electric deflection field for which the potential dis¬ 
tribution is a function of all three coordinates (case 5) and the case of 
crossed unbalanced electrostatic deflection fields will be discussed. The 
latter type deflection field was treated theoretically by Cazalas^ using, 
however, different methods. Solutions for the other three types of 
deflection fields (cases 1, 2, and 7) are then special cases of the expressions 
derived here. 


3, Crossed Superimposed Two-Dimensional Electric Deflection Fields 

The potential function is given by eq. (12). The Euler-Lagrange 
differential equations are given by: 


1 

dz 


\x' — ^ {Eoiy + Ea-ix)x' — x'iEttiy + EoixY — 

-1 (.'■ + y'v] - 2 S «» + 45 ; a."«- - 4 V. »■!' + 

+ EQ2x)E{i2 + ^—2 Eo2(Eoi'y^ + + 

+ E(^2^x\E(siy + Eqtx) — (^oiy + EQ2xyEo2 — 
- 3^4 (^012/ + Eo 2 xy - ^ (x'2 + y'^)Eo 2 - 


8^0' 


(x'* + y'^)(,Eoiy + Eo2x)Eot, 




~ (x'» + y'W 


240o' 


+ Eq2X)Eq2 + 

+ Si? 


■- 2 k -»»■»+ 

(E^i'y^ + EQ2^x^)E{ii + 


{Eoiy + Eq2xY — 


( 20 ) 


- 3^4 (^0*2/ + E,^YEoi - ~ (x'* + y'^)Eoi - 

— ^2 (x'* + y'^)Eoi{Eny + Eo 2 x). I 

Here all terms up to the third order in x, y, x' and y' have been included. 
The first step consists of the integration of the equations 






( 21 ) 
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The solutions of these equations will represent a good approximation to 
the actual electron path if 


1 J?0l 

2 (po 


y 




1 

2 00 


« 1 . 


( 22 ) 


This assumption means that the deflection is considered to be small in 
regions where the axial field-strength distribution is essentially different 
from zero. The solutions of eq. (21) are 


Xg{z) = Xiu + XiJ{z - 2 <) + X{z), 

Vai^) = Viu + ViJiz - Zi) + r(z), 

where 

fi 

Y(z) = - ^ di 1'^ En{u)du. ' 


(23) 

(24) 


The quantities Xtuf Viu and XxJ, yij are the coordinates and slopes of an 
undeflected electron at the screen position z — Zi respectively. In a 
plane z = zo the coordinates and slopes of such an electron may be 
determined by solving the equations: 

Xo = Xiu + Xiu'(Zo — Zi), 2/0 = Viu + yiJ{zQ — Zi), 
xo' * Xiu', yo = 2/tu'. 



In order to obtain a better approximation to the actual electron path, the 
functions Xg(z)j yg(z) of eq. (19) are substituted in all terms of eq. (16) 
which are of higher order than the first. New solutions x(z), y(z) may 
then be determined by simple integrations. The differences x — Xg and 
y — yg between the first order electron path and the next higher approxi¬ 
mation are called Ax and Ay. The values of these quantities at z = z* 
are 

0 ... • \ 

^Xi — ^ AfAcdXiu^yiu^Xiu ^2/tu I 

[ (26) 

^2/* ~ ^ ^dbedXiu^yix/^Xiu ^2/»u | 

abed • 

where the coefficients Bated are given by 


B 


0000 = 


j Y'Mz + ^J [(2 - ZiXEoiY'^ - Eoi"Y^) + 

+ 2EoiYY']dz + ^ j [{z - Zi){6Eoi*Y - ^M'Y* + 


(27) 
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+ SEn’rr') + 3E„’Y’r']di + f Mn'Y’is - z.)dz + 

+ 3^ / - '•>*) + 5 / + W 

+ IS / - *■* + + 5^. / [(, - 

- z,)(6J?oi-®o2-3r — EoiE(ii"X^ — SEoiEoi'XY^ -j- -f- 

+ ZEoiE^iXX'^ + ZEoiEaiXY'") + QEoiEoiXYY' + 

+ 3Eo2^X^Yyz + y (z - z:){2E,MXY + 

+ Eoi^Eo,X^)dz + 3^3 y (z - z,)iEo2^EoiX» + 

+ SEti^oiXY^ + 3Eo2^Eoi^YX^)dz, 
Biooo = 2^ y BoiY'dz + J [(z z,){EoiEoiX'^ + Soa-Eoil^^* + 

-f- 2E02E01 — Eq\Eq 2 'X“ Eo 2 Eqi^Y^) + 2 {EoiEo 2 YY' -f" 

+ Eo2^XY')]dz + ^3 y (2 - z,)iEo2^EoiX + E^iE,i^Y)dz + 

+ 32^3! j ~ z,)(Eoi^EoiY^ + 2 Eo 2 ^Eoi^XY + EoiEo 2 ^X^)dz, 

Boioo = y - i?oi"I^(2 - 2,)]c/2 + g^j y [(z - z,)(2£?oi“ - 

- 4iS;oi£:oi"F2 + Eoi^Y'^) + 2 Eoi^YY']dz + g|-, j E,^^Y{z - 

- - 

- z,)(^oi*X'» - 2 EoiEoi"XY) + 2 EoiEo 2 XY']dz + 

+ g^3 y Ed2.Eox^X{z — z,)dz + 32^^4 J (z — z,)(Eo2^Eoi‘X^-\- 

+ 2 E„i^Eo 2 XY)dz, 

Booio = y X'Y'dz + ^ y (2 - 2.)(^^o,X' + £?02n«^2 + 

+ ■^2 f [(2 - ZzYiEnEoiY'^ + Eo2EoxX'^ - Eo2Eoi"Y^ - 

- EoiEo2''X^ + 2E01E02) + 2(z - z.)(Soi*Z' + E02E01XX' + 

+ E01E02YY' + EQ2XY'y\dz + g—3 y (z — 2t)®(J^o2-Eoi®F + 

+ EoiE,2^X)dz + 3^3 y (z - z^nEMxX^ + 

+ 2 Eai^Eo 2 ^XY + Eax*Eo 2 Y^)dz, 
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Boool = {I J Y"^dz + ^ / [EoiY + 2(z - Zi)EoiY' - (27) 

- (2 - ZirEoi"Y]dz + 8^2 / + 4(2 - Zi)Eoi^YY' + 

+ (2 - Zi)K2Eoi^ - 4:E<,iEoi''Y^ + E^i^Y'^mz + 

+ si? / - ^)* + si? / - '•>’*) + 

+ 2 -/^''^-si/ EQ2Xdz ”1“ sl?/'^ + 2j&oi^o2-X’F + 

+ 4(2 - z,)EoiEoiXY' + (2 - Zi)%Eoi^X'^ - .Bo2^oi"A'F)]d2 + 
+ g|-, J E,2E,i^X{z - 2.)^rf2 / (2 - 2i)“(^02*£^01*Z» + 

+ 2Eoi»Eo2XY)dz, 

fijooo = 8^ / - EoiEo 2 ''Xiz - Zi))dz + J Eo 2 ^E,x{z - 

— 2 i)c 22 + 3^^ ~ 4 J ~ Zx){Eo 2 ^Eoi^Y + Eo 2 ^EoiX)dz, 

Bo 200 = { - - *«)d2 + ^ 2 ! - 4(2 - 

- Zi)EoiEoi"Y]dz + ^ j Eo.Kz - Zi)dz + 

+si? / - “>*} - si? / - *•)* + 

+ 32^ f Y1 oi*Eo2X{z — Zi)dz, 

Boo*o = {5 5". + / ^ 01(2 - ) + 

+ ^2 f [(2 - 2*) • EoiEoiX + (2 - Zi)H2Eo2EoiX' + 

+ £:o 2*F') - (2 - 2.)’£^0l£'02"X]rf2 + y^, j Eo2^Eoi{z - 

2,)y2 + g20 4 J ~ 2t)’(-®02*-®01®F + Eo2*EoiX)dz, 
B 0002 ~ ■®0l(2o)(2t 2o)* + 2 "I” ^ P(® Z^Eoi 

- (2 — ZiyEoi"]dz + j [3(2 — z^En^Y + 8(2 —2i)£oi*F' — 

- 4(2 - 20'^oi£oi"F]d2 + j Eoi*(.z - ZiYdz + 
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+ 3^4 / - z.ydz \+^J [(* - Zi)SEoiEoiX - 

- EM’X{Z - z:j^W + 3^, j EMtXiz - z;)^dz, (27) 

Bnoo — J [EtiEttY' — EotEoi'Y(z — z^]dz + J EoiEoi^(z — 

- Zi)dz + j [(z - zdiEMiX + Eo,^EciWz, 


•Boon — n^r Eot(zo)(zt — Zo)^ + X, + j Eo 2 {z — z,)dz + 

Z 9 p J 0 O J 

+ / [(z - 2 .)(Boo»X + EoiEozY) + (z - 2.)»(Boi“X' + 

+ 2EoiEoiY') - EM'{z - z,YY]dz + f EozEoiKz “ 



- z.Ydz + 1 (z- z,nEo 2 ^EoYX + EzYEz 2 Y)dz, 

o 

>•* 

o 

II 

^1 

®wl 

[(z - zMEzzEziX' + Eoz^Y') -iz- z.) 2 XoiBo 2 "X]dz + 

+J- 

y Bo2*Boi(z - z.)^dz + y (z - z.)*(Bo2*Boi“r + 

“1“ Eo2^EoiX)dZf 

i* 

1 ^ 

Boi(zo)(z. - z„) + ^ j [i?,l - - z.)S]dz + 

+_i_ 

4^0** 

y [Xoi^r + 2(z - zOBo,*r - 4(z - z,)*B„iB„i''r]dz + 

+ J_ 

y Boi>(z - z.)Mz + y Boi^r(z - z,Ydz j + 

+ -— 
^4(^0* 

J [EoiEozX - (z - z.) 2 Boi"Bo 2 X]dz - 


- j^4 / EoYEoiX{z - z,Ydz, 

Biooi = — 2^^ Eo2{zo){Zt — Zo) + 2^ J Eozdz + J [Bo2*X + 

+ EoiEozY + (z - zJBoiBosF - (z - z.)2Bo2Boi"r]dz + 

+ g|^, y Bo2Boi*(z - z,ydz + 3^ y (z - z,Y(EoYEoYX + 

+ EzYEz2Y)dz, 
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5 ouo = 4^j / K* - + BAY') -(z- z,yBo2Foi"y]dz + 

+ — J E02B0XHZ - z,ydz + j (z- z,)WEoi^X + 

+ En»Eo2Y)dz, ( 27 ) 

Bsooo = ~ 24 ^ J ~ 320 j 4 J ■®o2®^oi(« ~ 2.)rf2, 

Bojoo = I - J £?oijEoi"(2 - Zt)dz + j E^i^iz - z,)dz j, 

5 oo»o = 2^^ j [ 3 (z - zyEoiEn” - (z - z,)*EaiEM'']dz + 

+ j Eot^Eoiiz - z,)*dz, 

Booos = j - g|^i/oi’(2o)(2. - 2o)’ + j [ 3 (z - ZtYEoi^ - 

- 2(z - z,yEoiEoi'']dz + ^4 f EoAz - z,ydz j, 

Eiioo = '^24,0* f Eoi^Eoi^(z — Zt)dz, 

B1200 = — j EoiEoi"{z - z,)dz + j Eoi^Eoiiz - z^)dz, 

Etna = - j EoiEn"{z - z )Hz + g^|^ J Et>t^En{z - z,ydz, 

Bioai — — £os* (20) (2, — 2o) + J E oi^dz + 

/ ^«**^®‘*(* “ 

'Boiio = ~ g^ J EiiiEn'iz — z,ydz + g2^ J J5oi*^o2(2 — z,ydz, 

Bmoi ~ I ~ 3^ •®01®(2o)(2, — 2o) + g^ J [^01* ~ 4 (z — 

- z,yEM’]dz + ^4 f EoxKz - z,ydz j, 
•BllOl ““ •Eoi(2o)-Eo2(2o)( 2, — 2o) + J [j&01-Eo2 ~ 

- So2£oi"(z - ^^y]d^ + Y^4 / ^01*^02(2 - 2.)»d2, 
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Bluo = 1^4 / - z;)Hz, (27) 

Bio2o = j [EoiEoliz - 2.) - EtiEot'iz — 2,)*]d2 + 

32<f>o* j 

Bono = |g^ j Eoi\z - z,)dz | + j Eot^Eoi^z - z,ydz, 

Bi002 = ~ •E'Oi(2o)-Bo2(2o)(z, — 2 o)* + J \ 3 Eo 2 Eoi(z — z,) — 

- Eo2Eoi"(z - z,y]de + 3^4 j Eoi»Eo2iz - z,ydz, 

Boio2 = Eox\zo){z, - Zoy + j{ 3 Eo^\z - 2.) - 

- 4(2 - z,yEo\Eo"\dz + j Eoi\z - z,ydz |, 
Bion = Eo 2 ^{zo)iZt — 2o)^ + j Eo^Kz — z^dz + 

~ z,)Hz, 

Bom = - ^ Boi(zo)Bo 2 (zo)( 2 . - 2o)^ + j [EoiEot^z - 2 .) - 

— EotEoi'{z — 2 ,)®]d 2 + J Eoi^Eoi{z~ z,ydz, 
Boon = I + g |^2 J EoiKz - z,ydz | - Eo 2 \zo){z, - 2o)* + 

+ J ~ 2,)^d2 + j Eot^Eoi^{z — z,)*dz, 

Boon = Bo 2 (zo)Boi( 2 o)(Zt — 2o)® + J [3(2 — z,yEoiEoi — 

- EoiEoi'iz - Z,ydz + j Boi»Bo2(2 - 2,)^2. 

The coefficients of eq. (26) are obtained by replacing Eoiiz) by 
Eoi{z), o by 6, c by d, and vice-versa. 

The coefficients of the expressions for Az, and Ay, for a single elec¬ 
trostatic deflection field may be obtained by assuming one of the field- 
strength distributions Boi( 2 ) or ^ 02 ( 2 ) to be identically equal to zero. 
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If, for example, £^ 02 ( 2 ?) is identically equal to zero, the only terms remain¬ 
ing are those in the brackets {} of eq. (27). These terms are called 
fidbod and they are identical with those published by Hutter.* The terms 
of the coefficients which remain if Eo 2 {z) = 0 are called adbcd- 

The expression given by eq. (24) may be used to determine the 
‘‘deflection^' if the actual field-strength distributions £^ 01 ( 2 ) and ^ 02 ( 2 ) 
are known. For large distances from the deflection system, the expres¬ 
sion for the deflection in one direction is equivalent to a formula derived 
by Riidenberg.® For a deflection in the y direction this expression is 

d = = (28) 

where p = cA0 is the charge density, c is the capacitance per unit width, 
and Co is the dielectric constant of free space, Zi is the position coordinate 
of the screen, Zi is an axial coordinate where E{^z) is essentially equal to 
zero. The field-strength distribution E ( 2 ) or the capacitance c can only be 
determined, in most practical cases, by experiment. An electrolytic 
tank potential-plotting device for the determination of E{z) was described 
by Hutter^ and graphs for the deflection were prepared for a number of 
different deflection fields such as (1) parallel plates with fringing field, 
(2) parallel cylinders or wires, (3) semi-infinite coplanar sheets, and (4) 
bent plates. 

The expressions for Aa;* and Ayi may be used to compute spot distor¬ 
tion as well as pattern distortion. The former may be obtained by 
taking y,„, XiJ, and yij as the coordinates and slopes of an electron 
on the circumference of the undeflected beam at the screen. If this 
procedure is repeated for several points on the circumference of the 
fluorescent spot, the shape of the distorted spot may be obtained. Mag¬ 
nitude of pattern distortion may be obtained if these quantities x^, 
yiu, Xiu' and are taken as the coordinates and slopes of an infinitely 
thin, undeflected electron beam at the screen. The results of a com¬ 
putation of spot and pattern distortions for the two types of deflection 
electrode systems shown in Fig. 5 are shown in Fig. 6. The electron 
beam diameter was assumed to be .08" at the point where the beam 
entered the first deflection field. The beam was taken as conical in shape 
with the apex of the cone at the center of the screen. 

The pattern distortion is shown in the lower left hand comer of Fig. 6. 
Since the distortions in all four quadrants of the target are the same, the 
total pattern distortion is seen to be of the pincushion type. The spot 
distortions at the three points A, B, and C (see areas bounded by broken 
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Fig. 5. —The geometry of two crossed, two-dimensional electric deflection systems. 
The dimensions and potentials are chosen to give equal deflection sensitivity for both 
systems, one consisting of parallel plates and the other consisting of parallel cylinders. 
The distortion and defocusing effects of these two systems are compared and the 
result of the comparison shown in Fig. 6. 



X'Aiit (inehat) 

fiQ. 6.—Pattern and spot distortions produced by two types of deflection fields shown 
in Fig. 5.^ {Courtesy of the Journal of Applied Physics,) 
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lines in lower left hand diagram) are shown enlarged at adjacent positions 
in the figure. It is seen that the spot is elongated in the direction parallel 
to the direction of deflection due to the cylindrical lens associated with 
the deflection system, and that the distortions are more pronounced for 
the vertical deflections resulting from the lower deflection sensitivity. 
It should also be noted that the distortions in the corner, B, cannot be 
obtained by any additive process of the distortions produced by each 
field alone. This is due to the fact that the deflection by the first system 
gives the beam unfavorable initial conditions when entering the second 
system. 


4- Single Three-Dimensional Electric Deflection Field 

The individual deflection fields of crossed systems discussed so far 
were assumed to be independent of one coordinate, i.e., so-called two- 
dimensional fields. We shall now discuss a field of the type described 
under (5). 

The path differential equations in this case are 


£ 

dz 


£ 

dz 




1 ^0 / 


8 ^0^ 




1 Eo / 1 Eq^ 2 f 

1 £0 1 


5 + y'^)y' 


E 2 

- xii 

4>o 




2 00 


4 00 





( 29 ) 


If the assumption is now made that the field varies gradually in the x 
direction, i.e., 



« 1 , 


( 30 ) 


one gets as a first step: 


1 Eq 

2 00 


x" = 0, y" 


( 31 ) 
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for small angle deflections, i.e., if one also assumes 



y 


«1, 


( 32 ) 


the solutions of eq. (31) are 


where 


X,(Z) = Xfu + Xfy'iZ - Zi), 1 

y>(e) = yw + yiu'(e - «i) + Y(z), I 

£^o(w)du. 


(33) 

(33a) 


The differential equations permitting the determination of higher-order 
terms are: 


// ^ 

„ d 
y =dz 


J ^0 


XtVt, 


+ 2/V/ + \ (^/* + yo'^)x,> 

\ § y<.v/ + § ^ y,V + \ (V* + 2/.'*)y/] - 

i ^ _ i. y f (Jpj' _i. 2P ^J/ * _ ^ ^ 2 

2,/,o 4 00^ ^ 400 +^Et)y„ ^ — x. 


(34) 


The additional deflection terms Axt and Ay^ may then be determined. 
The coefficients have the following form: 


aoooo^"^ 

aooio^"^ 

ofiooi^"^ 




E2 Y(z — Zi)dZf 


1 /*** 

aooio + T“ / E 2 Y{z — 

00 J zo 

0 + ^ [’'e,Y{z - z,)dz, 

00 J zo 

1 f"* 

«oiio + :r / ^ 2(2 — ZtY^dZj 

00 J zo 

0 + T I -^ 2(2 - z.)*d2, 

00 J zo 

1 P* 

«ooii + T" / -^ 2(2 — Zi)^dz, 

00 J zo 


ao2io, = ctoiii, 


( 35 ) 


a0012^**^ = ^0012, 
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iSoooo^**^ 

Poooi^^^ 

/32000^”^ 

^ 0200 ^**^ 

/3o020^’‘^ 

^0002^^^ 

i^OSOO^”^ 


-±r 


EiY^(z — Zi)dz, 


jSoooo 

1 r** 

iSoiOO - T- / -^87(2 - 2,)<^2, 

VO Jzt 

jSoooi - X / 

90 Jzo 


^ / Eiiz - Zi)dz, 

^(RQ Jza 

1 P* 

~ ^ 

^90 J«o 

Wo L. ~ 

1 f‘' 

fioooi - 53 - / -BoCz - z,)V/z, 

<^90 Jzo 

O + X \ E^{z-z,Ydz, 

90 720 


0 + 
i^0200 
^0020 + 


= ^0101 

= ^ 0800 , 
= 00021 , 


-^f 

<t>0 Jzo 


E^iz — ZxYdZy 


00120^^^ — 00120, 00102^^^ = 00102, j 

^0201^”^ = ^0201, jSoOOS^”^ = 00003, / 


(36) 


where the quantities aabcd and jSabcd are as defined before. 

As an example, let us examine the magnitudes of pattern and spot 
distortion of a deflection field having the field-strength distribution in 
the ar 2 /-plane given by 


■^vL-o 



(37) 


Expanding Ey{x, z) in a power series of powers of x, we get 



We have then: 
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One may now choose a pair of typical values for a and 
o = 0.34, E„ = 939, 

Since = yiJ = 0 and x<«' 0, 0 for the second deflection field, 

it follows that the additional deflections Ax{ and Ayt are given by 

Ax< = aiooo'"’a:<i. + aooio^”>a:<u', 

= /3oooo^*’ + 

Choosing Xi^ = 2.5", = 0.20 we obtain for Aa:, and Ayi, 

AXi = 0.0502 - 0.126 Ayt = 0.09224 - 0.255 ~ 

For b = 1.58, the values of Axi and Ayi are nearly equal to zero, hence the 
pattern distortion is considerably reduced. The magnitude of spot 
distortion is nearly the same for the two cases 5 = 1.58 and 5 = oo. 

6. Crossed Unbalanced Electric Deflection Fields 

The distortion and defocusing effects of an unbalanced field are larger 
than those produced by a balanced field. Two such crossed fields pro¬ 
duce a characteristic pattern distortion, the pattern having the shape of a 
diamond. The general theoretical method used throughout this paper 
may be applied to such a case to give an explanation for this type of 
distortion. Higher-order effects in the pattern distortion and the spot 
distortion will not be discussed here. 

The potential distribution is described by eqs. (13) and (14). The 
first-order differential equations for an electron path are then given by 

|l + + <#>m2<#>2(2))| j = 

= — 2^ ^02(2) 2 ^ + </>m202(2))|, 

2^ {<l>ml<l>l(z) + ^m2^2(2))| j = 

= 2 ^ Foi{z) 2 ^ (<t>nil<t>l(,Z) + 0m2<^>2(2j))| * 
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If Xg =‘ y, = Xg = y,' = 0 at a = Zo, the solutions may be written 

fJa(2) = — ^ ~ 2^ (4>ml4>l(() + 0m2^8(?)) j Eot(u) \ 










{(I>ml<t>l{u) + ^m202(w)) 


or, ignoring terms of which are of higher order than the first, 

Xg{z) = — f f + 9^ f f 9^“ + \ 

^0»n J zo J zo ^<Pm J zo J zt ^<Pm 1 

1 /** 1 I 

+ <t>m2<l>2)Eo2fiu + o— / i<t>ml<l>l + I 

^9m JZQ ^<Pm f 

+ ^m202)df / Eo2^Uf I 

y»(2) = — 9 ^ f f ^Ol(.u)du + /" dj f + ( 

^(pm J Z 9 J zn J zo J zo "0w» I 

I I I 

+ <t>m2<l>2)Eoidu + jr— j jr— (0^101 + 1 

^0m Jeo I 


Defining 


+ 0m202)df / Eoldu. 


Eoi(z) = A 0 i/i( 2 ), -^02(2^) = ^02/2(2); 


we obtain for the deviations from a rectangular pattern: 


AX< = A020f»l • -4x2 + A020m2^22) 

Ay< = A0i0ml • All + A010W2A21, 


where 


^.x = 4>,(u)fx{u)du + f\(u)du. (46) 


Fig. 7 shows the ideal pattern (heavy line) and the distorted pattern 
(broken line) for the case of two crossed but otherwise identical electric 
unbalanced deflection fields. In this case/i =/ 2 , lA 0 i| = [A 02 l, 0 i = 02 , 
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and l0mi|' = l 0 m 2 l. Unlike the pattern distortion due to balanced fields, 
the distortion here is seen to be of a different character in each quadrant 
of the target. If the two crossed fields are not identical, e.g., if they are 



Fig. 7 .—Pattern distortion, produced by two crossed unbalanced electric deflection 

fields. 


displaced along the optical axis with respect to each other, the symmetry 
of the pattern about the line y = x will disappear. 


6. Crossed Magnetic Deflection Fields 

The magnetic field strength distribution is given by eq. (16). The 
deflection path of an electron through any magnetic field was given by 
eq. (18). They may also be written in the form 


^ [x'/y/l + X'* + y'^ = + Hy\, 

+ = vWH, - H,], 


(47) 


where 0 is the p otential of the space in which the electrons are moving 
and 1 ? = \/6/2m, e and m being respectively the charge and mass of the 
electron. For a magnetic field given by eq. (16), we obtain 
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^1^*' - ix'* - 5a;y*j = ^ - H,,yy + H,, + 

+ - (Hu + i Hoi")y^^, 

i[y'-\ y* - I v] = ^ [ -Ho.'xx' + Hu'x'y + - 

- (hm + \ Hoi"^ X* - 2H2^y + Huy^^, 


(48) 


where only terms of zero, first, and second order of x, x', y and y\ are 
considered. To a first approximation, the equations of motion are given 
by 

x" = - 5 =^ 01 , ) 

J (49) 

y" = ^02. ) 

V 4 , / 


Solution of these equations yields 


where 


Xq(z) — X»u "I” X<u 2<) “I" 

Vaiz) = yiu + yiJ(z - Zi) + Y{z), 


X(Z) = 
Y(z) = 




HQi{u)du, 


{i%{u)du, J 


(50) 


(61) 


The quantities X — X{z) and F = F(z) at z = z, (the screen position) 
are the deflections at the screen. The deflections in the two directions x 
and y are independent of each other in this first-order approximation, 
since one depends only upon /foi the other only upon if 02 . 

Following the procedure used for electric deflection fields, x, x', y 
and 2 /' of eq. (48) will be replaced by Xg, Xg\ yg and yg in all terms of 
higher order than the first. The solutions of the resulting differential 
equations can be obtained by simple integrations. If the differences 
A^Xi and between the new solutions and those given by eq. (50) are 
taken, one obtains 

0...2 

A^Xi ~ ^ ytJbcd^i%!^yiu*^%u ^iu 
abed 
0...2 


( 52 ) 
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The coefficients yatcd of eq. (52) are 
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Tlioo f H22{Z — Zi)dZf 

V« Jzo 
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70008 = \ X'dz + ^ j’' H2 i\z - z:)Hz + 
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(53) 


The coefficients h^bcd of eq. (52) are obtained by replacing ff 2 n.i by 
ff 2 n. 2 , a by 5, c by d, and vice-versa. Expressions for Axt and A?/* in the 
case of a single magnetic field may be obtained by assuming one of the 
two field-strength distributions to be equal to zero. 

Eq. (51) may be used to compute the deflection if the axial field- 
strength distributions for both deflection fields are known. To illustrate 
spot and pattern distortions produced by magnetic fields, we take the 
following field functions: 



it may be verified that 



( 55 ) 
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and 



The distortions^ shown in Fig. 8 were calculated for the following set of 
parameters: 

= 2000F, = 35.4 gauss 

b = 0.34", = 10.198", ^ = 30. 

and two values of a, namely, ai = 1.36", a 2 = 0.68". The maximum 
deflections on the screen were dv = 2.5", dh = 2.5". The undeflected 
electron beam was assumed to be cylindrical with radius r*, = 0.04". 



X-Axia (Inches) 

Fig. 8 .—Pattern and spot distortion by a special pair of crossed magnetic fields. 
The fields are given by:’ 



The notation is explained in the text. {Courtesy of the Journal of Applied Physics.) 

The pattern distortion is shown for one quadrant of the target in the 
lower left hand corner of Fig. 8. The distortions of the spot, circular 
in shape at the center of the target, at A, B, and C, are drawn on a larger 
scale in the adjacent diagrams. It can be seen that the spot is com¬ 
pressed in the direction of deflection if the beam is deflected by a single 
field but that it is elongated when deflected by both fields simultaneously. 
A qualitative explanation of the focusing action of a single magnetic 
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deflection field is based on the fact that for vertically upward deflection 
the lower beam edge passes through regions of higher field strength than 
does the upper edge. The under focusing or diverging action of two 
crossed fields of the type given by eq. (54) is due to the fact that the field 
strength distribution along the line 2 / = ^ at 2 = 0 is saddle shaped. 
Hence the inner edge of the beam passes through regions of weaker fields 
than does the outer edge. 

It should furthermore be noted that spot as well as pattern distortions 
increase in magnitude if the half-width parameter is increased. 

7. Correction of Spot and Pattern Distortion 

It has been mentioned that unbalanced electrostatic deflection fields 
cause a trapeozidal pattern distortion. A number of suggestions have 
been made as to means for reducing this effect. With other deflection 
fields the pattern distortion is considered to be less serious than the spot 
distortion, hence more effort has been directed to a reduction of the latter. 

We have seen that the coefficients given by the eqs. (27), (35), (36), 
and (53) each determine a characteristic type of distortion. A method 
to obtain improved deflection fields might be as follows. The coefficients 
are computed for a number of different fields and a comparison made to 
show which is best as far as spot distortion is concerned. The field 
distribution of the best one of these fields is then modified in such a way 
as to reduce the values of the coefficients. This procedure may be 
repeated several times until a set of coefficients having desirably low 
values is found. The new field-strength function obtained in such a 
manner then determines the proper configurations of the deflection 
electrodes or magnets. This method, however, is extremely tedious and 
has never been applied so far as the author knows. 

Another general method may be based on the theory stated by Moss® 
which ‘*is of fundamental importance in the design of all electrostatic 
cathode ray tubes, since it indicates the general method by which the 
beam width, and, therefore, the spot density can be increased without an 
increase in deflection defocusing. Large deflectors and a large neck 
diameter to accommodate them are used.^' The theorem reads: 

‘'If the beam width and scale of the whole deflectors (including their 
spacing) are multiplied by k, then the increase of spot size on deflection 
through a constant angle is unchanged, provided the distance between 
the screen and the center of deflection is also unchanged.” 

The proof of this theorem was based on theories of scale, energy, and 
dimensional homogeneity, and upon experimental evidence. A more 
rigorous proof showing, at the same time, some limitations of the scaling 
process can be based on the theory developed here. 
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Consider a point-focused (conical) electron beam. The defocusing 
effects for a single electrostatic deflection field will be given to a first 
approximation by 

^Vi = jSoOOO + ^000l2/ttt^ 

If all dimensions are now increased by a factor k (keeping all potentials 
constant), the deflection d will very nearly increase by this factor k as 
long as the electrode-to-screen distance is sufficiently large. The coeffi¬ 
cients jSoooo and /3oooi will also increase by the same factor and, since yiJ 
remains unchanged, Ai/t will increase to k • A^/*. If the screen is now 
brought back to its original position and the electron beam is refocused 
to a point at the center of the screen, the deflection will again be equal 
to d. The angle ytJ, however, will be k times its original value (for small 
angles). An inspection of the coefficients jSoooo and /3oooi shows that for 
large electrode-to-screen distances the former is a linear function while 
the latter is a quadratic function of this distance. Decreasing the elec- 
trode-to-screen distance restores, therefore, /3oooo to its original value. 
Since /Soooi increased to k times its original value, and since it is a quadratic 
function of the electrode-to-screen distance, poooiytJ will reduce to its 
original value when the distance is decreased to its original value. Hence 
Ayt has the original value. 

Space limitation in actual cathode ray and television tubes precludes 
the possibility of making full use of the two general methods described 
thus far. Cathode ray tube engineers appear to have become resigned 
to the fact that deflection systems produce spot distortion and that the 
modification of the electrode shapes or the magnetic coils cannot bring 
much improvement. A number of attempts have been made to influ¬ 
ence the electron beam in such a way that the beam distortions are 
compensated. 

Two methods will now be described which may be of interest. One 
of these methods, disclosed by Schlesinger®*^® in a series of patents, aims 
at accomplishing a reduction of spot distortion by applying an auxiliary 
potential difference between the last anode and the electrostatic deflec¬ 
tion system, and by changing the potential of the focusing element of the 
electron gun. These potentials are nonlinear functions of the deflection 
potential. The potential which is applied to the focusing electrode 
reduces the refracting power of the electron gun. The potential differ¬ 
ence between the deflecting system and the last anode is applied in such 
a way that the deflection system becomes unbalanced but always so that 
the momentarily negative plate is closer to the potential of the last 
anode. Due to this potential difference, a lens is created in the space 
between the last anode and the deflection system. The first portion of 
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this lens, in the neighborhood of the deflection plates is a two-dimensional 
diverging lens. If now, at the same time, the refracting power of the 
focusing system is reduced, we obtain as the total effect of these poten¬ 
tials the distortion of the conical electron beam such that there is an 
elongation in the direction of the deflection as shown in Fig. 9. This 
elongation of the spot will then be reduced to zero by the two-dimensional 
focusing action of the deflection field. Fig. 9 also shows the light-optical 
arrangement which is the equivalent of the electron-optical arrangement 
just described. Schlesinger®*^® has suggested several circuits for deriving 
proper auxiliary potentials from the deflection voltages. 




Fig. 9 .—Electron gun and deflection system providing reduction of spot distortion. 

The light optical equivalent is also shown. 

The other method, suggested by Briiche and Henneberg,^^ makes 
use of certain properties of the field produced by a magnetic dipole. It 
can be shown that an electron beam moving in the median plane of a 
dipole field tends to diverge. If, therefore, a magnetic deflection field or 
an electrostatic deflection field is combined with such a dipole field as 
shown in Figs. 10 and 11 it is possible to adjust the dipole field in relation 
to any particular deflection field in such a way that the focusing and 
defocusing properties of the fields compensate each other. 

It has been stated that pattern distortion does not represent a serious 
problem in balanced deflection fields. A method of reducing pattern 
distortion of unbalanced electrostatic deflection systems was suggested 
by Fleming-Williams.^^ If the vertical deflection system is a balanced 
electrostatic or a magnetic one and the horizontal deflection system is an 
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Fig. 10. —Dipole field and magnetic deflection system. An electron beam moving 
in the equatorial plane of the dipole field tends to diverge, counteracting the converg¬ 
ing action of the magnetic deflection field. 




a b 

Fig. 12.—Deflection electrodes, designed to yield reduced trapezoidal distortion. 
(Courtesy of the Wireless Engineer, see reference 12.) 
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unbalanced one, the pattern will be that of a trapezoid ABCD shown in 
Fig. 12a. The horizontal deflection electrodes are indicated in this 
figure by Xi and X 2 . The electrode X 2 is assumed to be the one con¬ 
nected to the last anode of the electron gun. Curving these electrodes 
as shown produces an electrostatic field which exerts a focusing action 
counteracting that of the deflection field. The additional focusing action 
is indicated by the arrows in Fig. 12a. A similar effect is produced by 
an electrode system shown in Fig. 12b, as may easily be understood from 
the equipotential line distribution. 

8, Ion Traps and Linear Mass Spectrometers 

A combination of electrostatic and magnetic deflection fields has been 
used in instruments designed to separate various kinds of charged par¬ 
ticles which are emitted by a source. The small-angle deflection theory 
does not apply to most of these instruments. In two of them, however, 
the angle of deflection is kept very small for particles having a specified 
ratio of charge to mass. They are the ion trap and the linear mass 
spectrometer. 

Ion traps^*'^^ are used in television tubes to separate negative ions 
from electrons in order to prevent the ions from reaching the fluorescent 
screen where they would be detrimental to the fluorescent properties of 
the screen material. Ordinarily the total beam is deflected off the axis 
by a magnetic field and thereafter an electric field is used to return the 
electron beam to its original direction. Negative ions are not deflected 
back due to their heavier mass. In most engineering designs of such ion 
trap arrangements, even where the electric and magnetic fields are 
established in the same region, two deflections take place and although 
the angle is kept small, a beam distortion occurs. 

The linear mass-cspetrometer^® employs two superimposed crossed 
fields, one of which is usually a uniform electric, the other a uniform 
magnetic field. The directions of the lines of force are such that for a 
particular kind of ion, characterized by a certain ratio ei/mi of charge to 
mass, the total deflection is equal to zero. Particles of other e/m ratios 
also present in the beam are deflected through large angles to either side 
of the undeflected beam. 

The small-angle deflection theory may be applied to the motion of 
those charged particles for which the total deflection is equal to zero, i.e., 
electrons in case of ion traps and particles having the ratio ci/mi, in the 
case of linear mass spectrometers. The first-order expression for the 
deflection of a charged particle of the ratio ei/mi of charge to mass and 
the speed of 0 electron volts is given by: 

n*) - - ^ jji jjMiu - (57) 
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If both terms of eq. (57) are made numerically equal for every point z 
of the axis, the charged particle will move in a straight line. A beam of 
such charged particles will be less distorted than in the cases where a 
deflection does take place, even if the fields are adjusted for vanishing 
total deflection. Ion trap fields violated the just mentioned condition as 
was stated above while the fields of linear mass spectrometers are usually 
not designed to satisfy this condition in the regions of fringing fields. 
Oliphant, Shire, and Crowther^® experienced problems in gun alignment 
due to the fact that these fringing fields were not designed to compensate 
each other. 


III. Large-Angle Deflection 

It has been shown that deflection-type fields exert also a focusing 
action on an electron or ion beam. It was shown that the lens action of 
the deflection field increases with the magnitude of the deflection. This 
is an undesirable effect in small-angle deflection devices. The purpose 
of devices using large-angle deflections, however, such as mass spectrom¬ 
eters, make such a focusing action a highly desirable feature. Thus, in 
the design of cathode ray tubes attempts are made to avoid the focusing 
action while designs of mass spectrometer fields are governed by the 
desire to obtain as perfect a focusing action as possible. This means 
that all ions or electrons leaving either a point source or a line source of 
certain size should be united again at a point or line after deflection. In 
case of a line source, one usually does not attempt to design a deflection 
field yielding a stigmatic imagery. The best that can be hoped for in 
this case is that a line in the object-space corresponds to a line in the 
image-space. Point sources are used in case of so-called two directional 
focusing spectrometers. The fields of such mass spectrometers provide 
a point-to-point relation between object and image space. 

The theory of large-angle deflection fields, as developed by Wendt, 
is a generalization of the theory of ordinary focusing fields. In case of 
rotationally symmetrical lens fields the optical axis is a straight line which 
connects the center of the object plane with the center of the image plane. 
This axis is at the same time a special electron path. The electro¬ 
magnetic fields are expanded in series about the optical axis and the 
equations of motion are integrated by methods of successive approxima¬ 
tion. In this manner relations between object and image (such as loca¬ 
tion and magnification) are obtainable, and mathematical expressions for 
lens aberration may be derived. In case of large-angle deflection fields, 
an electron path of certain simple geometrical properties (i.e., circular 
or cycloidal), is singled out and called the optical axis. The electro¬ 
magnetic fields are then expanded in a series about this new optical axis 
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and the paths of electrons or ions in the neighborhood o^ the axis are 
investigated. 

1. Motion of Particles in Systems with Arbitrarily Curved Axes 

In order to obtain a general theory, it shall be permitted that the 
optical axis may be any curve in space. This optical axis is called the 
w-axis. The two other coordinates called u and v are along lines per¬ 
pendicular to the space curve at any point. The w-axis is taken in the 
direction of the principal normal and the v-axis is taken in the direction of 
the binormal. If p is the radius of curvature of the space curve, and r 
is the torsion of the optical axis, the line element in the mw space is 
given by: 

dly, = dw • 

The differential operators in the new system of coordinates are given by: 


>/(-?)■ 


+ {u^ + 
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(VX-SJ. 


[V X -S], = 


^(l + + (u* + «;*)r“ 

_ 1 _ 

^/(l ff 




[V X su = 


du dv 


The electric or magnetic potential may then be expanded formally in 
the following series: 

yp = ^00 + ^lou + \poiv + ypzou^ + + ypo2V^ “I” • * * ; \ 


w W 


where the coefficients ypm.n are functions of w. The components of the 
field strength are then expanded in the following series: 



The magnetic and electrostatic potentials have to satisfy LaPlace’s 
equation: 


V-Vyp = 0. 


( 65 ) 
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Substituting the series into this equation, recurrence formulas for the 
coefficients are obtained. The equations of motion may be derived from 
Hamilton’s principle, 

5fFdw = 0, (66) 

where 



i = ff = -V^K, H = ^XA, v = 


Expanding F in series of powers of w, t>, w' and y' one obtains 

F , (68) 

where: 


Fo = \/ 000, 

n ^ /— fff I Wio , _ , [I <t>01 riHudo^ \ __ 

= \/<^oo {Aiu + -42*^}, 


„ _ /— I 1 <^10 1 <^10^ . f <^20 I 1 yHftoo , 

^2 - V0OO j[^2'^2p0oo 8 0oo2^2<^oo“^2pv^o 

, 1 yH^ip l 2 4_ ri _ 1 I 1 __ 

2 \/^ J ^ [2 P 0 OO 4 2 000 V 000 

nHroOO vHvOO 1 1 ^ <^01^ I 1 ^02 _ 

V^o pV^or 8 000^^ 2 000 

_ 1 JJ^l + 1 („/2 + ^ 

^ V 000 J V 000 ^ j 

= \/000 + B 2 UV + Bzv^ + BiUv^ + + v'^)}y 

P — I 1 i ^ — i ^20010 I 1 ^20 1 Jj^ ^10^ ___ 1 </>10^ _ 

® IL2 000 4 000* 2 P0OO 16 000® 8 P0OO* 


A- Viu 1 A- yzu I ^ 7AA yuu I 

8 000* 2 000 2 p \/0^ 


1 r 1 ^11 _ yHuio ^ 

4 000* 2 000 \/ 000 

i! — 1 ^ 0 ^^ 4.1 _ 

2 8 000* 2 000 


020 Jj^ 010* 

» P0OO 16 000* 


, 1 0 ior* 

4 000 


2 000 4 000* 2 P0OO 16 000* 8 P0OO* 

2 P 6 \/000 ^ P \/000 ^ 000 J 


[ 1 — i *^20001 

2 000 4 000* 

i ^^0^0^ ^ 1 

4 P0OO* 4 000 


£ ^?ilM00 2 
^ 000 


- 1 I 1 ^11 I 010*001 

4 000* 2 P0OO 16 000* 

VHu20 _ Hro\0 __ ^^Mio _ 
2 -y/p -y/000 

1 — i .^11001 _ 002010 , 

2 000 4 000* 4 000* 
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, 1 002 , ^ 010001 ^ __ 1 001 ^ I 1 

2 P0OO 16 000® 8 P0OO® 4 000 

1 lyffwU 1 1 1?jfirtt01 1 

O /— O , /*T~ O - AT— * 


1 01 OT* _ _ 

2p 


2 V 000 2 \/^Q 2 p \/000 J 


- V V^oo V V'OOJ 

[ 1 008 ___ 1 002001 • J_ 001 ® , ^ 0 OlT^ ___ 1 1 ?ffu 02 ___ 

2 000 4 000 ® 16 000 ® 4 0oo 3 -y/ 0 qq 

5^.'’]'” + [l£-2^] + 

1 + t,'2) _ 1 UVV'\ = 

4 000 " ^00 ‘v 000 j 

~ \/000 {CiW® “h C^u^v “h Ciuv^ H" C 4 V® + 

+ Chu{u'^ + v'®) + C^viu'^ + v'®) + Cyw®*^' + Cswt;^'}. 


+ 


+ 


( 69 ) 


The symbol <p was chosen for the electrostatic potential and the coeffi¬ 
cients in the series (63) were called 0w,n. The magnetic scalar potential 

was called 0^. Using the relations H = —V4/m and = V X A it is 

possible to derive series expressions for the components of H and A. 
The coefficients of such series for Hu^ Hv and are called Humm Hvmm 
Hwmn- The corresponding Euler-Lagrange equations belonging to the 
Hamilton principle are 



As usual, the term Fo does not contribute to the motion of electrons; the 
term Fi leads to an expression for the curvature of the optical axis. In 
case the optical axis was initially chosen as a possible electron path 
(verified by direct integration of the equation of motion), the equations 
of motion resulting from Fi will be identities. The equations are 

1 , 010 , — 0 \ 

P 2000 ^ v^o ^ / 

and V (71) 

001 _ yHuoo -5. Q I 
2000 * / 


Ordinarily, the coefficients 0oi and Huoo will be equal to zero. 

If the term F 2 is substituted in the Euler-Lagrange equations, the 
following equations are obtained: 
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^2 ^ ^ ^ 010 
000 P0OO 


1 010^ _j_ vHyio 

4 000® \/^00 


4 - u A- ( 4 . 

P \/ 000/ \20oo 4<^oo® 

001 


+ 


I V^vQl\ _ V^^toOO , 

2p0oo^v^oy 


^ ^ _/ 011 001010 7?fl’wlo\ _ , 
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The solutions of these equations describe the so-called first order electron 
path, in electron optics usually called the gaussian path. Substituting 
the term Fz in the Euler-Lagrange equations, one obtains 


; 7 ; 7 , {\/ 0 ^ u'] — {2BiU + B^v + B^v') = [^CiUg^ + 

Vg'^) + 2ClUgVg^ + C %V gV, 

[y/4>00 [2CbUgUg' + 2C6VgUg']}y \ 


*V^000 

+ 2C2UgVg + CzVg^ + Cb(Ug'^ + Vg^^) “h 2ClUgVg' + C %V gV g 

1 d 


1 d 


{V^ov'} 


y /000 

{B 2 U + 2Bzv — {y/^o Biu)') = 


\/000 

= {C2Ug^ + 2CzUgVg + ZCiVg^ + + Vg^) + C zUgV g \ — 

;T— {\/0OO [2CbUgVg + 2CzVgVg + ClUg^ + CzUgVg]], 


y /000 


(73) 


where the coefficients C'm.n are defined by eq. (69). Here the solu¬ 
tion of the first order electron path was substituted in all terms higher 
than the first degree. The solution of this system of differential equa¬ 
tions obtained describes the electron path to the next higher degree of 
accuracy. 


2. A Crossed Field Mass Spectrometer with a Radial Electrical Field 

As the first application of the general theory developed so far, a 
special cross-field mass spectrometer'^'^®*'® will be discussed, the ir-radian 
mass spectrometer will also be mentioned. 

The deflection field is assumed to be an electric field produced by 
concentric cylinders and a uniform magnetic field in the direction of the 
axis of these cylinders. The electrostatic potential is given by 


^(r) = 00 + 


F 2 - Vi 

In Rz/Bi 


In- 


P 


(74) 
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The magnetic field has only one component, namely: 

H, = H = const. (76) 

The curved optical axis is taken as the circle of radius p. By inspection 
of the equations of motion, it can be seen that such an electron path is 
possible if 

_ (V, - yo/ln R,/Ri + 2<^o 1 

(i-y 

The potential series in the u, v, w system of coordinates is given by 

^(m, V, w) - il>o + In 2 p» 3 p» 4 p« ' ')• 

With the abbreviation: 


y = (78) 

one obtains 

000 *= 00, \ 

_ 200 1 

010-- • Vf I 

An \ 

0*0 - -^y> \ 

2 00 I 

1 

The magnetic field has only one component ff»oo: 

-ff»oo *= —J?. (80) 

d d 

Furthermore, w — pd hence = P 

The zero-order path equations are identically satisfied if eq. (76) 
is taken into account: 


010 ^ \2m_' 

2000 \/ ^Qo 


= 1 y + _i_ p 1 

\/ 4>M ^ "N/^O C /y P 
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The first-order path equations become 


^ («') = -(1+ y^)u, 

and 


(81) 


the solutions of which are 

== a cos \/l + ^ + 6 sin \/l + By 

and 

V ^ c + d$. 

If w = 0 at ^ = 0, w will be equal to zero again at 


e = 


\/l +: 


(82) 


For a purely magnetic field (y = 0) one has ^ = 180®, while for a 

purely electric field between concentric cylinders ( 2 / = 1), 


= 127*17'. 

V2 

The second-order aberrations are described by means of the term Ft 
of eq. (69). The differential equation for u is: 

^ (“') + (1 + = (1 ~ 2 /)^ ( m «') +\y(X - ^y^)ii^ 

-|(i + y)(M'* + 0, (83) 


which is correct for ions which have no initial slope in the v direction. 
The integration of this equation leads to an expression for the line width 
L in the image plane, which is 


,l+iy + y^ + Sy* 
"" (1 + 


(84) 


where a is the angular aperture in the object plane. In the case of a 
purely magnetic field one has 

Lm = — aVo, 

and for an electrostatic field 


I/# = 
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This line width is further increased due to electrons which have an initial 
slope in the t direction. 

It was shown that the focusing action of the deflection fields discussed 
is imperfect in the uit^-plane and nonexistent in the vio-plane. Only a 
fraction of the current leaving the source is collected by an exit slit. 
Attempts have been made to improve mass spectrometer fields in two 
ways. Fields have been designed for providing perfect focusing in the 
wiy-plane disregarding, however, motion of ions outside this plane. 
Examples of such fields were described by Bleakney and Hippie,^® and 
Coggeshall.^^ Spectrometers have also been designed providing focusing 
action in both the u and v direction. Such instruments are called two- 
directional focusing spectrometers, and were described by Siegbahn and 
Svartholm,22.24 Svartholm,^^ and Shull and Dennison.^®* 


3, A Crossed Field Mass Spectrometer with a Constant Electric Field 

As an example of the perfect-focusing type of instrument, the mass 
spectrometer of Bleakney and Hippie^® will be discussed. The common 
cycloid is chosen as the optical axis. The equations of this curve are 

X = a{0 — sin tf), y = a(l — cos tf). (85) 

The line element of this curve is 

dw = 2a sin ^Bdd^ (86) 


and the length of the arc of the common cycloid is, therefore, 
w ^ 2a sin ^ddd = 4a[l — cos 6]. 


The slope is given by 




The equations of the normal are 

X = a{6o — sin 6o) + cos ^do • u, 
y — a(l — cos 0o) — sin ^do • u. 

The potential distribution is assumed to be 

7* - Vt 


V = 


2d 


y- 


(87) 

( 88 ) 


(89) 


(90) 


* Shull and Dennison have called these instruments “double-focusing” spectrom¬ 
eters. It should be pointed out that such a term is misleading since it implies that the 
instrument focuses particles having different e/m ratios, velocities, and direction with 
respect to either two of the three different properties. 
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The expansion of this potential function in powers of u is 


F* - V 


- 2a sin* i — sin ^ •« . 


The coeflBcients ^m,» are, therefore, 


Vi-V 


4>io = “ 


Vi - V 




all other ^m.n being equal to zero. 

The magnetic field has only one component: 

Hu = Oj = —H = const, Hu, = 0. (93 

In order for the cycloid to be an electron path, a must be given by 

m F.-F, 1 

e 2d m 

As before, the zero-order path equation turns out to be an identity. 




^ — — ^^0 _ \ 2m ^ 

P 2000 


_->+?.1. 
P P P 


The first-order differential equations given by 


1 d 

\/ 000 
1 


1 ^ 000 *^' = 0 , 


010 _ 010 ^ \ 2m 

iP0OO 4000* p\/4>\ 


P \/0OO / 


may easily be transformed to 


d^u ,1 . 


The solutions of these equations are 

u = A cos + S sin i9, v = Ai + Bi9, 
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or with obvious initial conditions 

u = Wo' sin V == vo'^. (99) 

If u is equal to zero at ^ = 0 then u will be zero again at ^ = 27r. It has 
been shown that the focusing takes place at ^ = 2 t. 

In order to compute the aberrations, Fz is evaluated, the result being 

-5^]“• + [IS -“'‘'’Ij (100) 

= \/ 0 OO {ClU^ + j 

The perfect-focusing properties of the mass spectrometer field under 
discussion are expressed by stating that the field is free of aberrations 
(for electron paths without initial slope in the i direction). 

It can easily be shown that 

Cl = Cs = 0. (101) 

Higher-order aberrations will not be computed. 


4 . The Determination of Curved Optical Axes 


The results of investigations by CoggeshalP^ and Coggeshall and 
Muskat^® may be used to determine a curved optical axis for a number of 
mass-spectrometer fields. These authors integrated the equations of 
motion of charged particles for single magnetic fields and combined mag¬ 
netic and electric fields. The fields are not necessarily uniform but are 
restricted in that the magnetic and electric field-strength vectors are 
mutually perpendicular and are functions of one coordinate only; the 
electric vector has only one component in the direction of that axis on 
whose coordinate it depends as a function. 

Let (p{x) be the electric potential and H^{x) the magnetic field strength 
component. The equation of motion in the yx plane is then 


or 


Defining 


r* H,(x)dx + c = Six), 

JX9 

fix) 






( 102 ) 

(103) 

(104) 


one obtains 


( 106 ) 
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The corresponding equation for the case of a radial electric field given 
by an electric potential function ^(r) and a magnetic field described by a 
function i7i(r) is 


^ = 4- 1 gCO 
dr 

— v{r) - J 


( 106 ) 


where g{r) is defined by 

r Jn T r 


Due to the assumptions concerning the orthagonality and functional 
dependency of the electric and magnetic field vectors, the above integra¬ 
tions apply only to motion in a median plane.* In other regions of 
actual fields these assumptions are generally not satisfied. 

For a number of simple fields, eqs. (105) and (106) can be integrated 
in terms of elementary functions. Numerical methods may be employed 
if analytical methods fail or if the fields are given experimentally. 

Fields investigated in this manner are: 

1. Homogeneous magnetic field. 

2. Linearly varying magnetic field.** 

3. Exponentially varying magnetic field.** 

4. Radial fields.** 

5. Homogeneous electric and magnetic fields.*®**^ 

6. Linearly varying electric field and homogeneous magnetic field. *^ 

7. Quadratically varying electric field and homogeneous magnetic 
fields.*^ 

8. Exponentially varying electric and magnetic fields.*^ 

9. Homogeneous magnetic field and an electric field var 3 dng inversely 
with the radius.*^ 

10. Homogeneous magnetic field and an electric field varying directly 
with the radius.*^ 


All fields with the exception of No. 9 admit of analytic solutions. 

Some of these fields provide perfect focusing in the median plane, 
which is a desirable feature. The investigations may be supplemented 
by means of the theory outlined above in order to obtain information 
about ion or electron paths other than those in the median plane. This 
information is necessary to arrive at a correct basis for the comparison 
of the relative merits of the perfect-focusing mass spectrometer and the 


* Such a plane is located symmetrically relative to the magnetic pole pieces and 
located properly relative to electrodes producing the electric field. 
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two-directional focusing mass spectrometer. The theory of the latter 
t 3 rpe instrument is now being developed. 


6, Two-Directional Focusing with Deflection Type Fields 

The first-order electron path was given by eq. (72). All electrons 
leaving a point in the object plane w = w^s go through the point in the 
image plane w = ly*, if there are particular solutions in u and v which are 
equal to zero at ii? = Wx, A study of the path differential equations with 
the object of obtaining field distributions for which eq. (72) has this 
property is rather complicated. The investigations by Wendt^® were, 
therefore, restricted to the case of rotational symmetry about the curved 
optical axis. In this case, the solutions u and v are of the same functional 
type. The first order path differential equations must be of the form 


or 


^ (nw' — mv) = pw + mi;', 
^ (ni;' + mu) = pi; — mw', 

^ (nw') = pw -b m'l; + 2mi;', 
^ (rw;') = pr — m'u — 2mu\ 


(108) 


(109) 


Comparing corresponding terms in eqs. (72) and (109) one obtains: 



^2 ^ ^ ^10 _ 010^ _l_ yHvio yH^oo 

000 P0OO 4000* 'S/^O P \/000 

^2 _|_ _ yHuol 

000 4000* \/0OO 

— _ 001010 I 001 I yHyoi 

2000 4000* 2p0oo \/0oo 

—. 001010 _|_ yHuio _ __ y Hwoo 

2000 4000* 2 


( 110 ) 


Relations between the coeflScients of the potential series are obtained 
by substituting these series into LaPlace's equation. These relations, 
combined with eq. (110) give: 

p _ 2 — 010 * __ 002 * _ 0oo'' I yHvOO0iO ^ y^Hypp^ 
yj 000 4000* 8000* 4000 20o* 20oo 


( 111 ) 
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The equations in u and v may be combined into one single equation by 
writing 

F = iZ + *5 = (m + id = w. (112) 

The magnetic component Hwoo causes a rotation of the image. The 

angle x is given by 

X=-r^dw, ( 113 ) 

yw* V 000 

The differential equation in 9 is given by 

( 114 ) 

The solution of this equation may be written in the form 

9 = dg(w) + hh{w). ( 115 ) 


It may be verified that the solutions for u and ii can be written in the form 

u = [(mo cos X — t>o sin x)9 + («« cos (x — x.) — 

- Va sin (x - Xi))^], 

V = [(wo sin X + Vo cos x)g + (Wa sin (x - x<) + 

+ fo cos (x - x.))ft]. 

The particular solutions g and h must satisfy the following boundary 
conditions: 

Mwo) = 0, A(u).) = 1, I . 

g{w^) = 1 , ^(w«) = 0. I ^ ^ 

w — Wa is the coordinate of an aperture plane. The image plane is 
located at w — Wi, where 

hiwi) = 0. (118) 

It is assumed that the space between the planes w = Wa and w — Wi is 
field-free. 

The dioptrics of focusing systems of arbitrarily curved axes may be 
patterned after that of ordinary focusing systems. Relations between 
object and image distances, magnification, focal lengths, and location of 
the principal planes will be the same in both types of systems. 

It has been seen that it is necessary to know the particular solution 
of eq. (114) in order to be able to determine focal lengths and the loca¬ 
tions of the principal planes. These solutions must satisfy the conditions 

f(«io) = 1, 9'iwo) = 0. (119) 
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The focal length on the image side is then given by 

l/fi = -9,'. 

The focal length on th^ object side is 

i//o = -1/fiVWvl, 


( 120 ) 


( 121 ) 


where Vo and Vi are the potentials in the object and image planes 
respectively. The location of the principal plane of the image side is 
given by 

WHi = Wi — /<(1 ~ 9i). ( 122 ) 


The location of the principal plane of the object side is 

WHt, = Wo —/o(l — ^o). 


(123) 


The theory of lenses of rotational symmetry uses methods of succes¬ 
sive approximation to obtain a particular solution of the path differential 
equations. As the first solution, = 1 = const is ordinarily chosen. 
The second integration gives 


^2=1 + 


p dv^ p / __ 
j wa y/<t>00 J wo \ 


m2 \ 


dw. 


(124) 


Repeated substitution of solutions into the right side of eq. (114) yields 
improved solutions. 

In the case of arbitrarily curved optical axes, however, it is often 
true that the electron path has the value zero within the field, hence, 
= const taken as the first approximation, appears undesirable. If 

( m2 \ 

p — change only gradually so that one 

considers them as practically constant within an interval, eq. (114) has 
as a solution a circular function. As a first step, therefore, one may 
assume 


= cos 




where 


— ^ 
^ \ 000 


(126) 


( 126 ) 


•00 


The following approximation may then be written: 
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To this degree of approximation (assuming w = wo and w Wi in field- 
free space), one may obtain for the focal lengths and the location of the 
principal planes 


^ ~ L /I 2 

fi foyjvi 




—^ J \/^o OL^ cos adv^ dw, (128) 

3 adv^ dw + \ 


“ r + » 

= -4i-. 


JJ cos (^JJ 

f wa} cos adij^ dw + 


+ p^aW^oCOS (^p^cdw^dwY 

6. Purely Electric Deflection Fields 
In this case the following set of relations is obtained: 


001 == 011 — 0, 


010 020 _ 010 ^ __ 000 ^^ 

2000 000 2000 ^ 4000 


010^ ___ 000 
4000^ 400 


The potential series has, therefore, the form 

, , . I / 010^ 000^^ ^ » ( 

^ = *00 + - -^)w - 


<P = 000 + 01OW + 

or 

<p _ ^ 




From these considerations, the equipotential line distribution is given by 


'u 

1 ] 

2 


. «oo"p^\ 

8000 J 



1 + 21 


0OO^V^ 
8000 } 




0-^T 


(133) 
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which is the equation for a set of confocal hyperbolas, 
on the K;-axis is constant, that is 


we obtain 



If the potential 


(134) 


This potential distribution is shown in Fig. 13 which also shows electrodes 
producing such a field. 



Fig. 13.—Electrodes of an electrical focusing system with a curved axis. (From Z. 
Phya., 120, No. 11/12,1943, printed by permission of the Alien Property Custodian.) 


One of the electrodes was assumed to coincide with the asymptotes of 
the set of confocal hyperbolas. The equipotential line passing through 
the point u = Oj v = 0 was assumed to be at the potential <pg = 0oo = V. 
The second electrode was taken to coincide with the equipotential line 

7. Purely Magnetic Deflection Field 

In this case, 

<^00 = const, \ 

= 0, j 

-ffiiio = = *“ / 

zi _ u _^ \ (135) 

— -nrio — o—7=; ( 

^ V 000 I 

1 _ _ vH^ I 

P 000 / 

Introducing the magnetic scalar potential the following series i^ 

obtained for this quantity 
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= — J pH voodw + ^ ^ + v^) — 

where 



(136) 

(137) 


This equation represents a set of ellipses, parabolas, or hyperbolas 
depending on whether, in a plane w = const, p^H„oo^ is greater, equal, 
or smaller than 



Fig. 14.—Pole pieces of a magnetic focusing system with a curved axis. Equi- 
potential lines of the magnetic scalar potential are shown. (From Z. Phys.j 120, No. 
11/12, 1943, by permission of the Alien Property Custodian.) 


In the case 
we obtain 


HyfOQ 0 , 


P^M 


V uv ■ 

P 2p2 ‘ • 



(138) 

(139) 


This equation describes the set of equilateral hyperbolas with the 
asymptotes 

li = 2p, t; = 0. (140) 


Pole pieces producing such a magnetic field are shown in Fig. 14, The 
magnetic field distribution discussed by Shull and Dennison^® is a special 
case of the one just described. 
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I. Introduction 

Mass spectrographs and mass spectrometers are electronic instru¬ 
ments which analyze substances according to the mass of the constituent 
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elements and molecules present.* The basic principle upon which they 
operate is that moving charged particles of the same energy or velocity, 
but differing in mass or charge are acted upon by forces of different mag¬ 
nitude while passing through magnetic fields. The particular arrange¬ 
ment of fields is a problem in ion optics. In general, the instruments 
consist of three major components; a source for producing a beam of 
ions; an analyzer into which the beam is projected and by means of which 
it is resolved into its characteristic mass components; and a detector 
system for recording the resolved ion beams. 

The first important result due to the mass spectroscope was the 
discovery by J. J. Thomson^ that neon was not a simple element, but 
that it consisted of a mixture of two different isotopes; later these were 
extended to three. Since that time 302 isotopes have been found that 
occur by natural processes in terrestrial matter. 

The second important result due to the mass spectroscope was 
Aston^s^ proof that the masses of all isotopes are not simple multiples of a 
fundamental unit, but that they are characterized by a mass defect, that 
is, isotopes do not have integral masses. It is this mass defect that gives 
rise to the energy produced in fission.* 

More recently the mass spectroscope has been applied in many other 
ways. These applications include the rapid analysis of hydrocarbon 
mixtures the use of tracers in biological, chemical, and metallurgical 
problems;^® the most sensitive method known for locating gas leaksand 
the routine control of industrial plants.^* 

It is in the interest of acquainting the reader with this new and power¬ 
ful tool that this article is written. 

II. General Theory 

Unfortunately there is no such thing as a single mass spectrometer or 
spectrograph which can be called a universal machine, that is, one that 
can do all problems involved in mass spectroscopy. Generally, the 
mass spectrograph is employed for determining what masses are present 
or to determine mass defects, while the mass spectrometer is used to 
measure the relative abundances of the different components in the mass 
spectrum. There is, however, a great similarity in the components of 

* Mass spectrographs and mass spectrometers are two distinct types of instru¬ 
ments. The name mass spectrograph is generally restricted to those mass sensitive 
instruments which produce a focused mass spectrum on a photographic plate. The 
name mass spectrometer is applied to those machines which bring a focused beam of 
ions to a fixed collector, where it is measured electrically. The terms mass spec¬ 
troscope and mass spectroscopy are used in a loose sense to include both types of 
machines, and will be so used in this article. 
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the two types of machines, so that the apparatus will be discussed 
together. 

It will be sufficient for the purposes here to give a very brief summary 
of the important equations used in instrument design. 

1. Ion Trajectories in Magnetic and Electrostatic Fields 

When a charged particle moves through a magnetic field, a force 
directed perpendicularly to both the direction of motion and to the 
magnetic field is exerted upon it by that magnetic field. This force 
is represented by the vector equation: 


where B is the strength of the magnetic field in gauss, e is the charge on 
the moving particle in e.s.u., v is the velocity of the moving particle in 
cm./sec., and c is the velocity of light in cm./sec. 

The ion path of a particle subjected to this force is obtained by 
integrating the differential equation formed by equating this force to the 
rate of change of momentum of the particle: 


F = 


ev X B 
c 



( 2 ) 


where m is the mass of the particle in grams. 

In the great majority of modern mass spectroscope designs the 
particles move at right angles to the magnetic field, and the velocity of 
these particles is very much less than the velocity of light. This equa¬ 
tion can therefore be written in its non vector nonrelativistic form: 

F - ev (B/c) = mv^lrtn (3) 

where is the radius of curvature of the particle path in the magnetic 
field. 

The kinetic energy of an ion moving with a velocity v is: 

KE = Jmv* = eV (4) 

where V is the voltage through which the ion was accelerated in e.s.u. 
Combining eqs. (3) and (4) to eliminate v: 

- (c/B)(2mF/e)4 (5) 

If the mass is expressed atomic mass units, the magnetic field in 
gauss, the radius of curvature in centimeters, and ion accelerating poten¬ 
tials in volts, eq. (5) becomes: 

« (144/B)(m7/e)i 


( 6 ) 
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From this equation it can be seen, that the path an ion follows in the 
magnetic field is a function of the mass of that ion. It is this fact which 
is used as the basis of mass spectroscopy. Fig. 1 shows the trajectories 
in a magnetic field of two ion beams having the same energy, but differing^ 
in mass. 

A similar derivation of ion deflection in an electrostatic field where 
the ion trajectories are at right angles to that field gives: 

re - 2YIE (7) 

where r* is the radius of curvature of the ion path in centimeters, E is the 
electrostatic field in e.s.u. volts/cm., and Y is the voltage through which 

the ion was accelerated in e.s.u. 
From this equation it is apparent that 
the path an ion follows in an electro¬ 
static field is not a function of the 
mass of that ion. The importance of 
electrostatic deflection in’Imass spec¬ 
troscopy is that a combination of 
electrostatic and magnetic fields can 
be made, such that the velocity dis¬ 
persion of the electrostatic field just 
compensates for the velocity disper¬ 
sion of the magnetic field. Such a 
combination of fields gives a machine 
which operates independent of any 
inhomogeneity in the initial energy 
of the ion beam. This type of 
velocity correction is called velocity 
focusing ,Several examples of mass spectrographs, which use velocity 
focusing, will be discussed in section 111-6 of this article. 

It is to be noted in Fig. 1, that the deflection of the ion beams has 
been drawn as starting at the magnet face. Actually, the deflection 
starts before it reaches this face due to fringing effects. This fringing 
field maybe taken into account by assuming the effective field as larger 
than the pole faces by an amount equal to approximately one gap width. 
This is, of course, only the first order correction since the path actually 
deviates before it reaches this point. However, in most applications it 
is pointless to make a detailed calculation of second order fringing cor¬ 
rections, since in all practical applications the final alignment must be 
determined experimentally. 

Likewise, in the case of electrostatic fields a correction is necessary 
for the fringing effects due to the electrostatic field. These corrections 
have been worked out in detail by Rogers. 



Fig. 1.—Diagram showing the 
trajectories in a magnetic field of two 
perfectly collimated ion beams having 
the same energy, but differing in 
mass. 
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2. Focusing Properties of Magnetic and Electrostatic Fields 

Figure 1 shows the trajectories for perfectly collimated beams of ions. 
Theoretically, a perfectly collimated beam of ions is possible only with 
infinitely narrow slits. Such an ideal condition would reduce ion inten¬ 
sities to infinitely small values, 
system in which the slits have 
finite width is necessary so that 
usable ion currents may be ob¬ 
tained. As a result, the ion beam 
is divergent as it enters the 
analyzing field. However, mag¬ 
netic and electrostatic fields have 
focusing actions such that a diver¬ 
gent beam of ions of a single 
energy may be refocused. This 
type of focusing is called ^^direc¬ 
tion focusing” 

The general problems of elec¬ 
trostatic and magnetic direction 
focusing have been solved by 
Herzog.^® Referring to Fig. 2, 
the equation of direction focus for an ion beam of one mass, whose 
central beam enters and leaves the magnetic field at right angles to the 
faces of that field, can be written: 

(din. - gr.){d,n. - 9n.) ^ ( 8 ) 

where/m and gm are defined by the equations: 

fm “ fm CSC 9 
Qm « Tm cot 9 

dim is the distance from the apex of the divergent beam to the effective 
face of the magnetic field or object distance; d^m is the distance from the 
effective exit face of the magnetic field to the point of focus or image 
distance; is the radius of curvature of the particle path in the magnetic 
field; and 6 is the angle through which the normal ion beam is deviated. 

As an example of the application of eq. (8) consider the ‘'symmetrical' 
type of mass analyzer with an ion deflection of 60®. The term “sym¬ 
metrical" refers to the special case where dim is equal to d 2 m. In this 
case we have from eq. (8): 


In experimental applications a slit 



Fig. 2.—Diagram showing the direction 
focusing action of a magnetic field for 
ion beams homogeneous in energy. 


dim - di« - ri»(csc 60 ® + cot 60 ®) 


( 2 ) 
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or: 


dim — djm “ 1.732r«» 


(10) 


Thus, the object and image 
effective faces of the magnet. 



Fig. 3.—Diagram showing 
the direction focusing action of 
an electrostatic field for an ion 
beam homogeneous in energy. 


distances are 1.732 Vm units away from the 
The graphic construction of this particular 
focusing arrangement is shown in Fig. 5. 
This particular type of analyzer was used in 
conjunction with a direction focusing elec¬ 
trostatic analyzer by Bainbridge and 
Jordan^* in 1936, it was used by itself as 
a mass spectrometer by Nier^^ in 1940. 

A general statement which is valid for 
any angle of deflection in a magnetic field 
is that the defining slit of the source, the 
center of curvature of the central ion 
beam, and the final focal points are all in a 
straight line, see Figs. 2 and 5. 

Referring to Fig. 3, the equation for 
direction focusing in a radial electrostatic 
field is: 


(die - ^e)(d2e - ^.) « /•* 


( 11 ) 


where ge and/« are defined by the equations: 


Qe = r. cot {y/2 4>)ly/2 
ft = r«/\/2 sin V2 <t>; 


die is the distance from the apex of the divergent beam to the effective 
face of the electrostatic field; d 2 e is the distance from the effective exit 
face of the electrostatic filed to the point of focus; Vg is the radius of 
curvature of the particle path in the electrostatic field; and is the angle 
through which the ions are deflected. 

As an example of this equation consider the symmetrical focal points 
for electrostatic deflections of 90°, Fig. 3. The focus eq. (11) becomes 
for this case: 


or 


di. « du * rg (cot 127.28° + l/sin 127.28°)/\/2 (12) 

die = d 2 e = 0.35re (13) 


Thus, the object and image distances for the 90° electrostatic lens are 
0.35re units from the effective ends of the condenser field. A slight 
variation of this type of electrostatic lens was first reported in mass 
spectroscopy by Dempster,^® who used it in connection with his double 
focusing mass spectrograph. 
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3. Velocity Focusing Properties of a Combination of Electrostatic and 

Magnetic Fields 

By proper combinations of electrostatic and magnetic fields a colli¬ 
mated beam of ions of one mass, but heterogeneous in energy may be 
focused. In the special case of a direction focusing electrostatic field 
followed by a direction focusing magnetic field as shown in Fig. 4, the 
condition for velocity focusing as given by Mattauch and Herzog^® is: 

[r.(l — cos y/2 4>) + ^/2 (A — dm) sin y/2 4>] 

= ±[rm(l — cos e) + dim {sin B + tan E{1 — cos ^)}] (14) 

where E is the angle between the normal to the magnetic field and the 
incident ion beam. The positive sign is used in this equation when the 



focusing electrostatic and direction focusing magnetic fields. 

ion deviations in the two fields are in the same direction, and the negative 
when in the opposite. The condition for double focusing i.e., simul¬ 
taneous correction for direction and velocity inhomogeneities, is that eqs. 
(8), (11), and (14) must be satisfied simultaneously. Several machines 
which accomplish this have been built and are summarized in section 
III-6. 

It is apparent from eq. (14) that in the general case, the condition of 
double focusing can be attained at only one point, i.e., at r^ = hrm- This 
is not a factor when a double focusing machine is used to focus an ion 
beam of one mass on a fixed slit. However, when the beams of different 
mass are focused on a photographic plate to form a mass spectrum it is of 
prime importance to know how rapidly the machine deviates from the 
perfect focusing condition. 
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For more general mathematical details on the focusing conditions the 
reader is referred to the papers of Bartky and Dempster,*® Herzog,^® 
Mattauch and Herzog,^® Dempster,*^ Bainbridge and Jordan,^® Cartan,** 
and Hutter.** 

4 . Mass Dispersion Produced hy a Magnetic Analyzer 

The approximate distance between the ion beams of two different 
masses at the point of focus is: 

D = (r«/2)(Am/mo)(1 +/«/(di« - ^m)) (16) 

where D is the distance measured perpendicular to the ion beam between 
the two masses in centimeters, Am is the difference in mass of the two 
masses under consideration, and mo is the mass of the focused ion beam. 



Fig. 5.—Graphical construction of the 60® sector type symmetrical magnetic analyzer, 
showing the focusing action and the mass dispersion. 

This equation is valid for ions entering the analyzer at constant 
energy. For those entering at constant velocity the dispersion is doubled. 

If the anAlyzer is of the symmetrical type, dim = d 2 m, substitution of 
eq. (8) gives: 

D = r»Am/mo (16) 

Thus, for example a 60® symmetrical magnetic analyzer operating 
with a mean radius of curvature of 50 cm. has a mass dispersion of 10 
mm. for a 1 % mass difference as measured along the locus of the focal 
points, see Fig. 5. 

5. Line Widths Produced by Electrostatic and Magnetic Analyzers 

It is impossible to give in a short article, such as this, complete dis¬ 
cussions of line widths produced by analyzers. It will be instructive, 
however, to write down the equation for the image widths produced by 
symmetrical electrostatic or magnetic analyzers. The equation for the 
electrostatic analyzer obtained by Stephens*® is: 

We - + iSi + r^V/V 


(17) 
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where Wg is the width of the ion beam at the image point in centimeters, 
a is the half angle of divergence of the ion beam emanating from the^ 
object point in radians, Si is the width of the defining slit at the object 
point in centimeters, V is the average energy of the ions beam, and A 7 
is the spread in energy in the ion beam. 

Similarly for the symmetrical magnetic analyzer: 

Wm « r«a* + Si + rnJ^Y/V ( 18 ) 

where the definitions apply as before, except that they apply to the 
magnetic analyzer. 

It should be noted, that the term of eq. (18) is the term which 
results when plane faces are used for the magnetic analyzer. By properly 
shaping the entrance, and/or, exit faces of the magnetic analyzer or by 
making the magnetic field nonuniform, this term can be eliminated. 
The radius of curvature of the field entrance and exit faces for the 60 
and 90° symmetrical analyzers, which will compensate for the 
term of eq. (18), has been worked out by Bainbridge. The solution is 
approximately: 

rn = Tom cot* I ^cot I — (19) 

where Tu is the radius of curvature of the field boundaries, and tom is the 
radius of curvature of the median ray. 

Several practical considerations come into the use of eqs. (17) and (18). 

(1) They assume that the fields are homogeneous. 

(2) They assume there is no Rutherford type scattering of the ions 
due to gases in the analyzer chamber, i.e., the pressure is low. 

(3) The 3 '' assume that there is no dispersion of the ion beam due to 
electrostatic repulsion among the charged particles. 

(4) They assume that there is no deviation of the ion beam due to the 
presence of surface effects in the analyzers. 

From this discussion the important factors, those that influence line 
widths in the general case, are immediately apparent. 

III. Apparatus 

A number of physical arrangements have been used by the different 
workers in the field of mass spectroscopy to solve different problems. 
For convenient discussion the machines are divided into four components, 
see Fig. 5. The source which forms a collimated beam of ions, and the 
sample system by means of which the sample is introduced into the 
source, the analyzing system by means of which the ion beams are 
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separated according to their Mje value, and the detecting system by 
means of which the resolved ion beams are collected and measured. 

1. Ion Sources Used in Mass Spectroscopy 

Table I summarizes the various types of ion sources which have been 
used in mass spectroscopy. For actual details of construction the reader 
is referred to the references listed in Table II. 


Table I. Ion sources used in mass spectroscopy. 


m source type 

Approx¬ 
imate 
spread 
in ion 
energy 
(volts) 

First 

reported 

by 

Special 

requirements 

Best use for 

Gaseous discharge. 

1000 

Thomson*® 

Double focusing 

Packing fractions 

Anode ray. 

1000 

Aston*® 

spectroscope 
Double focusing 

No longer used 

Hot anode. 

0.2 

Dempster^® 

spectroscope 
Work function of 

Isotopic abundance 

Hot anode in gas. 

0.2 

Moon and 

element must be 
low 

Work function of 

and chemical purity 

Isotopic abundance 

Electron bombard¬ 
ment 

0 2-4 0 

Oliphant*^ 

Dempster** 

element must be 
low 

General purpose 

Hot spark. 

1000 

Dempster** 

Double focusing 

General purpose 

Gaseous discharge in 

100 

Wall®® 

spectroscope 
Double focusing 

Leak detection 

magnetic field 
Secondary ion . 

5 

Smith®* 

spectroscope 

Surface phenomena 

Arc discharge ... . 

10 

Koch®* 


Isotope separation 


The gaseous discharge type of source has been used in recent years 
for packing fraction determinations only. Even in this application it is 
now being supplanted by the electron bombardment source, which is 
much more flexible, and in which the conditions of ionization are under 
much better control. 

The anode ray source is of historical importance only. 

The hot anode source, one arrangement of which is illustrated 
schematically in Fig. 6, is of considerable use in analyzing elements which 
have low ionization potentials. With this type of source the material 
to be analyzed is applied directly to the filaments as a solid. When this 
filament is heated in vacuum, some of the material is evaporated from 
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the filament as ions. These ions are then accelerated and collimated 
into an ion beam by the collimating slits of the source. 

The ionization produced by the hot anode source depends on the fact 
that the filament has a higher affinity for electrons than the material 
applied to it. Specifically, the degree of ionization of the material 
evaporated from the filament can be written:®^ 

n+/n° = (20) 

where n+/n® is the ratio of positively charged to neutral particles evapo¬ 
rated, F is the Faraday number, W is the work function of the filament 
material, IP is the ionization potential of the material evaporated from 
the filaments, R is the gas constant, T is the absolute temperature, and 
e is the naperian base. This formula applies directly only to the elements, 
but it is qualitatively correct for compounds. It is apparent from eq. 



Fig. 6. —Schematic diagram of the hot anode source. With this source the ions are 
formed by evaporation of ions from the surface of the filament. 

(20) that as the ionization potential decreases or the work function 
increases, the degree of ionization goes up. For this reason the filament 
must be made of material with a high work function. Platinum with 
a work function of 6.2 volts is one of the best. However, for materials 
of very low vapor pressures this material cannot be used at sufficiently 
high temperature. For this reason tungsten, with a work function of 
4.52 volts, is more generally usable. Below 1800°C. this material may 
be oxygenated, increasing the work function to a maximum of about 9.2 
volts. 

The hot anode source is very selective in its ionization. For example, 
if a mixture of lanthanum and nickel salts is applied to such a filament, 
only the lanthanum will ionize. Thus, the source is adaptable for detect¬ 
ing certain impurities present in very small amounts. It is especially 
advantageous since it does not ionize the background gases. The 
spectrum obtained with this type of source is thus freer of impurities 
than the more generally used electron bombardment source. One recent 
variation of the simple hot anode source is the arrangement worked out 
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by Shaw*^ in which he places the sample to be analyzed in a tungsten 
crucible, which is heated by electron bombardment. 

Among the elements which can be analyzed with this type of source 
are lithium, sodium, aluminum, potassium, calcium, rubidium, strontium, 
gallium, yttrium, zirconium, ruthenium, rhodium, indium, cesium, 
barium, lanthanum, cerium, praseodymium, neodymium, element 61, 
samarium, europium, gadolinium, terbium, dysprosium, holmium, 
erbium, thulium, ytterbium, lutecium, hafnium, tungsten, and uranium. 

It should be noted that there are also a number of elements which 
evaporate from surfaces as negative ions, however, ionization efficiencies 
are always very low. The fourth type of source listed in Table I is 
simply a variation of the above source. With this source the material to 
be ionized is introduced as a gas rather than placed directly on the 


HIGH FREQUENCY 
SPARK SUPPLY 



Fig. 7. —Schematic diagram of the hot spark source. Ionization is produced in this 
source by maintaining a high frequency spark discharge between the two electrodes. 

filament as a solid. It is very convenient to use when the material to be 
investigated can be put in the gaseous form, since the problem of sample 
introduction is greatly simplified. 

The hot spark ion source was applied to mass spectroscopy by 
Dempster. A typical electrode arrangement is shown schematically 
in Fig. 7. With this source an oscillating circuit maintains a spark dis¬ 
charge between a central primary electrode and the edges of a hole in the 
secondary electrode. The primary electrode is either constructed of the 
material to be analyzed or it is a tube packed with the material to be 
analyzed. When the discharge takes place between the electrodes some 
of the primary electrode is vaporized and ionized. The ions formed are 
accelerated and collimated into an ion beam by the collimating slits. 

This spark source is one of the most universal sources now in use. 
It will analyze any element that can be put into a solid form, either as 
the element or as a compound. It is especially valuable for packing 
fraction work as it produces an abundance of multiply charged ions. 
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The major disadvantages of the source are that the ion beam is unstable 
and that the ion beam emanating from the source has a spread in energy 
of the order of 1000 volts. It thus requires a spectrograph or spectrom¬ 
eter which includes velocity focus or velocity selection in addition to 
mass resolution. 

The electron bombardment source was first used by Dempster.** It 
was further developed to its present highly reliable state by Smythe,** 
Bleakney,** Tate and Smith,** and Nier.”-** Ionization in this source 
is produced by electron bombardment of gases. In the mass spectro- 
metric application electron ionizing energies of 75-100 volts are used. 
However, when the source is used for packing fraction work where multi¬ 
ply charged ions are an advantage (see section IV-2) electron energies of 
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Fig, 8. —Schematic diagram of the electron bombardment source. Ionization of 
the gas in the ionization chamber is accomplished by bombardment with electrons. 
The electron beam in the figure is directed normal to the page. 


1000 volts are often used. Under these condition heavy mass ion with 
eight charges are obtainable in suflScient quantity to be usable. 

A typical source of this type is illustrated in Fig. 8. In this particular 
diagram the electron beam is directed across the ionization chamber 
perpendicular to the page. For most applications the electron beam is 
held in alignment with a magnetic field. The ionization chamber is 
constructed with as few and small openings as is compatible with efficient 
removal of the ions. This gives a high ratio of inside to outside pressure 
so that source efficiencies are high. In the special case of hydrocarbon 
analysis the filament which produces the ionizing electron beam must be 
well isolated from the ionization chamber so that gases cracked by the 
filament do not interfere with the analysis, and so that the temperature 
of the ionization region remains constant. These precautions are not 
necessary in a source used for isotope abundance or packing fractions. 

One important point in the operation of this type of source is that the 
efficiency of the source varies as the potential across the source is varied. 
This effect is reduced by maintaining the potential between the ioniza- 
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tion chamber and the drawing out plate constant, but it is by no means 
eliminated. This effect is of such magnitude that absolute isotopic 
abundances determined by varying the ion acceleration voltage are 
noticeably in error. 

Samples are introduced to this source through the hole shown at the 
top of the source. Materials which have appreciable vapor pressures at 
room temperature are admitted to the source through a ^^gas leak.’^ 
Materials which are nonvolatile at room temperature, but have con¬ 
siderable vapor pressure below 1500°C. are evaporated into the source 
from a crucible or crucibles places so that a molecular beam of the sample 
crosses the electron beam. Materials of lower vapor pressure such as 
platinum, tungsten, etc., are evaporated from filaments similarly placed. 

This electron bombardment source is the source most used in modern 
mass spectroscopy. It has the advantages of extreme stability, and low 
energy spread. It can thus be used without velocity focusing or selection 
except when packing fractions are to be measured. 

The source utilizing a gaseous discharge in a magnetic field is a high 
current source based on the principle used in the Phillips ion gauge.*® It 
is in actuality, simply a variation of the gas discharge originally used by 
Thomson.2* The source has not been very widely used because of its 
inherent instability. It gives ions of energy ranging to ± 100 volts from 
the average depending on the particular design. Thus, for most applica¬ 
tions velocity selection or velocity focusing must be used in addition to 
mass resolution. It is also of interest in that it gives ions due to ion 
bombardment of the discharge chamber surfaces. Thus, for example, 
if the discharge chamber is made of copper the ion beam emanating from 
the source will include copper ions. 

The secondary ion source is of interest in the study of surfaces, or in 
the analysis of solid samples. The method of operation is to direct an 
ion beam of some inert gas onto a solid sample; when this ion beam 
strikes the sample, ions characteristic of that surface are formed. 

The arc source is of interest mainly in forming an intense ion beam 
for separation of measurable quantities of isotopes. It has not been 
used for other purposes. 


2. Sample Handling Systems 

All the discussion of sources has assumed that the intensity of the ion 
beams formed by the source are always characteristic of the sample. 
This is by no means true unless special precautions are taken in the 
introduction of the sample. 

It is impossible in a short article to give a complete discussion of mass 
discrimination effects. However, an outline of some of the problems 
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involved in the introduction of gaseous samples to the mass spectrom¬ 
eter will serve to illustrate the types of problems encountered. 

Knudsen®®'^® and later Smoluchowski^^ derived the equations of flow 
for gases at low pressures through tubes and orifices. The molecular 
flow of gas through cylindrical tubes can be represented approximately by 
the equation: 

Qm = S80Q(DTyL)(T/M)HPi ~ P 2 ) dyne-cm./second (21) 

and the flow through circular openings by: 

Qm = 2860Z)r*(7’/M)§(Pi — P2) dyne-cm./second (22) 

where Qm is the molecular gas flow through opening in dyne-cm./second, 
Dt is the diameter of opening in centimeters, L is the length of tube in 
centimeters, M is the molecular weight on the scale 0 = 16, Pi is the 
pressure on the high pressure side of opening in dynes/cm.^, and P 2 is the 
pressure on the discharge side of the opening in dynes/cm.^ 

Theoretically these equations hold as long as the mean free path (X) 
of molecules is large compared with the diameter of the opening (X )$> Dt). 
Experimentally it has been found to hold well, providing the mean free 
path is at least twenty times the diameter of the opening. 

For high pressure (X Dt) the gas flow is viscous and follows Pois- 
euille^s law:^^ 

Qv = (,irDTW256ftL)(Pi + P 2 )(Pi - P 2 ) (23) 

where Qv is the viscous gas flow through the opening in dyne-cm./second, 
and rj is the viscosity in poises. 

To determine the limits for nonseparative flow it is convenient to 
evaluate the diffusive mixing term. The rate of flow of one component 
is given by the equation: 

0i = —(24) 

where Qi is the net flow of component, D is the diffusion coefficient, rii 
is the number of molecules/cc., and v is the drift velocity of the gas 
through the tube. 

Obviously, if the term depending on v is much larger than the term 
dependent on D, the flow through the tube will be nonseparative, i.e., 
there is no fractionation in the sample reservoir due to back diffusion. 
If, however, the term depending on D is comparable to that depending 
on Vy back diffusion will take place through the tube and indeterminable 
errors will be introduced. These equations are sufficient for determining 
the characteristics of a gaseous sample introduction system. It now 
remains to set up the requirements for an ideal system and show how 
closely a practical system meets these requirements. 
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The requirements for ideal operation of a leak for introducing gaseous 
samples into a mass spectroscope operating with an electron bombard¬ 
ment source are: 

(1) The composition of the gas mixture in the ionization region of the 
source should be identical with that of the sample. 

(2) The concentration of the mixture being analyzed should not 
change with time. 

(3) In a gas mixture, a change in the amount of one substance should 
not affect the peak height due to the others, i.e., all mixture peaks 
should be linear superpositions of the individual intensities. 

(4) The gas flow should remain essentially constant during the 
analysis. 


ANALYZER 

CHAMBER 



Fig. 9. —Schematic gas flow system used for introduction of gaseous samples into 

a mass spectroscope. 

A typical gas flow arrangement used in mass spectroscopy is shown 
in Fig. 9. With this system the gas to be analyzed is placed in the 
reservoir and allowed to leak through the system. Molecular flow takes 
place from the ionization chamber to the pump, since the mean free paths 
are large compared with the openings, that is, pressures are low through¬ 
out this region. 

Consider now the molecular flow type of leak, that is, one whose 
diameter is less than one twentieth of a mean free path. In equilibrium 
the gas flow into the ionization region Qn must equal the flow out Q 28 . 
Since both flows are molecular we have from eq. (22): 

2860£)i2»(r/M)i(P, - P,) = 2860D,3*(P/M)i(P* - Pa) (25) 

Making the approximation that Pi» P 2 and P 2 ^ P*: 

P, = kPx (26) 

where fc is a constant determined by the dimension only. This shows 
that the composition of the mixture in the ionization chamber is identical 
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to that in the reservoir. Thus, this leak meets the first requirement of 
leaks. 

The second requirement, however, is not met by the molecular flow 
leak, since the composition of the material in the reservoir changes with 
time. This change in concentration for a binary system is represented 
by the equation Honig^* gives in his discussion of sample introductions 
systems: 

(Pi/Po)a » (27) 

where (Pi/Po)o is the ratio of final pressure to initial pressure in the 
reservoir for component a, (Pi/Po)^ is the ratio of final to initial pressure 
in the reservoir for component b, Ma is the molecular weight of component 
a, and Mi is the molecular weight of component h. For example, if a 
sample containing 50% benzene (CeHe) and 50% hydrogen (H 2 ) is 
allowed to pass through a leak until the benzene pressure in the reservoir 
has dropped by 6%, the composition will change to 42% hydrogen and 
58% benzene. Obviously under these conditions accurate analyses are 
impossible. The method of surmounting this difficulty is to use a 
reservoir of such size, that the change in composition is less than the 
accuracy to which the sample is to be measured. 

The molecular flow leak does satisfy the third requirement in that 
the peaks are superposable. This fact results very simply from analysis 
of the equation of flow, and is apparent also from the fact, that in molec¬ 
ular flow every molecule acts as though no others were present. The 
fourth requirement can be met only approximately, i.e., by using a 
reservoir, and hence a sample of sufficient size so that the change in pres¬ 
sure during the time of analysis is negligible, or by using a constant pres¬ 
sure device on the sample reservoir. 

There is little doubt that the molecular flow leak is the best where 
gas analyses are involved, for example, the relative abundances of 
benzene and hydrogen. It is not necessarily the best when routine 
isotopic comparisons are to be made. 

The second possible leak type is one that works on mass flow prin¬ 
ciples. The condition worked out by Nier^* for this case is that the flow 
through the tube is sufficiently fast, and the pressure sufficiently high, so 
that back diffusion does not serve to mix that part of the gas that is 
fractionated by molecular flow with that coming from the sample. 
That is, in eq. (24) the velocity term is very large compared to the 
diffusive mixing term. Even though the flow through the leak will be 
governed by mass flow principles, the flow throughout the rest of the 
instrument is molecular. Thus, to a fair approximation the equation for 
the equilibrium flow (Qia = Qu) is: 

(irDifV266vL)(Pi + P*)(Pi ~ Pi) - 2860Dst*(T/Af)i(P» - Pi) (28) 
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Again making the approximation that Pi 5^ P 2 and P 2 5^ Ps: 

P 2 = kZ)i2V(256)(2860)Z),8*i?L](Af/r)JPi* 


or the equation may be written: 




(29) 

(30) 


where if is a constant determined by the dimensions only. This shows 
that the first requirement of leaks is not satisfied, because the pressure of 
the sample in the source is not independent of the molecular weight of 
the material in the sample reservoir. In binary problems the relations 
are quite unpredictable. The second requirement of leaks, however, is 
satisfied by this leak because the composition of the material in the 
reservoir does not change during analysis. The third requirement is not 
satisfied. For example, 1% of benzene added to a helium sample will 
change the helium peak height by about 50%. There is, however, one 
factor which makes the leak important. It is the fact that the ratio of 
any two peaks is characteristic of the relative composition only. The 
fourth requirement can again be met by using large samples and con¬ 
tainers. In this one respect, the two leaks are similar. 

Thus, the mass flow leak system can be used for normal isotopic 
abundance only if the appropriate square root of the mass correction is 
applied. However, it is probably the better leak for use in routine 
isotopic comparisons, since in this case all that is required is that the 
fractionation holds constant, while the fact that no isotopic composition 
change takes place in the reservoir is more important. For example 
from eq. (27) it is seen that if 10% of a standard sample of HD is allowed 
to leak through a molecular flow leak the ratio of the isotopes in the 
sample would have changed in concentration by 2.4%. This would 
require discarding the standard. However, if a mass flow leak is used 
no such errors are introduced. 

It is possible to make variable leaks of the mass flow type. One such 
leak has been described by Nier, Ney, and Inghram,^^ which, if operated 
at the correct back pressure and leak size, satisfies mass flow requirements. 

In the case of the hot anode source, where the gas is directed at a 
heated filament as a molecular beam, the requirements are just the 
opposite of the case just discussed. In this case, the molecular flow leak 
gives a fractionation factor equal to the square root of the mass ratio, 
while the mass flow leak gives no discrimination. 

If the sample is introduced into a crucible and heated to give a 
molecular beam, which is ionized by electron bombardment, two cor¬ 
rections must be considered. The first correction arises from the fact 
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that the rate of evaporation is different for molecules of different mass, 
i.e., from equiporation of energy it may be shown that the lighter mass 
molecule moves faster, and hence has a higher probability of escape than 
the slower. The evaporation rate is inversely proportional to the square 
root of the ratio of the masses.^® Thus, the composition of the gas being 
bombarded by electrons is different from that in the crucible, and the 
correction must be applied. It should be noted that this simple factor 
does not hold for light elements such as lithium, nitrogen, etc. There 
is a complicating factor in this simple evaporation assumption. This is 
that the fractionation will take place only if there is perfect mixing of 
molecules at the sample face. If there is no mixing this fractionation 
cannot take place; there is a mass motion from the sample and hence no 
fractionation. It may be assumed that perfect mixing takes place in 
the volatilization of a liquid and that none takes place in the volatiliza¬ 
tion of a solid. This is only approximately true since there is some 
mixing in solids at high temperatures. The second correction to be 
applied to the crucible evaporated samples comes in from the fact that 
the molecules traverse the ionization region at different speeds and are 
condensed on the walls of the chamber at the first collision. This 
introduces another square root of the mass factor, which either counter¬ 
balances the factor obtained from the evaporation effect of liquids, or 
introduces a correction which must be applied to the nonfractionating 
evaporation of a solid. 

The above factors include the most important types of discrimination, 
which occur in the introduction of samples to the mass spectrometer. 
Obviously, only by the careful evaluation of the type of answer that is 
desired can the proper arrangement of leaks be made. 

3. Mass Analyzers 

The various types of analyzers, which may be used for separation of 
an ion beam into its various mass components, can best be illustrated by 
referring to the various mass resolving instruments which have been 
constructed. The most important and instructive of these instruments 
are summarized in Table II. 

The first mass analyzer was designed and constructed by J. J. Thom¬ 
son.*® With his analyzer the arrangement of fields was such that the 
ion beams of different mass components were separated into different 
parabolas. The principle significance of his method is historical. There 
is no focusing with this type of machine so the lines are not of sufficient 
sharpness to be of practical value in modern mass spectroscopy. 

The first use of the focusing action of magnetic fields was reported by 
Dempster in 1918.^® The arrangement he used was the 180® direction 
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focusing magnetic analyzer to be discussed in more detail later in this 
section. 

The second mass spectrograph, which produced a focused spectrum 
of the mass components, was the velocity focusing spectrograph of 
Aston.This spectrograph is illustrated schematically in Fig. 10. 
The condition for velocity focus with this apparatus is: 


^ _ 24>(di ^ 2 ) 

^- T2 


(31) 


With the position of the detector photographic plate shown, the velocity 
focus equation is met for all parts of the plate. With this apparatus 
there is no direction focusing. This means that the ion beam must be 
defined very closely with the collimating slits Si and 82 * This is a 
limitation on the Aston type of machine, which was later overcome by 



Fig. 10. —Aston’s velocity focusing mass spectrograph. With this machine there 
is little direction focusing so that the ion beam must be defined very closely by the 
slits Si and S 2 , 


other workers with the double focusing technique. As a result of this 
difficulty this type of machine, which has a glorious past, is no longer 
used. 

Modern mass spectroscopes can be classified into one of four groups. 
The first is the direction focusing magnetic analyzer; the second is the 
velocity selection-direction focusing analyzer; the third is the double 
focusing analyzer; and the fourth is the velocity selector analyzer. These 
groups are sufficiently distinct to merit separate discussions. 

4 . Direction Focusing Magnetic Analyzers 

Direction focusing magnetic analyzers are the simplest mass analyzers 
used in modern mass spectroscopy. Their value is well illustrated by 
noting the large number of this type of machine listed in Table II. The 
analyzer consists of a single homogeneous magnetic field with the source 
and collector arranged according to the direction focus eq. (8). Only 
those sources which produce ion beams quite homogeneous in energy, 
see Table I, can be used with these analyzers. 
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One of the simplest types of direction focusing magnetic analyzers, 
is that in which the source slit is at the entrance to the magnetic field and 


the collector at the exit, i.e., dim = d 2 m = 0. 

If these values are substi- 

tuted in eq. (8) we have: 


ffm ™ i/m 

(32) 

or 


6 « nvr 

(33) 


where n is any integer. Thus, direction focusing will take place if the 
ion beam deviates through 180®. This is exactly the case first used by 
Dempster*® in applying direct focusing to ion optics. His apparatus is 
illustrated schematically in Fig. 11. Since that time a large number of 
machines have been constructed which utilized this focusing angle, see 
Table II. 



Fig. 11.—Schematic diagram of the 180° direction focusing mass analyzer used by 

Dempster in 1918. 

More recently, the sector shaped magnetic analyzer has come into 
use. The most common case is the 60° symmetrical analyzer of Nier,^^’®^ 
illustrated in Fig. 5, and the 90° symmetrical analyzer of Hippie.® The 
condition for focus in the 60° case was computed in section II-3. The 
condition for the 90° case is computed by substituting 90° for 6 in eq. (8). 
Thus, the symmetrical object and image lengths are: 

dim “ d2m ~ Tfn (34) 

The dispersion along the locus of the line of focus for the 180°, 90°, 
and 60° instruments are, for identical radii of curvature, in the ratio of 
1:1.41:2.0, respectively, as is proved by analysis of eq. (15). However, 
the resolving power of the three symmetrical machines are identical. In 
the 180° case, the dispersion varies along the locus of the focal points 
according to the square of the mass, the 60° case is almost exactly linear, 
and the 90° case falls intermediate. 

From this discussion it is obvious that there is no fundamental 
difference between any of the direction focusing magnetic analyzers. 
Any one of them, if proper care is taken in the details of design and 
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operation, will do equally well any of the jobs required of a direction 
focusing mass analyzer. 

6 . Velocity Selection—Direction Focusing Analyzers 

The requirement of the simple direction focus machine, that the 
energy of the ion beam entering the magnetic analyzer be quite homo¬ 
geneous, is removed by the additiop of a velocity selector. Such a 
velocity selector picks out a homogeneous beam of ions which is then 
projected into a direction focusing magnetic analyzer. 

It must be emphasized at this 
point that the types of analyzers 
discussed under these separate 
headings are distinct, and that each 
is best for particular types of jobs. 
The succeeding sections in this 
discussion should not be taken to 
mean improvements over earlier 
types. For example, the simple 
direction focus machine can be 
used to measure isotopic abun¬ 
dances but cannot be used for pack¬ 
ing fractions, while the velocity 
selection-direction focusing ana¬ 
lyzer is well suited for measuring 
packing fractions, but is completely 
unusable for accurate measurement of isotopic abundances. 

The addition of velocity filters was undertaken by Bleakney in 
1929^® and by Bainbridge in 1930.®*^ The arrangement is shown sche¬ 
matically in Fig. 12. The velocity selector is the so-called Wien filter, 
which directs a beam of ion, homogeneous in velocity, into the 180° 
direction focusing mass analyzer. The filter consists of crossed electro¬ 
static and magnetic fields both at right angles to the direction of propaga¬ 
tion of the central ion beam. Slits are placed so that only those ions 
which pass through these fields undefiected are utilized. For this 
trajectory, the forces on the moving ion resulting from interaction with 
the electrostatic and magnetic fields must be equal. The magnetic 
force is: 

Fm = Be{v/c) (36) 

Fe = eE (36) 


ION SOURCE 



Fig. 12. —Schematic representation 
of the velocity-selector-direction focusing 
mass analyzer used by Bainbridge. The 
velocity selector is the crossed field Wien 
filter. 


the electrostatic force is: 
equating: 


V = c(E/B) 


( 37 ) 
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Thus, this arrangement of fields is velocity sensitive and only those ions 
having the velocity given by this equation get through the filter and 
into the direction focusing magnetic analyzer. 

An improved machine of this type, which also attained double focus¬ 
ing, see next section, was designed and constructed by Jordan®® at the 
University of Illinois in 1940. Unfortunately a complete description of 
the apparatus has never been published. It is claimed to have a resolving 
power of one part in 30,000 and an accuracy in the measurement of 
atomic mass of 1 part/million. 

The major disadvantage of this class of machine is that it allows only 
a very narrow range of masses to be studied or, if it uses an ion source 
of large energy spread, it has low efficiency. 



Fig. 13. —Diagram of the Dempster double focusing mass spectrograph. The 
trajectory of an ion beam inhomogeneous in direction and energy, but of a single mass 
is shown. This machine is in exact focus at only one position, r, = 0.848r«». 

6 , Double Focusing Analyzers 

The third major type of mass analyzer is the so-called double focusing 
instrument. This instrument refocuses beams inhomogeneous both in 
velocity and direction. Instruments of this type were under develop¬ 
ment in three independent laboratories simultaneously. The first 
published was the machine of Dempster 2 ® Fig. 13. It consists of a 90® 
direction focusing electrostatic field with du = 1 cm., d 2 « = 5.66 cm., 
.and r, = 8.48 cm.; and a 180® magnetic analyzer dim = d^m = 0 of 
mean radius 10 cm. 

Since the central ion beam in this machine enters and leaves the 
analyzer fields at right angles the performance of this machine can be 
explained by direct substitution in eqs. (8), (11), and (14). 
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If we start by choosing the values = 8.48 cm., du = 1 cm., and 
0 = 90° then substitution in eq. (11) gives die = 5.66 cm. Thus, the 
image due to the electrostatic analyzer will be at a perpendicular distance 
of 5.66 cm. from the end of the electrostatic analyzer. Now using this 
as the object point for the magnetic field and choosing dim = 0, and 
0 = 180°, substitution in eq. (8) gives dim = 0. Thus, a second image 
is formed at the exit to the magnetic field. This machine is, therefore, in 
focus twice from the direction point of view, i.e., at Sz and at the ion 
detection. 

In satisfying the direction focusing conditions for the above com¬ 
bination of fields no restriction has been placed upon Vm- Thus, the 
machine is direction focusing for any value of r^. However, the require¬ 
ment of double focusing with this particular arrangement of fields 
restricts to a definite value. Substituting the direction focusing 
conditions, i.e., = 8.48 cm., <l> = 90°, = 5.66 cm. (see Fig. 4), dim = 0, 

d = 180°, and E = 0°, in eq. (14) gives rm = 10 cm. Thus, the Dempster 
90°-180° spectrograph satisfies both the direction focusing, and velocity 
focusing conditions at Vm = 10 cm., and hence is double focusing. 

From this explanation, it is seen that almost any combination of 
fields can be made to give double focusing by simply varying any two or 
more parameters simultaneously, and that all are simply particular 
solutions of the general double focusing conditions. 

One simple relation should be pointed out. It is that whenever any 
combination of symmetrical direction focusing fields is used, no matter 
what the angles of deflection, that if Vm = r* then eq. (14) is automati¬ 
cally satisfied. 

When a double focusing mass spectrometer is constructed where the 
ratio of the radii in the two fields is fixed, the above discussion is suflScient. 
However, if a mass spectrograph is constructed in which a complete 
spectrum is recorded on a photographic plate Vm is not fixed and the 
condition for velocity focus is met at only one position on the plate. In 
the Dempster type spectrograph, calculation shows that the locus of the 
velocity focus points lie along the line CD which is at an angle of approxi¬ 
mately 45° to the line AB, the locus of the direction focusing points. It 
turns out that if a slit 2.0 mm. wide is placed at Sz the line width 1 cm. 
away from the point of optimum focus is 0.1 mm. Hence, the double 
focusing condition is good over a usable range. 

The second double focusing mass spectrograph was reported by 
Bainbridge and Jordan in 1936.^® This machine, illustration in Fig. 14, 
combined a 127° 17' direction focusing electrostatic analyzer with a 60° 
direction focusing magnetic analyzer to give double focusing. Solution 
of eq. (11) shows that the only solution for an electrostatic direction 
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focusing- angle of 127® 17' is that di, = du = 0. The 60® magnetic 
analyzer is the analyzer previously discussed in section II-3 with din 
= d»m = 1.732 r*. Substitution of these values in eq. (14) gives as the 
final condition for double focusing r, = r*,. Again double focusing is 
accomplished at only one point, i.e., r, = r™. Calculation of the angle 
between the locus of the direction focusing points and the locus of the 
velocity focusing points gives 5°. Thus, the range over which approxi¬ 
mate double focus is obtained is considerably wider than in the Dempster 
machine. Two other observations should be made in comparing these 
two machines. The first is that the 127-60® machine has twice the dis¬ 
persion as measured along the locus of the direction focusing points as 
the 90-180° machines of the same radius, but that it requires only one- 



Fig. 14. —Diagram of the Bainbridge-Jordan double focusing mass spectrograph. 
The trajectory of an ion beam inhomogeneous in direction and energy, but homoge¬ 
neous in mass is shown. This machine is in exact focus at only one position, r, = 

third as much field area. The second is that is has an approximately 
linear mass scale while the 180° machine has one which varies as the 
square root of the mass. Thus, for equivalent radii of curvature and 
detector plate size a wider mass range is covered by the 180° machine. 

The third double focusing mass spectrograph to be reported was the 
31° 50' electrostatic field 90° magnetic field machine reported by Mat- 
tauch“ in 1936 and shown in Fig. 15. This machine is different from 
the two previously described in that the two separate fields are combined 
to give direction focusing. By solution of eq. (11) it will be found that 
if the object distance du is r,/\/2 then the image formed by the electro¬ 
static field is formed at infinity. In other words the ion beam coming 
from the electrostatic field is parallel. Thus, the beam that enters the 
magnetic field acts as though it were coming from a source at infinity, 
dim == «>. Substitution of this value in eq. (8) shows that if dtm — 0 
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then 6 = 90®. Hence, direction focusing is accomplished only by the 
combination of the two fields. It turns out by analysis of eq. (14) that 
these restrictions are sufficient to also give velocity focusing.^® Note 
that no restrictions have been placed on Vm or A, thus the loci of the 
velocity and direction focusing positions fall along the same line, and the 
machine is double focusing for all masses simultaneously, and for any 
value of A. Since Vm is independent of it is important to specify some 
condition to determine what order of magnitude r* should be. Mattauch 
showed that the theoretical resolving power is: 

Am/w = 2^2/r« (38) 

where Am is the least distinguishable mass difference at mass m, and 8 % 
is the source slit width. Thus, for this machine should be made 

PHOTOGRAPHIC 



Fig. 15. —Diagram of the Mattauch double focusing mass spectrograph. The 
trajectory of an ion beam inhomogeneous in direction and energy, but homogeneous 
in mass is shown. This machine is in focus for all values of r„ r» and A. 

sufficiently large to give the desired resolution. Again as in the 90-180® 
case the dispersion as measured along the locus of the focal points varies 
as the square root of the mass and contrary to the 90-180® and 127-60® 
cases there is no minimum in the line width because there is no of 
optimum focus. In the Mattauch case line widths vary directly as the 
square root of the mass. 

This variation in line width along the plate is of extreme importance 
in the determination of line strengths by the photographic method since 
the line widths must be included in the intensity calculations. The effect 
is not simple in the Dempster or Bainbridge machines since it increases 
in both directions from the position of optimum focus. 

Two Other double focusing mass spectroscopes have been constructed, 
which use simultaneous fields. The first is the double focusing mass 
spectrometer constructed by Bondy, Johannsen, and Popper®® according 
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to the theory developed earlier by Bartky and Dempster.*® This 
machine is based on the fact that a radial electrostatic field superimposed 
at right angles to a magnetic field gives double focusing at an angle of 
127® 17' if the force due to the magnetic field is twice that due to the 
electrostatic field. No recent important work has been done with this 
type of machine since it suffers from the difficulty of requiring large 
magnets. It can, however, be used for the leak detection mass spectrom¬ 
eter application. 

The second simultaneous field double focusing mass spectrograph is 
the trochoidal path machine developed by Bleakney and Hippie.®^ This 
machine gives theoretically better focusing than any of the previously 
discussed machines. It uses a linear electrostatic field at right angles to 
the magnetic field. However, it also requires very large homogeneous 
fields so that it probably will never find wide application. 

7. Velocity Selection Analyzers 

There is only one type of mass analyzer which does not necessarily 
require a magnetic field. The simple theory is as follows: 

Suppose an ion source is used in which the mean energy spread in the 
ion beam is 0.2 volt, and the total energy is 1000 volts. The velocity 
of the ion groups will be given by the equation: 

V = {2eV/m)\ (39) 

where v is the velocity in cm./second, V is the voltage through which the 
ion is accelerated in e.s.u., e is the charge on the ion in e.s.u. and m is the 
mass of the particle in grams. 

To consider a specific example, consider the velocities of the two 
isotopes of lithum, mass six and mass seven, as emitted from a hot anode 
source operating at 1000 volts. The velocities of the two isotopes 
and vr are then: 

re = 1.825 X 10^ ± 0.002 cm./second 
Vj = 1.691 X 10^ ± 0.002 cm./second 

Thus, the velocities in the ion beam fall into two distinct groups and 
can be resolved by a properly designed velocity filter. 

The first machine to use this principle alone was the Wien filter used 
by Oliphant, Shire, and Crowther.®^ This filter was, however, used 
earlier by Bleakney^® and by Bainbridge®® in conjunction with a direction 
focusing magnetic field. The operation of this filter was described in 
section III-5. There is no focusing action with this type of spectrometer 
so it can be used only for light masses. 

The second machine of this type was suggested by Smythe in 1926 
and constructed by Smythe and Mattauch in 1932. This machine 



248 


MABK G. INGHRAM 


operates independently of any magnetic field. The beam passes suc¬ 
cessively between two condensers of length Si separated by a distance 
S 2 * The same alternating field is applied to both condensers. If the 
frequency of the signal applied to the condensers is w = 2 im{v/Si)y where 
n is any integer, the particle suffers as many upward as downward 
thrusts and the beam leaves the condenser parallel to the incident beam, 
but displaced by an amount determined by the phase of the signal when 
the ion enters the electrostatic field. If now the distance of the second 
condenser is such that the beam travels the distance + AS 2 in an odd 
half cycle, the displacement given by the first condenser will be exactly 
compensated by the second condenser and the beam of velocity v passes 
through the combination undeflected; while the others are deflected away 
from the normal. The machine thus resolves the ions by discriminating 
between the ion velocities. In practice the machine has a number of 
ghost images which makes its results difficult to interpret. These effects 
have been discussed by Hintersberger and Mattauch.^® 

Very recently a machine of this general type has been designed by 
Stephens.In this machine microsecond pulses of ions are used. The 
pulsed beam is allowed to pass down a tube until the ions of different 
mass are divided into distinct velocity groups. Detection is then accom¬ 
plished by recording the pulses to the final collector with an oscilloscope. 

8 . Ion Detection Systems 

It is the ion detector which determines whether any particular 
analyzer is a mass spectrometer or a mass spectrograph. Fig. 16 illus¬ 
trates the type of records obtained with a mass spectrometer, and 
spectrum (a) of Fig. 17 is the record for the same element obtained with a 
mass spectrograph. The element used by Inghram in obtaining these 
particular mass spectra is neodymium. The importance of each type of 
recording system is immediately apparent from these figures. The type 
of mass spectrum shown in Fig. 16 is best for measuring the intensities 
of the various ion beams while the type in Fig. 17 is best for locating 
accurately the position on the mass scale. 

The various types of detector systems yvhich have been used to detect 
ion beams in mass spectroscopy are summarized in Table III. For more 
complete details the reader is referred to the machine papers listed in 
Table 11. 

One point should be made in connection with the shape of the peaks 
shown in Fig. 16. In the ideal case the top of the peaks should be flat. 
When this is true possible variations in ion beam shape due to different 
mutual repulsions for ion beams of different density or other such effects 
introduce no errors. The condition for obtaining flat peaks is that the 
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width of the collector slit, for example 8s of Fig. 9, be greater than the 
width of the ion beam as defined by eqs. (17) and (18). A second cop- 
sideration comes in that determines the maximum slit width which can be 
used. This is the fact that if the collector slit width is equal to the dis- 
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Fig 16 —The isotopes of neodymium recorded with a recording mass spectrometer. 
The ion source used for this particular record was the hot anode source. 
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Fig 17 —Spectra obtained with a mass spectrograph (a and b) and by disintegration 
of active deposits on photographic plates (c and d) 

tance between two adjacent peaks, no resolution of the peaks is possible. 
The slit width used in obtaining the curve shown is such that at maxi¬ 
mum intensity more than 98% of the total beam is collected. 

The first two methods listed in Table III are of historical importance 
only. They depend on the fact that a rapidly moving beam of charged 
ions produces a visible fluorescence. 
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The third method, the technique of allowing the ion beam to strike a 
photographic plate, is the method of ion detection now used almost uni« 
versally in mass spectrography. In the past special photographic 
emulsions have been used for this purpose, among these are Schuman and 
Ilford Q plates. More recently, the Eastman III-O ultraviolet sensitive 
vacuum spectrograph plate has also come into general use. This plate 
is more rugged than the special Schuman plates and works very satis¬ 
factorily with ion energies of greater than 6000 volts. As a typical 


Table III. Ion detector used in mass spectroscopy. 


Original workers 

Refer¬ 

ence 

Type of detector 

Primary use 

Thomson. 

78 

Fluorescence 

Historical 

Dechend and Hammer 

79 

Photo of fluorescence 
Direct photo on velox 
paper 

Historical 

Thomson. 

80 

Direct photo on plate 

Integrating packing frac¬ 
tion 

Thomson. 

81 

Quadrant electrometer 

Intensity measurement 

Metcalf and Thomson 

82 

Electrometer tubes 

Intensity measurement 

Smith, Ijozier, Smith, 
and Bleakney 

83 

Electrometer tube and 
automatic recording 

Intensity measurement 

Cohen. 

84 

Electron multiplier 

Intensity measurement 

Nier, Ney, and 
Inghram 

85, 66 

Dual electronic detector 

Intensity measurement 
adaptable to fluctuating 
ion beams 

Forrester and Whalley 

75, 77 

AC ion beam recording 

Rapid panoramic scan¬ 
ning 

Inghram, Hayden, and 
Hess 

86 

Vibrating reed electrom¬ 
eter 

Intensity measurement 


example, 10® ions of 10,000 volts energy and atomic mass 100 striking a 
square millimeter of area produces a good developable image. It must 
be cautioned that the image density decreases strongly with an increase 
in the mass of the ion studied and vise versa. One advantage of the 
photographic recording is that it integrates the ion beam so that require¬ 
ments on ion sources are less strigent. Aston®^ has discussed the applica¬ 
tion of the photographic method in great detail. 

The first electrical recording of the ion beams was done by Thomson.®^ 
For this work he used a Faraday collector directly behind a defining slit 
and recorded the ion current with a Dolezalek type electrometer. Later 
Bleakney®® replaced the electrostatic electrometer with an electrometer 
tube. 
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The use of multiple collectors was first reported by Straus.®* They 
were necessary in his work, since he used the hot spark, and an integratipn 
of the ion beams was necessary. He measured the ion currents with 
Compton electrometers. A multiple collector system using direct 
coupled DC amplifiers for routine isotope measurement was reported by 
Nier, Ney, and Inghram.** The schematic diagram of their arrangement 
is shown in Fig. 18. With the dual collector shown at the left of this 
figure one ion beam is collected on the slit plate S, and the second which 
passes through this slit plate is collected on the collector C, These 
plates are surrounded by electron repelling fields of 22.5 volts to repel 
secondary electrons formed by the ion beam back to the collector. In 
alternative designs the secondary electron repellers are left out and 
secondary electron effects eliminated by placing a small magnet about 
the collector. Nier now uses a cup type collector at C to retain second¬ 
ary positive ions formed by the primary beam. With the electronic 
amplifiers shown the ratio of the two ion currents is obtained by adjusting 
the attenuator X to the point where the balance meter G reads zero, when 
this is true the ratio of the two ion currents is given by the equation: 



where X is the fraction of the total output voltage of the feed back 
amplifiers fed back to the electrometer circuit, Ri and R 2 are the input 
resistors for currents ii and Z 2 , and G is the gain of the feed back amplifier. 
With such a circuit isotopic comparisons are easily made. The pro¬ 
cedure is as follows. One sample is introduced and the attenuator X 
adjusted to balance. Then if a second sample is introduced which has 
exactly the same isotopic composition no change in balance will be 
observed. If there is a change the difference in the two samples is 
obtained by varying the attenuator to balance. The major advantage of 
this system over other electronic detector systems is that it operates 
independently of fluctuations in ion intensity. 

The recording detector system was first reported by Smith, Lozier, 
Smith, and Bleakney.®* Due to improvements in amplifier systems this 
advancement is now almost universally accepted in mass spectrometry. 

The first use of an electron multiplier in a mass spectrometer was that 
of Cohen.®* Unfortunately a description of the apparatus he used has 
never been published. In a multiplier used by Inghram and Rustad, the 
meter end of the multiplier was operated at ground potential so that the 
first plate of the multiplier, i.e., the plate corresponding to plate C in 
Fig. 18, was at —4000 volts. This potential is very convenient in the 
mass spectrometer application since it adds to the energy of the ion beam 
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and hence gives a more efficient conversion of ion beam to electron beam. 
The difficulty with the electron multiplier system is that the vacuum in 
the multiplier is not constant, it changes with sample and time, so that 
the requirement of multiplier surfaces stable to many gases is very 
stringent. This type of detector will probably never be used for other 
than research purposes. 

There is one variation,of the electron multiplier application, which 
may become valuable in quantitative work. This system uses a fluores¬ 
cent screen to collect the ion beam and a standard photomultiplier tube 
to record the fluorescence produced. 



Fig. 18.—The dual detector system devised by Nier, Ney, and Inghram for com¬ 
parison of isotopic compositions. The meter shown at G is a null detector. The 
ratio of the ion currents is obtained by adjustment of X to make G read zero. 

A good deal of work has been done in adapting AC detecting sys¬ 
tems,but up to the present time no really quantitative work has been 
reported with pulsating ion beams. 

The most recent advancement in detection systems has been the 
addition of the vibrating reed type of amplifier®® developed by Palevsky, 
Swank, and Grenshik®® in place of the DC amplifiers used previously. 
This system has a DC noise level ten times less than any of the previously 
used amplifiers and essentially no drift with time. 

9. Electronic Components 

It is not important here to discuss the various electronic circuits used 
in conjunction with mass spectroscopes. For example, there are as 
many different methods of controlling the magnetic fields as there are 
investigators in the field of mass spectroscopy. For details of electronic 
components the reader is referred to the references listed in Table II. 
It is sufficient to state that straightforward electronic components are 
available that meet most requirements. 
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IV. Uses op the Mass Spectroscope 
L Isotope Existence 

The first problem to which the mass spectrograph was applied was 
that of identifying the isotopic composition of the elements. The first 
element shown, by Thomson in 1913, to consist of more than one isotope 
was neon. Since that time 302 isotopes which occur by natural processes 
in terrestrial matter have been identified. This field is now practically 
complete. Only one naturally occurring isotope has been found in the 
last eight years.®® Future work in the field of isotope existence must be 
done with spectrometers of exceedingly high sensitivity and low back¬ 
ground. The existence of several isotopes which might be present in 
sufficient quantities to be detected by the mass spectrometer has been 
summarized in several semiempirical treatments.®®*®^ 

2. Isotopic Abundances 

The second major application of the mass spectroscope was the 
problem of determining the isotopic composition of the elements. Both 
the mass spectrograph and the mass spectrometer are applicable to this 
problem, though the results obtained with the spectrometer are more 
accurate. 

The procedure used in the case of the mass spectrograph is as follows: 
The element under investigation is run in the spectrograph to obtain its 
characteristic line spectrum (see spectrum (a) of Fig. 17). A micro¬ 
photometer is then used to obtain the optical densities of the spectral 
lines. By comparing these optical densities with standard photometric 
density curves, the exposure and hence the isotopic composition of the 
element can be obtained. 

There are a number of important errors inherent in such mass spectro- 
graphic measurement which are not encountered with mass spectrom¬ 
eters. The first arises from the fact that the trajectories of the ion beams 
of different mass are different. Thus, geometrical discriminations enter. 
Closely associated with this error is the fact that in all mass spectrographs 
the line widths of the spectral lines vary along the detector plate. The 
Mattauch machine has line widths which are proportional to the square 
root of the mass. The Dempster and Bainbridge machines have line 
widths which are functions of the distance from the position of optimum 
focus. Thus, in mass spectrographic measurement the widths must be 
taken into account in determining the isotopic abundance. A second 
error encountered with the mass spectrograph results from the fact that 
ions of different mass have different velocities. This introduces errors 
since ions of different velocity do not give the same photographic 
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blackening. A third diflSculty comes in due to the fact that the standard 
density curve varies according to whether the standards are printed with 
light, x-rays, or ions of different mass or velocity. The method most 
often used to obtain the standard density curve is the method of using 
line spectra obtained from elements whose isotopic composition is known 
from mass spectrometric measurements. This gives a standard density 
curve by means of which the isotopic composition of the unknown may 
be obtained. This, however, assumes that the previous mass spectro¬ 
metric values are absolute. It is obvious from this discussion that since 
the most reliable spectrographic method uses a mass spectrometrically 
determined value to calibrate, that the latter is accepted as the most 
reliable. As mass spectrometrically determined values for isotopic 
abundances become available they will replace the earlier spectrographic 
values. 

The mass spectrometric measurement has been developed by Demp- 
ster,^®'28 Bleakney,^® Bainbridge,®° and Nier®^ to its present high accuracy. 
With this method there are still a large number of uncertainties that 
limit the accuracy. Unless precautions are taken to eliminate as many 
as possible of these errors and to evaluate the others the results obtained 
are unreliable. The important sources of error are: 

(1) Fractionation of the material in the process of introduction into 
the mass spectrometer. 

( 2 ) Fractionation in the ionization process. 

(3) Space charge effects in the ion source. 

(4) Fractionation in the ion source due to magnetic discriminations 
and voltage effects. 

(5) Fractionation if the ion paths are not identical. 

( 6 ) Secondary effects associated with the collection of the ion currents. 

(7) Nonlinearity or polarization of the ion current measuring circuit. 

( 8 ) Variation in the shape of the ion beams. 

The first of these errors have been discussed in section III-2. 

Possible fractionation in the ionization process results if the ioniza¬ 
tion efficiency for the two isotopes is different. The fact that such effects 
are detectable in hydrogen is illustrated by the results of Evans®* showing 
that the ionization efficiencies of CH 4 are different from those of CHsD. 
For this reason the ratio of the hydrogen isotopes in normal material has 
been determined by mixtures of separated isotopes. 

The possible discrimination due to space charge has been suggested 
by Bainbridge®* to explain discrepancies in the normal abundances of 
lithium. This possible effect can be minimized if the spectrometer is 
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operated at such low electron and ion currents that space charge effects 
are negligible. 

The systematic discriminations in the ion source due to magnetic 
effects has been dicussed in mathematical detail by Jordan and Cogges- 
hall.®^’®® These discriminations can be eliminated by operating the ion 
source with all magnetic fields shielded out. In addition, errors due to 
voltage effects, i.e., the variation in the efficiency of the ion source as the 
potential across it is varied, can be eliminated by holding the accelerating 
voltage constant and bringing the ion beams of different mass to focus on 
the fixed collector by varying the analyzer magnetic field. These two 
conditions automatically fulfill the requirements of making ion trajec- 



Fig. 19.—Spectra proving that the mass of the long lived fission isotope of techne¬ 
tium (element 43) is 99. Technetium is the lightest element in the atomic table 
which does not exist in nature. 

tories identical throughout the machine. Most of the recently reported 
values have been obtained using this technique. 

One other important error encountered in mass spectrometer measure¬ 
ment is nonlinearity in the ion detector resistor, {Ri and R 2 in Fig. 19). 
In general nonlinearities are proportional to the value of the resistance. 
Measurements on 10ohm resistors yield nonlinearities averaging about 
20% in the range 1 millivolt to 10 volts. Obviously, under such condi¬ 
tions accurate isotopic abundances are impossible. The majority of 
resistors in the range of 10^® ohms are linear to better than 0.5%. 

It is apparent from this discussion and section III-2 that the deter¬ 
mination of normal isotopic abundances is by no means a simple job. 
It is one thing to measure the peak heights with a mass spectrometer. 
It is quite another matter to say that these values give an absolute 
measurement. 
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S. Packing Fractions 

The third important task to which the mass spectrograph was put 
was that of determining the exact masses of the isotopes. It was thought 
at one time that the masses of all isotopes could be expressed as a multi¬ 
ple of a simple fundamental unit. The works of Aston, Bainbridge, 
Dempster, Bainbridge and Jordan, and Mattauch have proved that this 
is not exactly true, but that each isotope is characterized by a mass defect, 
i.e., difference from an integral mass. These mass defects are charac¬ 
terized by numbers called packing fractions which are defined by the 
equation: 

PF * X 10^ (41) 

where I is the nearest integer to M, and M is the exact mass of the isotope 
under investigation is units of one-sixteenth of the lighest oxygen isotope 
which is defined to be mass 16.0000. 

It is of importance to note that the physical definition of mass is 
different from that used by the chemists. The physicist defines the 
atomic mass unit to be one-sixteenth that of the lightest isotope of 
oxygen, while the chemist defines it as one-sixteenth of the normal 
oxygen, which is about 1.000275 times larger than the physical unit. 
Thus, all atomic weights on the physical scale are larger than those on the 
chemical scale by this factor. The physical definition of mass is more 
accurate, since it is defined in terms of a definite mass, i.e., the mass of 
0^®, while the chemical definition is ambigious in that it defines the mass 
unit in terms of normal oxygen. Dole®® has shown that the abundance 
of the heavy isotopes in ‘^normal” oxygen varies by 4%. This means 
that the chemical mass unit varies by 10 parts/million depending on the 
source of the ‘‘normal” oxygen. 

Only double focus or velocity focusing spectrographs can be used for 
accurate packing fractions. It has been suggested that a direction focus 
machine might be used for this work.®^ It must be pointed out that 
the application of a single focus machine to packing fraction is very 
limited. Any determination to which the Frank-Condon®®’®® principle 
applies, i.e., where there is a splitting of a molecule, requires the more 
complicated double focusing instruments. A second factor which makes 
even the double focusing mass spectrometer inaccurate in the problem of 
packing fraction measurement is the fact that in the presence of an ion 
beam there are always surface polarization effects, which make the 
absolute magnitude of the potential applied to accelerate and deflect the 
ion beam uncertain.^®® These effects are appreciable even if pure gold 
surfaces are used. With the mass spectrograph, however, the packing 
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fractions are determined by measuring distances along a photographic 
plate, and the values obtained are independent of any polarization effects 
in the electrostatic acceleration and analyzer system. For this reason 
packing fractions have been measured only on mass spectrographs. 

There are four different methods which are used for determining 
packing fractions with the mass spectrograph. These are (1) the multi¬ 
ple charge doublet, (2) the molecular doublet, (3) the series shift bracket, 
and (4) the ratio bracket. 

The multiple charge type of doublet is illustrated by Fig. 17 (b) 
obtained by Dempster. The left line of this doublet is produced by the 
triply charged titanium isotope of mass 48. The right hand line is pro¬ 
duced by the singly charged oxygen isotope of mass 16. Referring to 
eq. (16) it is apparent that since the position of the line on the plate 
depends on the ratio of m/e, that if Ti^® had exactly three times the mass 
of 0^® its triply charged ion would fall directly on top of the 0^® line. The 
fact that it falls below, proves that its mass is less than three times that 
of 0^®. To determine the mass of Ti^® Dempster assumes that the mass 
difference of the isotopes of Ti are whole numbers. Thus, by measure¬ 
ment of the 47 to 48 and 48 to 49 distances the average dispersion at 
mass 48 is known. Using this dispersion and measuring the doublet 
distance, the mass of the Ti^® as compared to 0^®, which is defined as 
16.00000 is immediately obtainable. As a typical example assume that 
the intervals 47-48 and 48-49 can be reproduced to 1 part in 200, and 
that the doublet Ti^®-0^® can be measured to 1 part in 20. Under these 
conditions the error in the dispersion owing to the assumption of integral 
mass units is negligible. However, measurement of the doublet distance 
to 1 part in 20 gives the mass of Ti^® to 1 part in 30,000. This example 
illustrates why the mass spectrograph can be used to give such accurate 
masses. 

An example of molecular type of doublet is the doublet formed by the 
molecule and the atom 0^®. Obviously, if isotopes had integral 

hiasses these two ions would have exactly the same mass and hence be 
indistinguishable in the mass spectrograph. The fact that they form a 
doublet which looks very similar to the Ti^®-0^® doublet just discussed 
proves that the masses are not integral and measurements of doublet 
separation again gives the mass defects. For this type of doublet the 
dispersion at mass 16 is obtained by taking the average of dispersion in 
the interval 15-16 and 16-17 using the best available masses for the ions 
of mass 15 and 17. 

The series shift method is used whenever the masses to be compared 
form terms in a series whose mass difference is small compared to the 
mass of that series. An example of such a determination is the odd mass, 
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even mass discrepancy in the isotopes of neodymium. The normal 
neodymium spectrum is shown in (a) of Fig. 17. The question as to 
whether the 143 mass is intermediate between 142 and 143 can be 
answered roughly from this spectrum by measurement of the intervals 
142-143, 143-144, and 144-145. The difficulty with this determination 
is that these distances can be reproduced to, for example, only 1 part in 
300. This relatively poor reproduction is due to field inhomogeneities. 
If, however, two exposures are taken with slightly different fields so that 
a second spectrum is formed displaced by approximately one mass unit, 
the accuracy of the measurement of the 142-143, 143-144, and 144-145 
intervals is still 1 part in 300, but these intervals now represent a much 
smaller unit of mass than in the simple spectrum. For example, if the 
second set of lines are moved nine-tenths of a mass unit away from the 
first set, the accuracy of the measurement of the mass difference is 
increased by a factor of 10. This serves to illustrate the value of the 
series shift method. 

The ratio shift method is used where the ratio of two masses to be 
determined can be compared with a known ratio. For example, Aston 
had determined the mass of F‘® by this method. In this case doublets 
are formed by shifting the F^-Cj** series so that it coincides approxi¬ 
mately with the C^^-CHs^®. Again the measurement involves measure¬ 
ment of a small fraction of a mass unit so that results are very accurate. 

Even with the mass spectrograph there are a number of effects which 
must be carefully watched. Among these are such effects as inhomo¬ 
geneities in the fields so that the results are a function of the position at 
which the beam strikes the spectrograph plate. Another is the fact that 
if the ion currents are too strong the photographic plate, which is an 
insulator, tajces on a charge. In the case of close doublets the effect can 
increase the apparent distance between the doublet lines. In making 
very heavy deposits for radioisotope mass assignment such effects are 
very detectable. Again it is apparent that only by careful evaluation 
of the type of result that is desired can proper corrections and conditions 
be obtained. 

Jt. Determination of the Mass of Radioactive Isotopes 

The masses of some of the artificially produced radioactive isotopes 
have been determined by the mass spectroscope. This method is 

usually used when other nuclear reaction data fail. For example the 
rare earth element europium has two naturally occurring isotopes at 
masses 151 and 153. By slow neutron bombardment 9.2-hour and 
6-year activities are induced. The reactions are simple (ny) reactions. 
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From the reaction it is impossible to say whether these activities are due 
to active isotopes of mass 152 or 154 or both. 

There are three different methods of applying the mass spectroscope 
to this problem. They are (1) the separation of active materials into 
their various mass components with a mass spectrograph so that the 
activity can be located among the separated isotopes, (2) the separation 
of stable isotopes which are subsequently activated, and (3) study of the 
normal spectra of activated isotopes to locate abnormal lines. Of these 
methods only the first and third are applicable to fission product isotopes. 
The limits of this type of application can best be illustrated by an explana¬ 
tion of the first of these methods. 

A sample containing the activity in question and an inert material 
to act as mass standard is run in a mass spectrograph to obtain a photo¬ 
graphic plate on which the separated isotopes are deposited. Activities 
with half lives of less than 10 hours are then located in the following way. 
The plate with active deposit is placed on one side of a heavy slit and a 
Geiger counter on the other. By moving the plate across the slit maxima 
in activity are observed at the positions of the active lines. The mass is 
then determined by development of the original plate to show the mass 
standards. 

This technique is best for short half lives, i.e., from 15 minutes to 10 
hours. To obtain definite results the active deposit must have a decay 
rate of greater than 100 disintegrations/minute. This gives a counter 
rate of ~ 10 disintegrations/minute, depending on decay particles and 
energies. 

The second and more spectacular method is to place the plate con¬ 
taining the activity face to face with a second photographic plate. The 
radioactive particles emitted by disintegration of the active deposit on 
the first plate will give rise to a developable image on the second plate. 
Development of both plates will then show the mass standards and the 
active lines on the original plate and only the active lines on the second 
or radio autograph plate. An example of this method is shown in 
Fig. 17, spectra (c and d). In this case the original spectrum shows the 
normal lines of neodymium plus two lines due to element 61 at masses 
147 and 149. That these lines are active is proved by the radio auto¬ 
graph shown in spectrum d. To obtain a good developable image on 
the autograph plate about 10^/3 disintegrations/sq. mm. of active deposit 
are required. This means that a deposit of 10^ active atoms/sq. mm. 
of a short lived material is sufficient for a mass assignment. This 
method is the most practical method for half lives of from 10 hours to 50 
years. 
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The third method completely neglects the fact that the isotopes are 
radioactive. The method is simply to run the material as one would to 
determine the normal isotopic structure, and to determine the mass from 
the primary spectrum obtained. This method requires more material 
than either of the above methods, but is actually more efficient for half 
lives of greater than 50 years than either of the above mentioned methods. 
An example of this method is the determination of the mass of long lived 
fission technetium^^® (element 43). This is one of the elements that does 
not exist in nature. The method is illustrated by Fig. 19. Curve (a) 
shows the normal mass spectra in the mass range 98-103 with the peaks 
of doubly charged mercury added to serve as mass standard. Curve (b) 
is the same region plotted after the long lived fission technetium was 
added to the spectrum. The conclusion that the mass of long lived 
technetium is 99 is immediately apparent. 

These methods of mass assignment have been used for over thirty 
active isotopes whose masses were previously unknown. There is still a 
large amount of work to be done in this field. 

5. Neutron Absorption Cross Sections 

Another recent application of the mass spectroscope has been the 
determination of the neutron absorption cross sections of stable iso¬ 
topes. The application^^* is illustrated by the curves shown in 

Fig. 20 . The curve on the left shows the mass spectrum observed for 
normal mercury and the curve on the right shows the spectrum for 
mercury which has been submitted to neutron bombardment in a chain 
reacting pile. Three marked changes are immediately apparent. One 
is that 23% of the mercury isotope of mass 196 has disappeared, the 
second is that 19% of the isotope at mass 199 has disappeared, and the 
third is that the isotope at mass 200 has increased by 14 %. The explana¬ 
tion of the change is as follows. The neutrons (mass 1 ) bombarding the 
mercury sample are absorbed in the mercury isotopes of mass 196 and 
199, changing them to isotopes of mercury with masses 197 and 200. 
Computation will show that the decrease in the peak height at mass 199 
is just equal to the increase at mass 200 , explaining these two changes. 
The mercury isotope at mass 197 is not present because it is radioactive 
and decays to gold. From this curve it is thus apparent that the big 
neutron absorbers in mercury are the isotopes of mass 196 and 199. 

6, Gas Analysis 

One of the most important commercial applications of the mass 
spectrometer is the analysis of gas mixtures.^® For example, the analysis 
of a mixture of isobutane C 4 H 10 and normal butane C 4 H 10 is a simple 
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matter with the mass spectrometer, while the same analysis by organic 
chemical methods is tedious. 

The spectra characteristics of normal and isobutane are shown in 
Fig. 21 along with the chemical structure for each. It is immediately 



196 196 200 202 204 Mow 196 196 200 202 204 


Fig. 20.—Mass spectrometer traces of the isotopes of mercury before and after 
bombardment in a chain reacting pile. The decrease in the peaks at mass 196 and 
199 in the bombarded sample is due to the neutron absorption of these isotopes. 

apparent that the ratio of the 57 to 68 peaks is quite different for the 
two compounds. The small peak at mass 59 is due to the presence of the 
isotope. Obviously, if the ratio of the 57 to 58 peaks is between these 
two cases for an unknown butane sample the abundances of the two 
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Fig. 21. —Mass spectra characteristic of normal and isobutanes. 


butanes can be computed by the solution of two simultaneous equations. 
In general, for an n component mixture, n simultaneous equations must 
be solved. This is not difficult, since electronic apparatus has been 
worked out for the rapid analysis of such systems. 
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There are a number of analyses, however, where the calculation is 
much simpler. For example in a mixture of normal butane and pentane 
the series of peaks at mass 72 is due to pentane alone while those at 68 
are due to both pentane and n-butane. In this case, the method of 
solution is to subtract the pentane spectra from the butane peaks. 
The remaining peaks at mass 58 will be due to butane alone. Thus, the 
problem reduces to a simple subtraction. 


Table IV. Typical analysis of a five component hydrocarbon mixture by the mass 

spectrometer.® 



Manometer 

% 

/ Mass spectrometer 

1 

Difference 

Methane 

19.1 

' 19.5 

0.4 

Ethane 

37 7 

38.0 

0.3 

Propane. 

39 6 

39.0 

-0.6 

Isobutane 

2.1 

2.0 

-0.1 

n-Butane 

1.5 

1.5 

0.0 

Methane 

39 2 

40.1 

0.9 

Ethane. 

52.3 

51.7 


Propane 

3.7 

3.2 

WBIM 

Isobutane 

3.1 

3.2 

Btfl 

n-Butane 

1 7 

1 6 

HI 

Methane 

42 7 

43 5 


Ethane 

0 

0 4 

KB 

Propane 

52 6 

51 3 


Isobutane 

3 0 

3 0 


w-butane 

1 7 

1 8 

0 1 


As an example of the use of the mass spectrometer in the analysis of a 
five component mixture Table IV shows the results of Hoover and Wash¬ 
burn for three such mixtures.^ The accuracy of analysis according to 
this table is of the order of 1 %. 

One of the remarkable advantages of this type of analysis is the time 
required for an analysis. Young^^^ has tabulated the average time 
required for routine analysis of 1580 samples. He reports that it takes 
an average of 1.31 man hours/sample for the analysis of three to four 
component mixtures and 1.90 man hours/sample for mixtures containing 
ten to twenty components each. 

There are several machines available commercially designed specifi¬ 
cally for the analysis of gas mixtures. The companies supplying these 
machines are listed in section V of this article. 
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7. Solid Analysts 

The mass spectrograph has recently been applied by Dempster^^® to 
chemical analysis of solid samples, in much the same way that has been 
used since 1910. In chemical analysis it has two marked advantages 
over the optical spectrograph. (1) The mass spectrum characteristic 
of each element is much simpler than the optical spectrum. For example, 
the first order mass spectrum of iron contains only four lines whereas the 
first order optical spectrum contains 959 ^^principaF^ lines, (2) the mass 
spectrum has no blind spots as in the case of the optical spectrograph. 
Any element which is present is recorded. The major disadvantage of 
the instrument is that it involves vacuum techniques; however, with the 
advancements in vacuum techniques this is not a serious drawback. The 
electron microscope is a good example of a vacuum instrument which is 
now used routinely in many laboratories. 

Undoubtedly the most universal source available at the present time 
for this work is the vacuum spark source. Typical results obtained by 
Dempster with this source are given in Table V, which gives the minimum 
amount of impurities detected when a 1 mg. sample of uranium was con¬ 
sumed by the vacuum spark. The time required for such an exposure is 
about 20 seconds. 


Table V. Impurities detectable from a 1 mg. sample of uranium. 


Impurity 

Be 

B 

C 

N 

0 

F 

Va 

Mg 

Impurity in parts/million 

0 04 

0 12 

0 8 

0 24 

0 08 

0.09 

0.05 

0.35 


The amount of impurity in a sample is determined exactly as with the 
optical spectrograph, i.e., by photometric measurement of the line 
density. Also as in optical spectrography calibration is accomplished 
by running known standards. 

In general, the sensitivity of the mass spectrograph decreases as the 
mass increases. This is due to the fact that the photographic density 
of an image decreases as the velocity of the ion decreases. However, by 
increasing the exposure time these should be detected equally well. 

In the future this application of the apparatus may develop rapidly, 
especially if machines become available. The time between the develop¬ 
ment of optical spectroscopy and the application to chemical analysis 
was fifty years. Probably within that length of time the use of mass 
spectrographs for solid analysis will be quite commonplace. 
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8, Leak Detection 


The mass spectrometer is the most sensitive leak detector known.^^*^^^ 
The machines now available commercially are able to detect the presence 
of one leak in the presence of 200,000 other equal leaks. 

The method is illustrated schematically in Fig. 22. As is seen from 
this diagram, the inlet to the mass spectrometer is connected to the 
system under test so that the gas in the spectrometer is characteristic 
of that system. To detect leaks, helium is sprayed externally onto the 
test system. Whenever the helium gas comes in contact with a leak 
it passes through that leak and into the detecting mass spectrometer. 
If the mass spectrometer is set to record the mass 4 ion current, i.e., 
helium, a current will be detected and the presence of a leak indicated. 



AUXILIARY 

PUMPING 

SYSTEM 


MAIN 

PUMPING 

SYSTEM 


Fig. 22. —Schematic diagram illustrating the application of the mass spectrometer 
to leak detection. As a leak detector, the mass spectrometer can pick out one leak in 
the presence of 200,000 other equal leaks. 


The intensity of the current recorded in the mass spectrometer is a 
measure of the size of the leak. 

In a small system the auxiliary pumping system is not necessary; the 
pumping system of the spectrometer itself is sufficient for evacuation. 
However, when large systems, or systems with large leaks are encoun¬ 
tered, auxiliary pumping equipment is necessary to reduce the pressure 
in the system under test to usable values, and to increase the speed of 
response. 

The use of helium is indicated since there is very little helium in the 
atmosphere (about 1 part in 500,000). The method of leak testing 
however, is not limited to helium because hydrogen, xenon, argon, carbon 
dioxide, volatile hydrocarbons, etc., can be used when necessary. 

There are at the present time three commercial models of leak detec¬ 
tors available for laboratory and industrial purposes. All these machines 
are constructed for use of helium probes only. 


9. Other Applications of the Mass Spectrometer 

The above applications are illustrative of the type of problems handled 
by the mass spectroscope. There is not enough time or need in an article 
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such as this to give discussions of each of the many applications which 
have been made. Hence, having illustrated the techniques that are used 
it will be sufficient to list a number of other problems in which the spec¬ 
troscope has provided valuable information. The list below includes a 
number of these applications along with references to recent results 
obtained in these fields. 

(1) Biological and chemical tracers problems^®*^^® 

(2) Free radical phenomena^^®’^^® 

(3) Age of the earth^^^ 

(4) Age of the elements^^®*^®® 

(5) Metastable ions^®* 

(6) Variation of isotopic composition in nature^^® 

(7) Gases given off in outgassing processes 

(8) Ionization phenomena and bond strengths®’ 

(9) Isotope equilibrium and separation techniques'^’ 

(10) Kinetic theory application^^®’^^® 

(11) Radioactive half lives^®®“^®* 

V. Commercially Available Mass Spectrometers 

There are four commercial companies which are now supplying special 
mass spectrometers for industrial and research purposes. These com¬ 
panies are: 

(1) The Consolidated Engineering Corp. 

620 North Lake Avenue 
Pasadena 4, Calif. 

(2) The General Electric Co. 

Schenectady, N. Y. 

(3) Vacuum-Electronic Engineering Co. 

316 37th Street 

Brooklyn, N. Y. 

(4) Process & Instruments 
60 Greenpoint Avenue 
Brooklyn, N. Y. 

Unfortunately there is at the present time no commercially available 
mass spectrograph on the market. 
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I. Introduction 

The usefulness of high voltage particle accelerators in nuclear research 
is unquestioned. From the prewar fund of knowledge of nuclear physics 
came the necessary scientific facts and theories which made possible the 
unusually rapid expansion in this field, and which culminated in the 
development of the atomic bomb. To this fund of knowledge particle 
accelerators have contributed no small amount. It is clear that future 
developments in the application of atomic energy to other, peacetime 
problems will require still more fundamental knowledge of the atomic 
nucleus. It has been stated frequently by informed scientists that 
present developments have largely used up the accumulated fund of 
knowledge. An intensive program of research is now needed to stimulate 
and support further applications. 

One of the most significant gaps in our present knowledge is the exact 
nature of nuclear forces, the forces between protons and neutrons which 
bind nuclei and which store atomic energy. Theoretical physicists now 
believe that these forces are associated with the creation and absorption 
of mesons, those particles of mass intermediate between proton and 

* On leave from Massachusetts Institute of Technology. 

t Work done in part under the auspices of the Atomic Energy Commission. 
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electron, which have been observed until recently only as secondary prod¬ 
ucts of high energy cosmic rays. It seems essential, therefore, to produce 
mesons in the laboratory, so that their properties and interactions with 
nuclei can be studied under controlled conditions. This will require 
particle energies of many hundred million electron volts. So, a new 
field of nuclear research is being mapped out, involving the development 
of machines capable of producing charged particles, both positive and 
negative, having energies hundreds of times greater than those available 
from prewar accelerators. 

Particle accelerators are applications of the most fundamental branch 
of electronics, that which deals with the motions of ions and electrons in 
magnetic and electric fields. The development of accelerators has 
paralleled and sometimes paced progress in the electronics industry. 
The first ion accelerators were simple applications of high direct voltage 
to evacuated discharge tubes; they stimulated the development of high 
voltage x-ray machines. Focusing requirements forced intensive studies 
and improvements in the field of ion and electron optics. Next came 
the magnetic accelerators which employed high frequency electric fields 
to produce multiple accelerations and which had the many advantages 
associated with circular orbits. Certainly this experience was of sig¬ 
nificance in the radar and magnetron developments during the past war. 
Now the accumulated experience in the electronics of high frequencies 
and pulsed circuits is feeding back new techniques and concepts into the 
accelerator design field. Modern particle accelerators are utilizing much 
of this experience and are progressing still farther in adapting the more 
sophisticated implications in the equations of motion. The most 
significant development is a new class of accelerators based upon the 
principle of phase stability, which makes it possible to accelerate 
particles synchronously through hundreds of thousands of small accelera¬ 
tions in such a manner that the orbits are stable and intensity is pre¬ 
served. With these accelerators it should ultimately be possible to obtain 
energies in the billion electron volt range. Such machines will be large 
and expensive, and will require far more engineering design and develop¬ 
ment than is available in most academic research laboratories. In this 
development the engineering profession must make major contributions. 
The variety and scope of the engineering problems involved will become 
evident in the discussion to follow. 

The purpose of this paper is to describe the physical principles 
involved in several of the more important types of electronuclear machines 
and in particular the new phase stable accelerators. It will attempt to 
show the advantages and limitations of the several machines, to estimate 
the energy limits and extrapolate to some possible future developments. 
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II. Direct Voltage Generators 

The first instrument for acceleration of ions which produced nuclear 
disintegrations^ used a voltage multiplier circuit of condensers and 
rectifiers to obtain a high potential which was applied to an evacuated 
discharge tube. Ions were accelerated through a series of electrodes by 
potentials of up to 700 kilovolts. Later developments of the voltage 
multiplier circuit by the Phillips Lamp Works at Eindhoven have 
extended this technique to over 1 million volts. Several other methods 
of producing direct voltages have also been used. The most successful 
and practical device is the electrostatic generator originated by Van 
de Graaff.2 The modern electrostatic generator**^ consists of a large 
spherical high voltage terminal supported by insulators inside a pressure 
housing. Charge is sprayed on a moving belt which carries the charge 
to the insulated terminal and raises its potential; ions or electrons are 
accelerated through a long vacuum tube extending from the terminal to 
the grounded base. Insulation breakdown and corona discharge have 
limited this technique at present to around four million volts, but 
developments in progress show promise of somewhat higher potentials. 
It is not within the scope of this article to attempt a detailed description 
of such direct voltage generators. They have been and still are impor¬ 
tant tools for research, particularly where precise control of energy is 
required. In this discussion, however, they are cited only to provide a 
point of contrast for the resonance type accelerators which seem destined 
to be the supervoltage machines of the future. 

III. Resonance Accelerators: The Cyclotron 

Introduction of the concept of multiple acceleration of particles by 
an oscillating electric field has made it possible to obtain high energies 
without the necessity of high potentials and the consequent limitations 
of insulation breakdown. The first use of this principle was by Wideroe* 
in 1928. His apparatus was an elementary linear accelerator with two 
tubular electrodes in line on which was impressed an oscillating electric 
field. With this arrangement he was able to accelerate sodium and 
potassium ions to twice the energy available in a single traversal of the 
electric field. The next step was the extension of the concept of multiple 
acceleration to particles moving in circular orbits in a magnetic field, the 
‘^magnetic resonance accelerator'' now known as the ‘^cyclotron." 
This principle was first proposed by Lawrence® in 1930. 

The cyclotron has been the most successful resonance accelerator, and 
the name has become so well known that it is often loosely applied to 
designate any type of particle accelerator. In the cyclotron a uniform 
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magnetic field is used to constrain the ions in circular orbits so as to cause 
them to pass many times through the same set of electrodes in resonance 
with an oscillating electric field. The first practical machine was com¬ 
pleted at the University of California in 1932^ and was the first instru¬ 
ment to accelerate charged particles to 1 Mev (million electron volts) 
energy. Continued development to larger sizes and higher energies has 
culminated in the modern cyclotrons of 10-20 Mev energy which are 
described most completely in a summary article published in 1944.® 
Since this last reference includes a complete bibliography, and a detailed 
discussion of the techniques, only a brief survey of the physical principles 
and limitations will be presented here. 



Fig. 1. —Schematic representation of the cyclotron. Ions produced at the center 
of a vacuum chamber are accelerated by high frequency electric fields between two 
semicircular, hollow electrodes and bent into circular paths by a uniform magnetic 
field normal to the plane of the ion orbits When they reach the periphery they are 
deflected outward by an auxiliary electric field. 

The cyclotron accelerates positive ions many times through the same 
small radio frequency field to energies which are hundreds of times greater 
than the maximum voltages applied to the electrodes. (See Fig. 1.) 
Ions are produced between two semici^^cular hollow electrodes (called 
“D^s” because of their shape) in the center of a vacuum chamber placed 
between the poles of a large electromagnet. The ions are accelerated 
by the radio frequency field between electrodes into the field-free region 
inside one of these electrodes and are deflected in a circular path by the 
uniform magnetic field so that they return to the diametral gap between 
the electrodes at some later time. For the condition of resonance the 
magnetic field and frequency are adjusted so that the time required for 
an ion to complete a semicircular path in the magnetic field is equal to 
the time for reversal of the radio frequency field. Under these conditions 
the ions find an accelerating field and obtain additional energy each time 
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they cross the gap between electrodes. They travel in wider and wider 
semicircular paths until they reach the periphery of the electrodes, at, 
which point they are deflected outward against a target. 

The most useful particles for nuclear disintegrations have been ions 
of light and heavy hydrogen (protons and deuterons) and helium. An 
ion of mass m, charge e, and velocity v moving perpendicular to a mag¬ 
netic field B will experience a force Bev, which is normal to the direction 
of the field and to the direction of motion. This produces motion in a 
circular path of radius r, such that: 


Bev 



or 


_ V _ eB 
r m 


( 1 ) 


The angular velocity of motion of the ions, co, is constant as long as 
e, m and B are constant. This is the well-known relation for circular 
motion in a uniform magnetic field. The frequency of rotation of the 
w 

ion, constant and independent of the linear velocity or radius 

of path. In the cyclotron the frequency of the oscillating electric field 
is set equal to this ion rotation frequency: 


/ = 


^-B 

2t m 


( 2 ) 


This can be evaluated for the c/m values characteristic of light ions as: 

Protons: / (Me) = 1.52B (kilogauss) 

Deuterons: / (Me) = 0.765 (kilogauss) 

Alphas (He++): / (Me) = 0.765 (kilogauss) 


An ion traverses the gap between electrodes twice in each revolution 
and acquires an increment of energy on each passage of the gap which is 
given by the radio frequency potential between electrodes at that instant. 
In Fig. 2 this is illustrated on a voltage-time graph. Ions crossing at 
times labelled 1 will gain the maximum energy. Those having other 
phases relative to the oscillating electric field, such as at times 2-5, will 
gain energy at a slower rate and will need to make more revolutions to 
attain the same final energy. Ions can be accelerated during one half 
the cycle, and there will be electric focusing only within the quadrant 
indicated by the points 1, . . . , 5 As long as the magnetic field 5 
remains constant, and the energy is small (so that the mass of the ion is 
essentially constant) this resonance will continue, with the particles 
increasing in energy and radius of path. At the periphery, radius 5, the 
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final kinetic energy for an ion of unit charge is given by: 

r = 3 - (3) 

Evaluating for protons, deuterons, and He+'‘“ this becomes 

Protons: T (Mev) = 3.12 X 
Deuterons: T (Mev) = 1.56 X 

He++: T (Mev) = 3.12 X lO^^B^R^ (due to the double charge) 

where B is in kilogauss and R is in inches (units established by long usage 
in the cyclotron field). 



Fig. 2.—Voltage-time graph of the electric potential between the accelerating 
electrodes of a cyclotron. Resonant ions which cross the gap between electrodes at a 
phase 1,2, . . . or 5 receive the same acceleration on each traversal of the gap. The 
final energy is the sum of the individual increments of energy. 


As the energy and velocity of the ions increase, however, the mass 
increases in a relativistic manner, so that the e/m ratio for the ion is no 
longer a constant. Energy is associated with mass through the well 
known relativistic relations: 

m = mo(l — ^ c 

E ^ mc^ ^ Eq + T moo^ + T (6) 

where mo is the rest mass, E the total energy, E^ the rest energy, and T 
the kinetic energy. So, we can express eq. 2 in relativistic terms as: 


- __ ec^B 

" MeTVt) 


( 6 ) 


When the kinetic energy becomes large enough to be significant relative 
to the rest energy, the frequency of ion rotation will decrease. (The 
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rest energy of a proton is 938 Mev and for the deuteron it is 1876 Mev; 
kinetic energies in excess of about 10 Mev will cause an appreciable change 
in resonant frequency.) As a consequence, the ions take longer to 
traverse a circular path than the fixed period of the oscillating electric 
field, and so they drift in phase until they cross the gap at a time when 
the voltage is zero. Since they are no longer being accelerated, this 
represents a limiting size and energy for the cyclotron. 



Fig. 3. —Focusing magnetic field between magnet poles 
in a cyclotron. Due to the radially decreasing magnetic 
field established by tapered shims in the central region and 
occurring naturally at the edge due to **fringing,” the ions 
in a cyclotron experience magnetic forces which restore 
them to the central plane, resulting in an effective focusing 
of the ions. 

A similar result occurs if the magnetic field decreases with radius; 
the resonant frequency decreases proportionately as shown in eq. (6). 
Such a radially decreasing magnetic field is found to be essential, how¬ 
ever, in order to provide adequate magnetic focusing, and is accomplished 
by shimming’’ the magnetic field. The lines of force produced by a 
radially decreasing field are concave inwards and so produce a vertical 
component of force on ions above or below the median plane, as illustrated 
in Fig. 3. This provides a strong focusing of ions towards the median 
plane. Conversely, a radially increasing magnetic field, which might be 
useful in canceling out the change in frequency due to increasing energy, 
will result in defocusing of the ions and an impractically small beam 
intensity. 
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Ions are produced at the center of the chamber in a small region 
between accelerating electrodes. The highest intensities are realized 
with a discharge tube electron source® using a heated cathode enclosed 
in a metallic cavity into which gas is fed. The several amperes of elec¬ 
trons emitted by such a discharge tube are collimated by the magnetic 
field into a vertical beam crossing between electrodes, where they ionize 
the gas also emerging from the source. The high frequency electric field 
between electrodes pulls the ions out of this region and into spiral paths 
in the median plane. In this early phase, when ion energies are low, the 
electric focusing during accelerations is more important than magnetic 


I 

I 

I 



I 


I 

I 

Fig. 4. —Electric focusing by cyclotron electrodes. Schematic diagram of cyclo¬ 
tron electrodes with an accelerating electric field indicated. Convergent forces on 
entry are larger than divergent forces on exit, resulting in a net focusing of the ions. 

focusing. This can be illustrated qualitatively by reference to Fig. 4, 
which shows a schematic cross section of the electrodes and the path of 
an ion entering the gap off the median plane. The lines of electric field 
intensity are indicated, showing convergent forces on entering and a 
divergent force on leaving. However, since the ion has a higher velocity 
on leaving the gap, the time spent in the divergent field is shorter. 
Furthermore, if the oscillating electric field is decreasing during the time 
required to cross the gap, the magnitude of the defocusing force is smaller. 
The net result is a strong focussing toward the median plane during the 
quarter-cycle indicated in Fig. 2, for low velocity ions. 

The limiting energy for the cyclotron can be shown to be a function 
of the number of revolutions, or the voltage between electrodes:® 

~ l.SF* (7 in kilovolts, for deuterons) (7) 

The larger cyclotrons^® use high radio frequency power and high electrode 
voltages (100-150 kilovolts from each electrode to ground) to reduce the 
number of revolutions. A careful design of magnetic field is also required, 
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shaped to give the smallest radial decrease compatible with focusing. In 
practice the electrode frequency is set to be slightly less than the initial, 
ion frequency, yet greater than the final value. The result is a migration 
in phase, first backward, then forward on the graph of Fig. 1, with a total 
phase migration of less than tt radians. This is illustrated in Fig. 5, where 
the band of ions which are being accelerated is indicated by shading in 
three representative radio frequency cycles, one at the start where maxi¬ 
mum voltages are needed for high ion output from the source, one at an 
intermediate time when the phase shift has reached one extreme, and 
one at the final acceleration when the phase has swung to the other 
extreme. 



Fig. 5. —Migration of phase of acceleration in the cyclotron. 

(a) First acceleration with ions receiving near maximum acceleration where the 
electric field causes focusing. 

(b) Intermediate acceleration where the phase has shifted to the extreme limit 
for acceleration and focusing is provided by the magnetic field. 

(c) Final acceleration at the other extreme of phase shift. 

Present 00-inch pole face diameter cyclotrons (200-tons weight) have 
achieved over 20 Mev deuterons by taking advantage of such techniques. 
It seems probable that 30 Mev represents a practical upper limit for 
fixed frequency cyclotrons. Using He"^ ions the available energy is 
doubled, due to the double charge, and He'’"+ ions have been produced 
with energies up to 40 Mev. Targets placed between the electrodes 
probe” targets) near the periphery will be bombarded with the total 
resonant ion currents; probe currents as large as 1 milliampere of 12 Mev 
deuterons have been observed.® The emergent beam deflected out of the 
chamber is divergent and usually has only 20-30% the intensity of the 
internal beam. Physical experiments with the high energy ions and 
volatile targets require such an emergent beam and a great deal of effort 
has been expended to perfect the technique and increase intensity. The 
greatest reported emergent beam is 420 microamperes of 12 Mev deu¬ 
terons at St. Louis. Over 30 cyclotrons have been built in this country 
and abroad, so that by now a cyclotron is considered standard equipment 
for a well-equipped nuclear laboratory. 
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IV. Induction Accelerators: The Betatron 

The cyclotron principle is not adaptable to the acceleration of elec¬ 
trons because of the rapid onset of the relativistic limit. The instrument 
which has been most successful for electrons is the induction accelerator 
or ''betatronproposed by Wideroe* in 1928, first operated successfully 
by Kerst“ in 1939, and further developed at the research laboratories of 
the General Electric Co.^^ and the Allis-Chalmers Manufacturing Co. 



Fia. 6.—Betatron. Electrons are accelerated by induction due to changing central 
field Be and travel in a circular orbit in the guide field Br. 

The betatron is a transformer in which a cloud of free electrons, 
located inside a doughnut-shaped vacuum chamber, takes the place of the 
secondary winding. The electrons move in a circular orbit of constant 
radius within the vacuum chamber as illustrated in Fig. 6. They gain 
energy by induction, by virtue of a changing magnetic flux ^ linking the 
orbit. 

d# 

The induced voltage/tum is as for a transformer, and the electric 
field (voltage/unit length) is given by: 

_L^ 

29rr dt 


£ 


( 8 ) 
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The force on the electron is e6, and following the general law of motion 
can be expressed as rate of change of momentum: 



= e8 = 


e 

27rr dt 


(9) 


To maintain motion in a circular orbit of constant radius r, the magnetic 
field B at the orbit must increase as electron energy increases. By 
rearrangement of terms in eq. (1), we obtain: 


So: 


mv = erB (10) 


The condition for inductive acceleration at constant radius comes from 
equating the rate of change of momentum terms in eqs. (9) and (11): 




( 12 ) 


The betatron relation derived above says that in any increment of 
time the linking flux ^ must change at a rate twice that which would occur 
if the central magnetic field were uniform and equal to the field at the 
orbit. The ^^2:1 rule’^ holds for relativistic energies as well as in the 
nonrelativistic range, since it was derived by treating the momentum mv 
as a single variable. This flux relation requires a central iron core with 
high flux density inside the orbit. Since the induced voltage is deter¬ 
mined by the rate of change of flux, the iron core is laminated as in a 
transformer, and alternating power at 60 or 180 cycles is used to produce 
the changing magnetic field. A time plot of an acceleration cycle is 
illustrated in Fig. 7 for GO-cycle repetition rate. 

Electrons are injected into the vacuum chamber from a “gun” in 
which thermionic electrons from a hot cathode are accelerated and focused 
by a potential of several kilovolts. The slit is located at the outer rim of 
the vacuum chamber and directs the electrons into their first circular 
path. Due to the oscillations set up about the equilibrium orbit a small 
fraction of the injected electrons miss the walls of the chamber and the 
back of the gun on subsequent revolutions and are captured in stable 
betatron orbits. The injection is timed so that the magnetic field at the 
orbit is correct for the injection energy. 

During the first quarter-cycle, as the magnetic field builds up from 
zero, the electrons are accelerated through hundred of thousands of 
revolutions, gaining only a few hundred volts per turn by induction. To 
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prevent deceleration during the succeeding quarter-cycle, the electrons 
are deliberately thrown out of position as they approach peak energy by 
means of an auxiliary coil which distorts the magnetic field so that the 
electron orbit is shifted radially or axially to strike a target. This pro¬ 
duces a beam of x-rays from the target which is sharply collimated in the 
direction of the impinging electrons. The x-rays, having a continuous 
spectrum with maximum energy equal to the electron energy, emerge 
from the tube through the vacuum wall, where they are available for 
experiments. 

Oscillations of the electrons about the theoretical or “equilibrium’’ 
orbit will occur if the electrons are displaced from this orbit. These 



Fig. 7. —Betatron acceleration cycle. Electrons are accelerated during the 
first quarter-cycle where the central field Be and the guide field Br are increasing 
proportionately. 

oscillations will be of two types; vertical and radial. Stable oscillations 
will result if restoring forces exist which oppose a deviation from the 
equilibrium orbit. For vertical deviations there must be vertical restor¬ 
ing forces, and for radial displacements, radial restoring forces. Devia¬ 
tions of the ions from the median plane can be limited and controlled by 
a “focusing” magnetic field, as illustrated in Fig. 3. To provide such 
focusing the field near the orbit must decrease with increasing radius, as 
in the cyclotron, usually accomplished by tapering the gap between 
magnet poles. The degree of tapering affects the radial oscillations, 
which will be stable if the field does not decrease with radius more rapidly 
than 1/r. A complete analysis of these betatron oscillations showing the 
effect of magnetic field tapering and the way such oscillations are damped 
by the increasing magnetic field has been published. The oscillations 
will be considered in more detail in a later section. 

A considerable saving in weight of iron is obtained with D.C.-biasing 
of the central, accelerating magnetic field. Additional exciting coils 
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powered by D.C. are used to bias the central field so that it goes from a 
large negative to a large positive value during the time in which the 
deflecting field at the orbit goes from zero to its final value. This comes 
from the relation of eq. (12) which requires only a proper positive value 

of ^ (^), not necessarily a positive The principle is illustrated in 

Fig- 8. In this manner the particles are accelerated by a larger total 
change in and (for the same weight of iron) to a higher energy. 

Power to drive the transformerlike magnet can be kept to a minimum 
by resonating the inductance with a condenser bank at the desired fre¬ 
quency. In this way circulating power to supply the large amount of 
stored energy in the magnetic field can be obtained with a relatively 



Fig. 8.—Biased betatron accelerating cycle. A D C. bias applied to the central field 
increases the magnitude of the flux change and results in higher electron energy. 

small power input. The power absorbed will be just that dissipated in 
heat losses in the copper windings, the iron core, and the condensers. 

Betatrons of several sizes have been constructed and operated. The 
original Kerst machines produced electrons of 2.3 and 20 Mev. The 
largest in operation is the 100 Mev machine at the General Electric 
Research Laboratory. The largest now planned is being designed by 
Kerst at the University of Illinois, and is expected to reach 300 Mev. 

V. Principles of Acceleration to High Energies 

The brief descriptions above of direct voltage accelerators, the 
cyclotron, and the betatron are suflScient to show the status of accelerator 
design before the war. These machines had been developed essentially 
up to their energy ceilings. They are relatively simple applications of 
the equations of motion and do not utilize fully all of the possibilities. 
As an introduction to the several new types of accelerators, which have 
promise of much higher energies, it seems proper to present and analyze 
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the equations of motion of charged particles, and to describe the prop¬ 
erties of motion which lead to phase stability. 

1, Relativistic Equations of Motion 

The same fundamental equations of motion apply to all accelerators 
and to all charged particles, and must be expressed in relativistic terms. 
Only two fundamentally different geometrical arrangements are possible: 
that for motion in a straight line and that for circular motion in a mag¬ 
netic field. The equation of motion for linear acceleration can be 
expressed simply as: 

^ (mx) = ^ F(x, t) (16) 


Here m is the relativistic mass and the SF term represents a complicated 
function of position and time which describes the total electrical accel¬ 
erating force in the direction of motion. In the modern linear accelerator 
this usually involves multiple electrode structures and electric fields 
arranged to synchronize in time with the motion of the particles. The 
elementary equation above does not describe the transverse forces which 
are important for focusing. A solution to this linear equation can 
usually be obtained if the SF term can be expressed analytically. Such 
a solution will show the special conditions of frequency and phase of the 
electric field which will result in acceleration. 

The betatron, synchrotron, cyclotron, frequency modulated cyclotron, 
and frequency modulated synchrotron all use magnetic fields to produce 
motion in a circle and the dynamical equations of motion are fundamen¬ 
tally identical. For circular motion in an axially symmetric magnetic 
field, with external torques applied about the axis of symmetry, cylindri¬ 
cal coordinates give the simplest formulation of the equations of motion. 
Neglecting second order terms, these can be written in the form: 


^ (mf) = inr6^ — er6Bg 


it - S - 


dw 

le 


dd 


dt 


(mz) = erdBr 


(17a) 

(17b) 

(17c) 


In the above equations m.k.s. rationalized units are used: 
m is the relativistic mass of the particle; 

J5, and JS, are the vertical (axial) and radial components of the mag¬ 
netic field at the orbit. The time rate of change of magnetic field will 


be slow, so that curl J5 = 0 and 


dBr 

ds 


dB. 

dr 


in the region of the orbit. 
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$ is the magnetic flux linking a circular orbit of radius r; 

is the external electrical torque about the axis of symmetry where 

dw is the work done by this torque during a displacement dB; 

dL 

^ is the decelerating torque associated with energy radiated by the 

particle due to its motion in a circular path. These equations apply 
directly for electrons, and can be adapted to positively charged particles 
by changing the sign of e. 

Completely general solutions to these equations of motion would be 
unnecessarily complicated and of questionable value. Specific solutions 
for the special cases representing individual machines are of more practi¬ 
cal interest. For example, the relation derived for the cyclotron as 
eq. (1) for motion in a circular path at constant radius, comes directly 
from eq. (17a) by inserting the condition; r = 0: 

<1 . « - ? - ( 18 ) 

r m ^ 

Orbit radius JK for a given kinetic energy and magnetic field can be 
obtained by use of the well known relativistic relation: 

Substituting in eq. (18) we obtain: 

Eo^)^ ^ [T(T + 2Eo)]^ 


For T and Eo in Mev units and B in webers/m. ^ (units of 10,000 gauss) 
this becomes: 

R (meters) = [T{T + 2Eo)]^ (20a) 


This relation is plotted in Fig. 9 for electrons, protons, deuterons, and 
alpha particles of energies up to 10'® electron volts and for magnetic fields 
up to 10 webers/m.2 (To use the chart pick a maximum energy T on the 
horizontal coordinate, find the BR for the particle involved on the left 
hand ordinate, follow this BR value to the intersection with the chosen 
value of B and read the radius R on the upper scale.) In Table I a few 
typical values are listed to show the dimentional requirements of mag¬ 
netic accelerators. Note the approach to a linear relation between 
radius and energy for relativistic energies where T 55> Eq, Note also the 
converging dimensions for electron and proton accelerators at very high 
energies. 
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Table I. Orbit radius in meters at 1 weber/m.* (10,000 gauss). 


T (Mev) 

Electrons 

Protons 

Deuterons 

ions 

1 

0 00485 


0 206 

0 144 

10 

0 0347 


0 643 

0 454 

100 

0 330 


2 05 

1.45 

1000 

3 30 


7 22 

4 85 

10000 

33 0 


38 7 

21 8 


The kinetic energy of the particles in terms of orbit radius and mag¬ 
netic field comes from a rearrangement of eq. (19): 

+ 2TEo = (20) 

This is in the form of a quadratic in T, but can be read off the plot of 
Fig. 9 by reversing the above procedure. 



MEV. 


Fig. 9.—Energy vs. radius in a magnetic field. For a particle energy in Mev on 
the lower scale find the corresponding BR on the vertical scale using the appropriate 
particle curve. Follow this value of BR to the desired magnetic field in webers/m. 
and read orbit radius in meters on the upper scale. 


Ion rotation frequency, /» = requires another rearrangement of 


eq. (18): 


r _ eB _ cHB 
^ + T) 


(21) 
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or, in terms of radius: 

(r + ^o) ] 

We will make use of this relation later when considering the frequencies 
required for the several accelerators. The resonance frequency for the 
acceleration of particles of different energies is plotted in Fig. 10. (To 
use this chart start with the energy T and find the value of the quantity 



Fig 10 —Energy vs frequency at known orbit radius For the chosen particle 

<i)R 

and an energy "value given on the lower scale find the appropriate value of ^ = — 

c 

on the vertical scale Follow this value of /3 to the intersection with the orbit radius 
in meters and find the frequency in Me on the upper scale 


” for the particle concerned on the left hand ordinate, then follow this 

value to the intersection with the chosen radius and read the resulting 
linear frequency on the upper scale) Note the linear dependence of 
ft, w and 

Eqs. (17a) and (17c) show the variations in the radial and axial 
coordinates. Present ‘^good^' magnet designs are symmetrical about 
the median plane and are arranged to have radial components of mag¬ 
netic field Br off this plane which result in focusing in the z coordinate. 
Such focusing forces will restore the particles to the orbit and will set up 
oscillations about the true orbit. Qualitatively the field should decrease 
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with increasing radius, as illustrated in Fig. 3. Quantitatively, the rate 
of change of B with radius should be so adjusted that the radial and 
vertical oscillations are stable and their amplitudes are small. The 
index n which is used to define this shaping of the field near the orbit is 
given by: 

Br = Bo(^^y (23) 


where Bo is the field at the orbit position ro and B is the field at a slightly 
different radius r. By differentiation we obtain: 


n = 


r ^ 

B dr ' ' 


(24) 


A radially decreasing magnetic field having any positive value of n will 
provide stability for vertical {z) oscillations and the amplitude will 
decrease with increasing values of n. Radial oscillations will be stable if 
the field does not decrease with radius more rapidly than 1 /r or in other 
terms, for n < 1. To understand this, note that the magnetic force is 
equal to the ^^centripetal forceat the equilibrium radius, or in terms 
of eq. (17a): 

erdBz = mr6^ (at equilibrium radius) (25) 

If the particle is to be restored to the equilibrium orbit when displaced 
radially, the magnetic force should be larger than the centripetal force 
for larger radii, and for smaller radii the converse should hold. It can be 
shown^^ that this is true if the value of n does not exceed unity. So, the 
range of values for stability of both radial and vertical oscillations is: 
0 < n < 1. The magnetic field index n is one of the fundamental 
parameters in the design of accelerators and will recur in the discussions 
to follow of the several types. 

The frequency of the oscillations is found to be a simple function of n, 
given by: 

CO, = \/ri CO (26a) 

COr = \/l 71 CO (26b) 

Here co is the particle rotation frequency and co, and cor are the frequencies 
of the vertical and radial oscillations respectively. A simple visualiza¬ 
tion of the free oscillations will help to justify these conclusions. Con¬ 
sider, for example, a particle of energy T in a uniform magnetic field B 
such that the true orbit radius is R. Consider, furthermore, that this 
particle is displaced outward to a position R + x. It will describe a 
circle of radius /?, crossing the true orbit twice/revolution and having a 
radial position R — xsii the far side of the orbit, which represents a radial 
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oscillation of frequency w and amplitude x. Since n = 0 for a uniform 
field this is in agreement with eq. (26b). Under the same conditions a 
particle displaced from the median plane vertically (say by +z) will 
rotate in an orbit parallel to the median plane and never cross it, repre¬ 
senting an oscillation frequency co, = 0 as indicated in eq. (26a). For 
other allowed values of n the oscillation frequencies will be smaller than 
«, but still of the same order of magnitude. At n = 0.5, for example, 
CO, = wr = 0.707co. These free oscillations are also known as betatron 
oscillations; it was through the prediction of these oscillations and utiliza¬ 
tion of the resultant focusing that Kerst was able to make a practical 
betatron from the qualitative ideas of Wideroe. 

For large values of n (near unity) the radial component of magnetic 
field Br is large, the focusing effect on the vertical oscillations is a maxi¬ 
mum, and the vertical amplitudes are small. On the other hand, the 
field decreases considerably with radius so the radial excursions will be 
large. For small values of n (near zero) the reverse is true; radial oscilla¬ 
tion amplitudes will be a minimum and vertical amplitudes a maximum. 
The oscillation amplitudes are equal for n = 0.5. Oscillation amplitudes 
will also vary with the intensity of the magnetic field, decreasing as the 
field (and particle energy) increases: 

A ^ (27) 

This damping will result in the particles being focused tightly around the 
true orbit at high energies, a useful practical result. 

A qualitative interpretation of the energy relations will help to show 
the significance of the several terms in eq. (17b). For example, total 
particle energy can be obtained by multiplying eqs. (17a), (17b), and 
(17c), by r, 6, and z respectively, and adding. We obtain: 

d . (e , dw dL\ dS 

In this form the total linear kinetic energy mv^j is shown to depend on 
three energy terms: 

Firstly, the flux ^ enclosed within an orbit of radius r is given by: 

$ = 2ir fj rB4r (29) 

Time rate of change of flux, d^/dt, determines the induced voltage applied 
to the particles. This is the well known transformer principle responsible 
for acceleration of electrons in the betatron. The “2:1” rule comes 
directly from the first two terms of eq. (17b) by neglecting the two right 
hand terms. Induction can be neglected for the cyclotron where B, is 
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constant, but must be included in the calculations for any machine in 
which magnetic field varies with time, such as the synchrotron. 

Secondly, the electrical torque dw/dO is usually applied by means of 
one or more accelerating gaps between high frequency electrodes, as in 
the cyclotron. However, the number of particle revolutions is generally 
so large (the order of 10^ to 10®), and the fractional increase in energy/ 
revolution so small, that we can treat the acceleration process adiabati- 
cally and describe the torque in terms of an azimuthally uniform acceler¬ 
ating torque which varies slowly with time. So electrical torque can be 
expressed as: 


dw _ Ve 
dd 2ir 


(30) 


where V is the potential difference traversed/pcr turn by the particle of 
charge 6. 

Thirdly, the radiation loss term dL/dd depends upon the radial 
acceleration of the particle. Blewett^® has derived a relation for the 
energy radiated per revolution: 



This factor is significant only for electrons with energies above about 
200 Mev. The rapid increase of radiation loss with energy spoils the 
betatron balance and will require excessive electrical accelerations in the 
synchrotron. It may well be the energy limiting factor in magnetic 
electron accelerators, but due to the much larger rest energy of protons 
it can be neglected for proton accelerators. 

So we see that particles in a magnetic machine can be accelerated 
either by ‘‘betatron’^ induction or by externally applied electric fields. 
With induction acceleration there is no critical frequency involved, but 
external electric accelerating fields must be oscillatory in character, and 
adjusted in frequency to synchronize with the rotational frequency of the 
charged particles. If the particles are electrons with energies above a 
few Mev, the velocity is essentially equal to the velocity of light and the 
frequency essentially constant, as shown by eq. 22 and Fig. 10. The 
much heavier protons will undergo continuous relativistic changes in 
mass and so the frequency will vary widely in the energy region between 
about 10 Mev and 10 Bev. 

We will leave the equations of motion at this point with these qualita¬ 
tive interpretations, which are sufficient, however, to point out the basic 
requirements of superenergy accelerators. 
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S. Principles of Phase Stability 

Multiple accelerations will be necessary to achieve superenergies 
without exceeding the voltage/acceleration set by the practical limits of 
insulation and power in machine construction. In resonance-type 
accelerators the primary problem is that of keeping the particles in step 
with the accelerating electric field for a very large number of accelerations. 
In the cyclotron resonance is maintained only so long as the natural fre¬ 
quency of rotation of ions is constant, and breaks down when this fre¬ 
quency begins to decrease owing to the relativistic increase in mass as 
ions reach high energies. The number of accelerations is limited to only 
a few hundred, and becomes smaller as maximum energy increases. In 
the linear accelerator a similar limit exists, set by the precision of the 
applied frequency in matching the precut electrode spacings. 

A new impetus was given to the design of high energy accelerators 
with the announcement in 1945 by McMillan^® and (independently) by 
Veksler of the principle of phase stable orbits in magnetic resonance 
accelerators. Proposals were made for machines utilizing this principle, 
and the name synchrotron^' was suggested by McMillan. This 
principle, in brief, involves the concept of stable circulating orbits for 
charged particles moving in a cyclotron-type accelerator, in which the 
particles increase in energy as a result of a slow variation of the magnetic 
field, of the frequency of the accelerating electric field, or of both. An 
immediate application was to the 184-inch Berkeley cyclotron which was 
arranged as a phase stable accelerator by applying a modulated fre¬ 
quency to the electrodes.^* The success of this ^^synchro-cyclotron” or 
‘^frequency modulated cyclotron” has afforded convincing proof of the 
validity of the concept of stable, synchronous orbits for light positive ions 
in a cyclotron. Shortly after, two electron synchrotrons^®'^® were suc¬ 
cessfully operated in which the magnetic field was the variable and the 
frequency was constant, again demonstrating the validity of the method. 
Now several electron sjmchrotrons and synchro-cyclotrons for energies 
up to 300 Mev are under construction, and designs have been proposed 
for even higher energies. 

The phase stability inherent in the synchrotron can best be understood 
by a qualitative physical description of the motion of the charged 
particles. Consider, for example, the ‘‘stationary” orbit%possible for a 
particle moving in a circular path in a uniform magnetic field, on each 
revolution crossing a gap between accelerating electrodes on which is 
applied an oscillating electric field with a frequency identical with the 
frequency of rotation of the particle. As a start consider those particles 
which cross the gap at instants of time when the oscillating electric field 
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is crossing zero (zero phase). This is illustrated by the points labeled 
0, 2ir, 4 t, etc. on the voltage-time graph of the electric field of Fig. 11. 
These particles will neither gain nor lose energy and will continue to 
rotate at constant frequency and in the same orbit. Now to see that this 
orbit is stationary, consider a particle which crosses the gap at an earlier 
time (positive phase) such as at h. It will gain energy, will rotate at a 
slightly lower frequency as shown by eq. (21), and will take a somewhat 
longer time to return to the gap, as illustrated by points < 2 , ^ 3 , etc. in 
subsequent accelerations, when the voltage across the gap is smaller. 
Eventually the particle will cross the gap at zero phase, but with an 
accumulated excess of energy so that it will continue the phase shift into 
the decelerating part of the cycle. Now the situation is reversed and the 



Fig. 11. —Phase focusing in a synchronous magnetic accelerator. Particles cross¬ 
ing the accelerating gap at phases marked 0, 27r, 4ir, are not accelerated and continue 
in resonance. Particles crossing at a time h receive extra energy, increase in fre¬ 
quency, and arrive at the gap at times ^ 2 , <8, where they receive less energy. Con¬ 
tinuation of this process results in phase oscillations around zero phase. 

particle loses energy; its frequency increases and it is returned to the zero 
phase position again. This represents a phase oscillation about the 
equilibrium phase, ^ = 0. Note that the alternate situation at = tt, 
3t, etc. will result in instability. 

The particle considered above will traverse orbits of different radius 
as the energy varies, in accordance with eq. 20. As long as the particle 
energy exceeds the equilibrium energy it will travel in orbits of larger 
radius and conversely it will make smaller circles for energies below 
the normal value. This breathing” motion of the orbit represents a 
radial oscillation associated with the phase oscillation described above, 
and in addition to any radial free oscillation. 

Now let us consider particles which have initial energies differing 
slightly from the equilibrium energy. Such particles will be travelling in 
orbits which are larger or smaller than the equilibrium orbit and so will 
have rotational frequencies which differ from the applied electric field. 
By an argument similar to that above it can be show that these particles 
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will also oscillate about the equilibrium energy and the equilibrium radius, 
with the oscillations slightly displaced in phase from those illustrated 
in Fig. 11. 

When a small change is made in the magnetic field, or the applied 
electric frequency, the particles will temporarily experience a phase shift, 
and will adjust themselves to the new condition by gaining or losing 
sufficient energy to re-establish equilibrium conditions. Furthermore^ 
if either the frequency is decreasedy or the magnetic field is increased slowly 
and continuouslyy the particles will follow this change and gain energy at a 
steady rate determined by the rate of frequency or magnetic field modulation. 
From these two alternatives come the applications known as the syn¬ 
chrotron and the synchro-cyclotron. The average energy gained per 
acceleration under these conditions determines an equilibrium phase 




Fig. 12.—(a) Phase oscillation range AO about an equilibrium phase Oe illustrated 
on voltage-time plot of accelerating electrode, (b) Pendulum with constant torque 
analogue of phase oscillations, showing the equilibrium displacement Oe and the region 
of stable oscillations Oi to O 2 . 

about which the phase oscillations are centered. This is illustrated in 
Fig. 12a in which the phase amplitude is shown as extending between 
arbitrary limits and ^2 of stable oscillations. In the extreme case 
a particle will migrate in phase between these limits, making several 
hundred revolutions to complete the phase oscillation. Particles which 
deviate less from equilibrium conditions will perform oscillations of 
smaller amplitude and with slightly different phase oscillation frequencies. 

Several authors of papers on the theory of the synchrotron have 
pointed out the analogy of these phase oscillations to the motion of a 
physical pendulum to which a constant torque is applied. The equations 
of motions are identical if the angular displacement of the pendulum is 
substituted for the phase angle in the synchrotron. In Figure 12b such 
a pendulum is presented schematically so that the similarity of the 
motion to that of the phase oscillations can be visualized. The pendulum 
has a region of stable oscillations about the equilibrium position 
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extending from v — at one extreme to — (^r — 2f>«) at the other. If 
the amplitude exceeds this limit the pendulum will cease to oscillate and 
will spin continuously in one direction. With the synchrotron the 
particle which exceeds the limits will gain or lose too much energy for 
stability and so will spiral inward or outward until it hits the walls of the 
ssmchrotron chamber. 

Another visualization of phase oscillations is illustrated in Fig. 13. 
Here the oscillations in energy of a particle are portrayed as a function of 
time, with the equilibrium energy Tt increasing slowly. This can be 
interpreted as a potential energy diagram with stable potential valleys in 



Fig. 13.—Energy oscillations in a synchronous accelerator. Ions arc trapped in a 
potential valley and oscillate as indicated by the dots representing consecutive revolu¬ 
tions, limited by the phase ^>i. The pattern progresses upward along a line reprc'sent- 
ing the average increase in energy with time. 

which particles are trapped. The dots represent consecutive positions 
of a particle which is oscillating within this potential valley. The limit 
of phase oscillation appears here as the peak of a potential hill, ^i. As 
the oscillations progress, the pattern will progress upward and to the right 
along a line which represents the average energy increase, carrying the 
trapped particles to higher energies. If a particle crosses over the rim 
of one trough, it will be lost from synchronism. 

The discussion so far has shown that the synchrotron orbits are stable 
but has not described the focusing in the vertical or axial coordinate, nor 
has it demonstrated any damping of the amplitude of phase oscillations, 
both of which are essential to the practical success of the synchrotron 
principle. 

To obtain focussing in the z coordinate the magnetic field must 
decrease slightly with increasing radius, exactly as described earlier for 
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the betatron. Radial free oscillations will also be present, superimposed 
on the low frequency radial synchrotron oscillations. For stability 6f 
the free oscillations the magnetic index must be in the range: 0 < n < 1. 
Damping will occur as the restoring forces increase in magnitude, if the 
magnetic field increases with time; with constant magnetic field the 
amplitude will remain constant. Synchrotron phase oscillations will not 
only be damped by an increasing magnetic field, but also by other 
parameters. Theoretical studies show that the rate of damping can be 
affected by the time rate of change of frequency or by the rate of change 
of potential across the accelerating gap. For example, an increasing 
peak voltage relative to the average voltage/turn (see Fig. 12) will 
increase the rate of change of potential while the particle is crossing the 
gap, and will cause a strong damping of phase oscillations. The condi¬ 
tions for phase oscillation damping are somewhat different for the differ¬ 
ent types of accelerators, and will be discussed in more detail for the 
specific machines. 

Let us recapitulate by describing the expected shape of the bunch of 
particles in a phase stable orbit of a synchrotron. First, they will be 
distributed in phase about the equilibrium value, with a large initial 
phase amplitude or phase acceptance angle which depends primarily on 
the ratio of peak voltage to the required average voltage/turn, and will 
be damped slowly to smaller amplitude. This represents a distribution 
in time of crossing the accelerating gap, or an azimuthal distribution in 
angular position around the orbit. Next is the spread in radial location 
due to the associated oscillation around the equilibrium energy. The 
initial radial oscillation amplitude will be limited by the initial phase 
acceptance angle which defines the energy spread and by parameters 
such as the n value, and will be rapidly damped into a narrow band con¬ 
centrated about the ecpiilibrium orbit of the instant. This elongated 
bunch of resonant particles will rotate at the frequency of the applied 
electric field. The particle envelope is illustrated in Fig. 14 for a time 
near the start of the modulation cycle when energy is low and oscillations 
are large. Such phase and radial oscillations will have frequencies hun¬ 
dreds of times smaller than the particle rotation frequency. 

Superimposed on the slow synchrotron oscillations will be the high 
frequency free oscillations identical with those in the betatron. These, 
are due to spatial deviations from the smoother orbits described above, 
such as would result from a radial location incompatible with the energy 
and magnetic field. The force which causes these oscillations about the 
true orbit is due to the focusing properties of the radially decreasing 
magnetic field near the orbit. As the magnetic field increases the ampli¬ 
tude of the oscillations is diminished. The frequencies of these free 
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oscillations are smaller than, but of the same order of magnitude as, the 
rotation frequency. So these high frequency oscillations will be added 
to the smoother synchrotron orbits; this is illustrated qualitatively 
(but not to scale) by the scallops shown about the periphery of the 
particle envelope in Fig. 14. These add to the radial width of the 
envelope and establish the vertical dimension. Finally, this sausage^' 
shaped envelope will be damped to much smaller dimensions as particle 
energy increases, ultimately acquiring a long narrow shape, which depends 
in detail on design parameters of the synchrotron such as the magnetic 
index n and the ratio of peak voltage to average voltage/acceleration on 
the gap. 


RADIAL oscillation 



Fig. 14.—Schematic illustration of phase and radial oscillations in the synchrotron 
and the superimposed “free” or betatron oscillations, shown as an envelope of ion 
paths located in the accelerating chamber. 

VI. The Synchrotron 

The synchrotron accelerates electrons around an orbit of essentially 
constant radius and so requires only a narrow annular magnetic field 
such as can be produced by a ring-shaped magnet. It is this economy of 
magnet weight that provides the primary advantage over the betatron 
which needs in addition a large central flux core, or the cyclotron which 
uses a solid core magnet. Electrons are ‘injected into this orbit at low 
energy and low magnetic field. An accelerating high frequency electric 
field is located at one point on the orbit and supplied by an external power 
source. The magnetic field is modulated in time at relatively low fre¬ 
quency (60 cycles/second). As the magnetic field increases the electrons 
are bunched and focused by phase oscillations so that they acquire 
energy at the proper rate to maintain an orbit of constant radius. On 
reaching maximum energy they are deflected against a target as in the 
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betatron, in a short pulse. The cyclical operation, of the magnet results 
in a corresponding pulse repetition frequency of 60 cycles/second. 

A great deal of study has gone into the theory of synchrotron oscilla¬ 
tions. Following the original articles by McMillan^® and Veksler, 
theoretical studies have been published by Dennison and Berlin,Bohm 
and Foldy,^^ and Frank^* which extend the analysis into the detailed 
dynamics of motion. All these studies are in basic agreement, varying 
only in the type of approximations used in the calculations and in the 
emphasis placed on the several aspects of the motion. They all find the 
same conditions for oscillation stability and for damping of oscilla¬ 
tions. The theoretical understanding of the synchrotron seems to be 
adequate. 

The distinguishing feature of the electron synchrotron is the essen¬ 
tially constant frequency of ion rotation above about 2 Mev energy, and 
the opportunity to use a fixed frequency accelerating field. Most designs 
use a high Q resonant circuit at one point in the “doughnut” vacuum 
chamber, such as a tuned cavity resonator. The basic frequency is 
determined by the angular velocity of electrons of velocity c. At 1 
meter radius, for example, the frequency is: 

/ = 2^ = 48Mc 

It should be noted that harmonic frequencies will also produce resonance, 
such as 90 Me in the example above. In this case the ions will be accel¬ 
erated in two bunches instead of a single one, and each bunch will be 
correspondingly shorter. 

The magnetic field index n must be in the range, 0 < n < 1, as in the 
betatron. Most designers use a large value of n (.5 < n < 1) so that 
vertical oscillation amplitudes are less than the radial amplitudes; a 
choice of w = f is common. At high energies, where radiation losses 
become significant, it has been shown that a value of n = f leads to a 
pronounced antidamping, so this represents an upper limit. The spatial 
region between poles in which the magnetic field index is within these 
limits defines the useful aperture for electrons. Detailed model experi¬ 
ments, to determine the best tapering and shaping of pole faces to give 
the largest region of uniform n-values, have been an essential feature of 
all design studies. Several ingenious devices have been suggested to 
increase the aperture at the start of the cycle, when the greatest ampli¬ 
tudes occur. One of these is to add “lips”.of high permeability ferro¬ 
magnetic material at the edges of the gap to widen the aperture at low 
fields; these lips saturate at high inductions and so allow the fields to 
concentrate in the central region. 
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To power the magnet large alternating currents are needed at 60 cycle 
frequency. The most satisfactory method of supplying these currents is 
to resonate the inductance of the magnet with a capacitor bank. In this 
way the average power demand is reduced to the amount needed to supply 
heat losses in the copper and iron. In the General Electric Co. design^® 
the condenser bank has a capacity of 16 microfarads rated for 21,000 
volts; the power rating is 3000 kilovolt-amperes at 60 cycles. 

Most synchrotrons use a betatron start’^ to accelerate electrons by 
induction from about 50 kilovolts injection energy to about 2 Mev. At 



Fig 15 —Electron synchrotron This sketch illustrates a ring magnet formed of 
sections with internal flux bars to provide flux for a betatron start. 

the General Electric Co. and the University of California this is done 
with a magnet similar to the betatron magnets, which has an internal flux 
core and a combined external magnetic return path. In the designs of 
The Massachusetts Institute of Technology and at some other labora¬ 
tories a large number of ‘*C” shaped magnet sections with individual 
external return paths are mounted around a circular orbit and the 
betatron flux is carried by ‘‘flux bars” of modest dimensions made of high 
permeability metal which are located inside the orbit. These flux bars 
“short” the magnetic field at low inductions but become saturated at 
high inductions. In Fig. 15 a sketch of this ring magnet synchrotron is 
shown to illustrate the principle of the machine and the saving in magnet 
iron possible with the synchrotron. Such magnets must be laminated 
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to reduce eddy current losses, and the design includes auxiliary clamps 
and mechanical structures which are omitted from the sketch for clarity. ' 
The transition from betatron to synchrotron action must be made in 
such a way that the electrons “lock-in” to synchronism with the oscilla¬ 
tory electric field. In the betatron region the particles are uniformly 
distributed around the orbit and are moving with an angular frequency 
0 ) given by eq. 18. If the betatron relation is obeyed they have essen¬ 
tially uniform energies and move at constant radius, except as perturbed 
by the radial and vertical oscillations. After the transition to synchro¬ 
tron motion the electrons will be bunched in phase and azimuth about 



Fig. 16.—Acceleration cycle for a synchrotron with betatron start, showing 60 cycle 
guide field Br and the saturating field in the flux bars B*. 

the eciuilibrium phase, at the driving frequency a>i (correct only for elec- 
1 runs of velocity c), and will be performing wide oscillations in energy and 
radius until damped by increasing energy and magnetic field. The 
“slip” frequency (coi — w) must be small for “locking-in” to occur, and 
must be reduced to zero in a relatively short time, the order of a few 
hundred revolutions. This can be visualized as the transition from 
rotary to oscillatory motion in the pendulum motion described in sec¬ 
tion V6. Theory predicts^* and experimental results show that this 
transition does take place smoothly and that a large fraction of the elec¬ 
trons in the betatron orbits are captured in synchrotron orbits. 

The time cycle for acceleration is illustrated in Fig. 16, in which the 
guiding field at the orbit Br is produced by 60 cycle alternating currenti 
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and the field in the flux bars Be rises to a maximum in the short interval 
labeled ‘^betatron acceleration’’ and then holds this saturation value 
until the excitation is reversed. The total stored energy in the flux bars 
is small because of the small cross sectional area, even though the field in 
the bars is high. Flux biasing schemes such as have been used in the 
betatron are also possible in the betatron phase of the synchrotron, but 
are not required to reach the 2 Mev transition energy and so are not used. 

It is possible, of course, to use synchrotron acceleration from the 
start, in which case orbit radius can be kept constant by modulating the 
frequency of the electric field during the early part of the accelerating 
cycle. This type of synchrotron is being constructed at the University 
of Michigan. With an injection energy of 500 kilovolts the frequency 
modulation is about 14 %, to be obtained by use of a broad band oscilla¬ 
tor-amplifier and a low Q resonant cavity. This design also proposes a 
‘‘race-track” orbit in which the circular magnet is separated into sectors 
(four quadrants in the final design) with straight sections of vacuum 
chamber between sectors. One of the straight sections is used for the 
resonant cavity, another for injection of the 500 kilovolt ions. Theoreti¬ 
cal studies^® of the effect of such magnetic inhomogeneities on ion oscilla¬ 
tions show that harmful resonances can be controlled and stability 
preserved with a minimum of two gaps, and that it improves with the 
number of gaps. The net effect is an increase in aperture requirements 
linearly proportional to the additional circumferential length of ion path. 

Electron intensities in the synchrotron are small compared with 
cyclotron ion intensities; they are also very difficult to measure or com¬ 
pute. The average x-ray output from a probe target is the most reliable 
measure of intensity, and in the General Electric Co. machine is 40 
roentgens/minute (at 1 meter) in the center of the x-ray beam. The 
efficiency of x-ray production at these high energies is not known with 
certainty, but estimates indicate average electron beam currents of the 
order of 2 X 10~* microamperes. The duty cycle can be observed and 
consists of a sequence of short pulses at the resonant frequency extending 
over a time interval of a few microseconds, and repeated 60 times/second. 
It may be possible to deflect an emergent beam of electrons out of the 
synchrotron. This has been done with the Illinois betatron by using a 
magnetic “peeler” to weaken the magnetic field in a short sector near the 
periphery. Other suggestions involve pulsing of disturbing field coils to 
set up excessive radial oscillations and “slosh” the electrons out of their 
stable orbits. One of the most useful features of the synchrotron (or 
betatron) is the opportunity of timing the ejection of electrons so that 
ejection energies can be controlled. Such a continuously variable 
maximum energy is of great value in physical experiments. 
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The radio-frequency cavity used for acceleration has taken several 
forms in the different design groups. The most popular is a quarter- 
wave concentric resonator of oval cross section which is shortened phy¬ 
sically by using a solid dielectric such as glass or ceramic, and which 
forms one section of the vacuum wall. In Figure 17a, a typical quarter- 
wave cavity resonator is shown, with an external feed connecting capaci- 



QUARTER WAVE RESONATOR 



ELECTRODE 

Fig. 17.—Synchrotron radio frequency accelerating electrodes: (a) Quarter-wave, 
dielectric filled, concentric cavity resonator (b) “ C’’-electrode structure which 
provides two accelerations/revolution, 

tatively to the internal conductor. The thin metallic conducting walls 
are electroplated on the surfaces of the dielectric tube and scribed or 
etched further to reduce eddy current losses. Another type of accelerator 
is the electrode (equivalent to the in a cyclotron), illustrated 
in Figure 17b, with dimensions such that it can be driven at the resonant 
frequency. The electrons are accelerated on entering and also on leaving 
the electrode. 

The synchrotron is subject to the same ultimate energy limitation 
as the betatron, due to radiation loss. However, it is possible to add more 
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energy per turn to the electrons with the high frequency accelerating 
electric field of the synchrotron than by betatron induction, and so the 
limit will be at somewhat higher energies. If necessary, several accel¬ 
erating gaps could be used to increase the energy/turn. However, eq. 
31 shows an extremely rapid increase in radiation loss proportional to the 
4th power of the energy. The maximum energy is reached when the 
radiation loss/turn equals the maximum practical value of acceleration 
energy/turn. Increasing the radius by lowering the magnetic field can 
raise this upper limit slightly but will become excessively expensive. 
Estimates of the maximum practical energy are of the order of 1000 Mev. 

VII. The Synchro-cyclotron 

The energy limitation of the normal, fixed frequency cyclotron can 
be removed and the ions accelerated indefinitely if the applied frequency 
is varied to match exactly the ion rotation frequency. It was found that 
this limitation was due to the relativistic increase of mass with energy 
and the consequent reduction of ion frequency, causing the ions to go 
out of resonance with the applied electric field. We have also shown 
that the phase-stable orbits in a cyclotron will follow a slow change in 
frequency and acquire the correct energy to preserve resonance. If 
frequency is varied cyclically, a short bunch of ions will be accelerated 
to high energy in each frequency sweep, resulting in a sequence of such 
bunches occurring at the modulation frequency. This reduced effective 
duty cycle results in a lower average ion output than in the conventional 
cyclotron, but avoids the energy limitation due to a fixed frequency. The 
primary problem of design for a frequency modulated cyclotron is that of 
increasing the duty cycle. 

The use of frequency modulation as a remedy for the relativistic 
limitations of the cyclotron was first suggested by McMillan^® as one of 
the possible applications of the principle of phase stable synchronous 
orbits. It was obvious that this method would result in much higher 
energies than otherwise possible with the 184-inch magnet at the Uni¬ 
versity of California. This magnet had been assembled and used for 
experimental purposes in the Manhattan District during the war, but 
not completed as a cyclotron. The first test of the principle, however, 
was made on the older 37-inch cyclotron magnet^® by an ingenious method 
of simulating the expected relativistic mass change with an exaggerated 
radial decrease in the magnetic field. An 18% modulation in frequency 
was required to match ion frequencies in this tapered magnetic field, and 
very small voltages were applied to the accelerating electrode. The 
success of this model experiment justified a modification of the larger 
cyclotron to utilize this principle. On completion the 184-inch machine 



PABTICLE ACCELERATORS 


301 


was immediately successful and is now in operation, producing 200 Mev 
deuterons or 400 Mev He*^ ions.^* The relative simplicity of operation' 
as a synchro-cyclotron has impressed all observers with the practicality 
of this principle. Currently there are six or eight frequency modulated 
cyclotrons under construction in this country and several others abroad. 

The principal feature of the synchro-cyclotron is the solid core magnet 
required by the continuously expanding orbit (in the constant magnetic 
field) as energy increases. The relative dimensions of a cyclotron magnet 
will change only by small factors for different sizes so that the weight of 
iron (the cost-determinant) will increase almost with the cube of the 
radius. This rapid increase of cost with energy is the chief limitation on 
the practical energy. To illustrate this point Table II shows rough 
estimates of dimensions and magnet weight for several values of proton 
energy at an assumed magnetic field of 16 kilogauss at the maximum ion 
radius. 


Table II. Cyclotron dimensions at 16 kg. 


Proton energy 
(Mev) 

Orbit radius (m) 

Pole diameter (ft.) 

Magnet weight 
(tons) 

100 

0 93 

7 



1.68 

12 

1,500 


2.54 

18 

5,000 

1000 

3.55 

24 

12,000 

2000 

5.83 

40 

54,000 


The weight of the iron is offset by the relatively simple design and struc¬ 
ture of such a D.C. magnet. Cheap iron can be used in the form of thick 
plates or forgings, exciting coils are simple, even though heavy, and 
power requirements are not excessive if a sufficient amount of conductor 
is used in the coils. 

The principle of phase stability operates at optimum effectiveness in 
the synchro-cyclotron. The theory of oscillations in phase and radius 
follows closely the theory for the synchrotron, except that in this case 
the radial oscillations occur about a reference orbit of slowly increasing 
radius. The same description of motion holds that was used in inter¬ 
preting Figs. 11 and 12. The energy gain/turn depends on the rate of 
change of frequency with time. As the ions accelerate, the rotation fre¬ 
quency changes according to eq. 22, and as illustrated in the chart of 
Fig. 10. To achieve a constant equilibrium phase so that the energy 
gain/turn is constant, requires a nonlinear time variation of frequency. 
However, this is not essential and a linear frequency-time relation will 
also result in stable ^orbits; in this case the phase and the average 
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energy gain/turn will change with time. As long as the peak voltage on 
the electrode is adequate (2 or 3 times the average value), no special care 
is needed in shaping the frequency-time curve. 

The unusual design problem set by the wide range of frequency 
modulation has been solved by the use of mechanically rotated condensers 
to resonate with the inductive electrode structure. At Berkeley this 
condenser consists of a multitoothed disk rotating in vacuum between 
stator disks of similar shape, located at the outer end of the inductive 
electrode supports. Electrically this forms a half-wave resonant circuit 
with the fixed electrode capacity at one end and the variable condenser 
at the other end. It is used as the load circuit of a self-excited power 
oscillator, coupled inductively at a point near the node. The relatively 
high Q circuit and low voltages needed keep the power requirements at a 
reasonable value. The necessary amplitude of frequency modulation is 
achieved by close spacing of the teeth in the vacuum condenser. 

The rate of frequency modulation determines the magnitude of the 
radio frequency voltage needed. To illustrate take a numerical example 
of protons being accelerated to 200 Mev in a magnetic field of, say, 16 
kilogauss. The initial frequency of rotation (Fig. 10) is 24 Me and at 
200 Mev it is 20 Me; the reciprocal frequency or time/revolution is 
(average) 4.5 X 10“* seconds. Now consider a modulation frequency 
of 100 cycles/second and assume that the required frequency sweep from 
24 to 20 Me occurs in a quarter of the cycle. So the total time of accelera¬ 
tion is xiir = .0025 second and the number of turns is 55,000. To acquire 
200 Mev, the average energy gain/turn would have to be 3600 ev. Under 
optimum conditions, using the theoretical frequency-time function which 
gives a uniform energy gain/turn, only a slight excess would be needed 
to maintain resonance; with two accelerations/turn (entering and leaving 
the electrode) a peak potential of less than 2000 volts would suffice. 
However, to allow for deviations from optimum conditions, 2 or 3 times 
this voltage might be required in practice. A faster modulation fre¬ 
quency would raise the voltage requirements proportionately and con¬ 
versely a slow cycle would reduce them. In Fig. 18 a time plot of 
frequency variation is shown to illustrate the acceleration interval, using 
the numerical illustration above to provide the scale. 

The Berkeley 184-inch cyclotron can be used to illustrate many 
special features in the design. Fig. 19 is a schematic drawing of this 
machine. The walls of the vacuum chamber are in the form of a square 
with many removable ports on the sides. Top and bottom plates have 
circular holes which are sealed to the pole tips so that atmospheric pres¬ 
sure is supported by the magnet frame. The single large electrode is 
supported by heavy insulators at the vacuum wall; the rotating con- 
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denser is in a separate vacuum chamber at the ends of the electrode 
supports. Ions are produced by a discharge tube source similar to that 
of a conventional cyclotron, mounted at the center of the chamber and 



Fig. 18.—Frequency modulation cycle in a synchro-cyclotron. The numbers 
represent proton acceleration to 200 Mev in a 16 kilogauss magnetic field with a 
modulation frequency of 100 cycles/second. 



Fig. 19.—^Berkeley 184-Inch synchro-cyclotron. Showing single radio frequency 
electrode with frequency modulating condensers at outer end of the electrode supports, 
ion source and the electrostatic and magnetic deflectors for the emergent beam. 

equipped with vacuum gates for ready replacement of filaments. Probe 
targets can be inserted from the side to any radial position by means of a 
sliding vacuum seal. Both electrostatic and magnetic deflecting units 
are provided to guide the emergent beam. An ion path is shown in the 
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illustration, badly distorted to indicate only a few turns, although in 
practice the ions make about fifty thousand revolutions. 

The magnetic field must be slightly tapered to provide vertical 
focusing for the ions. This tapering is not extreme; about 5% decrease 
in 8 feet of radius is sufficient. Nevertheless, this requires an additional 
5% of frequency modulation to maintain resonance. Vertical oscillation 
amplitudes observed at Berkeley are about ±0.5 inch amplitude with 
such a focusing field. This was observed on probes inserted from the 
edge and located at various radii. Near the periphery, where the field 
starts to decrease more rapidly, the vertical oscillations first decrease 
and then suddenly increase in amplitude and the ion beam impinges 
against the edges of the electrode and is lost. This blowing-up of 
the beam was found to correspond with the point where the magnetic 
index n = 0.2, for which the radial oscillation is a first harmonic of the 
vertical oscillation. From eqs. (26a) and (26b) we find: 

cor __ \/l — n _ 2 
\/n ^ 

Under these conditions there is sufficient coupling between these two 
modes of oscillation to allow energy to transfer from the radial mode to 
the vertical mode. This phenomenon must be avoided in order to pull 
an emergent beam out of the cyclotron. The radius at which n reaches 
the value 0.2 is a limiting radius for acceleration and any deflecting sys¬ 
tem must be located inside this radius. Due to the fringing fields this 
point is well inside the pole face, at approximately half the gap width in 
from the edge. This radius and the value of magnetic field at this radius 
determine the maximum energy available from a magnet. As flux is 
increased toward the saturation limit the radial location of the n = 0.2 
position moves inward. So the product BR approaches an asymptotic 
limit as magnet power is increased. It is not correct to assume a con¬ 
stant maximum radius with increasing field. 

To appreciate the problem of deflecting the beam out of the chamber 
consider again the physical shape of the envelope of resonant ions. This 
envelope will have a considerable radial width (estimated as 5 to 10 cm. 
in the Berkeley machine) associated with the radial synchronous oscilla¬ 
tions plus free oscillations, an angular spread over a phase angle (possibly 
ir/2 radians) and a vertical height of 2 to 3 cm. Individual ions will be 
migrating rapidly inside this envelope due to the free oscillations, and 
pulsating radially at the much lower phase oscillation frequency. The 
spacing between successive turns of a single ion is small, too small to use a 
septum or ‘‘beam-splitter^^ such as is used in the conventional cyclotron. 
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The technique which has been successful at Berkeley is to use an open 
deflecting electrode structure consisting of four bars electrically con¬ 
nected in pairs. The inner pair is spaced vertically to allow the ion 
bunch to pass between them; the outer pair is similarly spaced and 
parallels the first pair at larger radius. High voltage pulses of short 
duration (.2 microsecond) are applied, positive on one pair, negative on 
the other, when the bunch of ions is between the bars, to give a strong 
radial electric field. The effect of this disturbing fidd is to set up a large 
amplitude radial oscillation so that on the next turn the ions are dis¬ 
placed outward by several inches. The electric field is more effective 
when the force on the ions is inward than the reverse. The sudden 
expansion of oscillations forces the ions to cross the n = 0.2 region 
rapidly, in a single revolution or less, so that the coupling with the 
vertical oscillations does not have time to act, and no vertical defocusing 
occurs. To complete the deflection a short magnetic shield is used, 
located at the extreme outward location of the shock oscillations. Ions 
traveling a few feet in the reduced magnetic field of this shield spiral out¬ 
ward rapidly and emerge through the vacuum chamber wall. Approxi¬ 
mately 1% of the resonant ion beam can be thus deflected outside the 
chamber, providing a valuable alternative to the probe targets for many 
types of experiments. 

The Berkeley synchro-cyclotron has produced average ion beam 
currents of over 1 microampere of 200 Mev deuterons or, alternately, 400 
Mev ions. On striking a probe target the deuterons split into a 

proton and a neutron, each of approximately half the energy. Protons 
of 100 Mev have a radius of curvature half that for deuterons in the mag¬ 
netic field, and have been studied by placing targets near the center of the 
cyclotron chamber. Neutrons fly out tangentially from a probe target, 
since they are uncharged; this beam of 100 Mev neutrons is of exceptional 
value for research studies. 

The average intensity of 1 microampere represents 10^^ deuterons/ 
second, and on striking a target produces a much larger number of 
secondary particles and lower energy radiations. The radiation intensity 
is such that 10-foot thick concrete walls have been installed around the 
Berkeley machine to provide adequate shielding for the protection of 
personnel. As an example of the shielding problems, measurements 
show that 9.5 inches of concrete are required to reduce the intensity of 
the 100 Mev neutron beam to half value. The shielding problem alone 
demonstrates the tremendous intensities available from the synchro¬ 
cyclotron. 

Several other laboratories are well advanced on design and construc¬ 
tion of large synchro-cyclotrons, including Columbia, Roche^er, Har- 
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vard, Pittsburgh, Chicago, and several in England, Sweden, and other 
countries. These are all in the energy range 100 to 350 Mev (for pro¬ 
tons). A design study of a 750 Mev machine (20-foot pole diameter) 
has been undertaken at Brookhaven National Laboratory, which shows 
the feasibility of design for this energy. Costs rise sharply with energy, 
however, as indicated in Table II, and it seems probable that 1.0 Bev is 
about the largest practical size for economic reasons. 

VIII. The Linear Accelerator 

The linear accelerator is a device for accelerating charged particles to 
high energies by an oscillating electric field applied to a linear, periodic 
array of electrodes, with an applied frequency which is in resonance with 
the motion of the particles. This resonance principle was first proposed 
by Wideroe® and was developed in 1934 by Sloan and Coates^^ and others 
for the acceleration of heavy positive ions to energies of 1 to 3 Mev. 
Due to limitations of the radio frequency techniques available at that 
time, the use was restricted to heavy ions and the utility for nuclear 
research was insignificant. However, the intensive development of high 
frequency techniques in the radar field during the past war, particularly 
the high power, short-pulse magnetrons and the improved understanding 
and use of wave guides, has increased the potentialities of linear accel¬ 
erators; several developments are now in progress to explore the possi¬ 
bilities of extending the technique into the hundred Mev range. A 
thorough analysis of the theory and design of linear accelerators has 
recently been prepared by Slater^® as a Technical Report of the Research 
Laboratory of Electronics at the Massachusetts Institute of Technology. 
Slater’s study gives the theoretical background and describes the prog¬ 
ress made since the war in the M.I.T. laboratory; it has been of great 
value in preparing this summary. 

In its earliest form^^ the linear accelerator consisted of a set of tubular 
metallic electrodes alternately connected to the terminals of a high fre¬ 
quency power supply and enclosed in a glass vacuum chamber. Ions 
produced in a discharge source at one end were projected along the axis 
and accelerated on crossing the gaps between electrodes. This tubular 
structure is illustrated in Fig. 20a. The lengths of the electrodes are 
arranged to be equal to the distance traversed by the ions in a half-cycle 
of the electric field, and so increase in length as velocity increases. At 
low energies (nonrelativistic) the velocity varies with the square root 
of the energy, so electrode lengths increase in a sequence proportional to 
the square roots of a series of integers: The electrode length xi for the 
electrode is related to the frequency /, the average accelerating voltage 

and the e/m value of the ions as: 
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^ ^ (n6nrelativistic) (32) 

For high energies, where the velocity is essentially equal to the velocity 
of light, the electrode lengths become constant, and the relation is: 

X = ^ = I (relativistic) (33) 

This means that electrodes are spaced at half-wave length intervals and 
is illustrated by Fig. 20b. 

Phase stability is present in the linear accelerator under certain con¬ 
ditions. For particles moving along the axis of the electrode structure 
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Fig. 20.—Schematic linear accelerator, a) Low energies, where velocity is increasing, 
b) High energies, where velocity is constant (=c). 

with increasing velocity the same type of focusing in phase and energy is 
obtained as in the synchrotron. There will be one value of voltage 
across the gaps which is correct for resonance, the value Vf used in eq. 32. 
In general the peak voltage across the gaps w ill be greater than Ve and 
so there will be an equilibrium phase for particles to cross the gaps. 
To show the existence of phase stability consider a particle crossing the 
gap at another phase illustrated by the point ti on the voltage-time graph 
of Fig. 21, when it finds a higher voltage than V,, This particle will gain 
more energy, have a higher velocity and so take a shorter time to reach 
the next accelerating gap. The resultant phase shifts at the second, 
third, etc. gaps will reduce the energy/acceleration until eventually the 
particle will acquire less than the equilibrium value, will fall below equilib¬ 
rium velocity and the situation will be reversed. This is illustrated in 
Fig. 21, as the points hy fs, etc. in successive accelerations. Here we have 
all the requisites for stable oscillation of phase about the equilibrium 
phase 
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In the description of phase focusing above, note that the region of 
stability is centered about a phase where the voltage across the gap is 
increasing. The alternate position with decreasing voltage would lead 
to instability. This situation is just the opposite of that for phase 
stability in the synchrotron, and results in lateral defocusing of the 
particles. It is one of the most serious handicaps of the linear accelerator 
that the conditions required for phase stability lead to a lateral spread. 
To compensate for such a spread, special axial focusing devices are 
required. Furthermore, even though such lateral focusing is provided 
the particles thereby traverse paths which deviate from a straight line, 
travel slightly longer paths and so acquire a phase shift relative to 
particles which are truly axial. 



Fig. 21.—Voltage between electrodes in the linear accelerator as a function of 
time. Vg is the average voltage for resonance; ii, ( 2 , h, etc. show the phase shifts of a 
particle in successive accelerations which result in phase focusing. 

Electrons are defocused only in the early stages when the velocity is 
less than the velocity of light and are in neutral equilibrium thereafter. 
Magnetic lenses around the accelerator tube could probably be used to 
provide necessary focusing. Protons, however, will be strongly defocused 
over the entire acceleration. The focusing methods proposed, using 
foils or grids mounted on the electrodes, have not yet been successfully 
tested. 

The periodic electrode structure can be shown to be electrically 
equivalent to a wave guide loaded so that the phase velocity of one of the 
travelling waves is the same as the velocity of the particles. In such a 
wave guide the electric field will move along the guide so that the particles 
pick up energy continuously, entirely similar to the motion of a surfboard 
down the advancing front of a water wave. Post war developments of 
the linear accelerator in different laboratories have largely been extensions 
of wave guide techniques and have followed several parallel channels 
which are closely related theoretically. 
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For the acceleration of electrons, most laborato^es have chosen to 
capitalize on the developed techniques and high power magnetron sources 
in the radar field, with frequencies of 3000 Me. Wave guide loading has 
been accomplished with iris diaphragms. At the Massachusetts Institute 
of Technology®*’** a standing wave type of iris loaded wave guide at 10 
cm. wavelength is under development; similar programs are in progress 
at General Electric Co., the University of Virginia, Purdue University, 
Yale University, and others. In Figure 22a a schematic representation 
of the iris loaded wave guide shows the structure and the electric field 
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Fig. 22.—a) Iris loaded wave guide for an electron linear accelerator at 3000 Me 
showing the geometry and the shape of the lines of electric field intensity, b) Drift- 
tube wave guide for a proton linear accelerator at 200 Me showing the geometry and 
the shape of the lines of electric field intensity. 

distribution obtained with standing waves. At Stanford and at the 
Telecommunications Research Establishment (TRE) in England, the 
same type of iris loaded wave guide has been used for the propagation of 
traveling waves. It should be noted that electrons reach a velocity of 
0.98 c at 2 Mev energy, and so tapered loading of the guide is needed only 
at the start; thereafter the sections can be uniformly spaced for the 
velocity of light. 

The wave form propagated in a periodic structure such as is illustrated 
in Figure 22a can be expressed as a Fourier series, in which only one of 
the components will have a velocity of propagation equal to the particle 
velocity. All the other components will have different velocities and 
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will act only as rapidly oscillating perturbing fields so their effects can 
be neglected. The wave which is propagated with the largest amplitude 
is that for which the spacing between diaphragms is a half-wave of the 
guide wave length; this is called the ‘V-mode.^^ If the structure is 
terminated after a finite number of diaphragms, so that the waves are 
reflected from the ends, a standing wave is set up along the guide, con¬ 
sisting of two sinusoidal components which are out of phase by 180°. 
The guide acts like a resonant cavity for this frequency, with diaphragms 
located at the nodes of the standing wave pattern. Under these condi¬ 
tions the velocity of propagation can be either equal to or smaller than c, 
and can be adjusted by the spacings of the diaphragms and the size of the 
apertures. The axial component of the electric field, which must be 
integrated along the guide to give particle energies, is proportional to the 
stored energy and so to the power input. Losses in the guide produce 
attenuation and reduction of the stored energy, and are additive for all 
the possible modes (this subject is discussed in some detail by Slater) 
Using the high peak pulse power possible with commercially available 
magnetrons, it is possible to achieve fields capable of accelerating elec¬ 
trons at the rate of 1 to 2 Mev/foot of guide for short lengths. The 
average potential drop/unit length Ex is a measure of the quality of the 
design. 

Another way of using the loaded wave guide is by employing a non¬ 
reflecting termination and obtaining a traveling wave which can be 
considered as consisting of a sine wave and a cosine wave with a phase 
difference of 90°. These must be excited separately, by feeding power 
into at least two points, and phased in quadrature. The time required 
for build up of the field is finite, and so a short accelerator fed at one end 
will not give the maximum amplitudes possible with a longer one. On the 
other hand, if the guide length is long enough to give a transit time long 
compared with this build-up time, one end does not know what the other 
end is doing, fields can build up to maximum and power can be fed in at 
uniform intervals along the guide. The traveling wave accelerator has 
the advantage of utilizing a larger fraction of the power available from a 
magnetron oscillator than a standing wave tube. However, losses in the 
guide are greater due to the large number of diaphragms and the net 
acceleration is not significantly better than for standing waves at the 
same input power. 

Several factors influence the acceleration/unit length, given by the 
field Ex '. 

(a) Ex ^ where Px is power input/unit length. 

(b) Ex — where X is wavelength. This is primarily the effect of 
skin depth on the Gc of the guide, and shows a slow improvement with 
decreasing wavelength or increasing frequency. 
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(c) Geometry of apertures in iris diaphragms: The effect of small 
apertures is to concentrate the stored energy in the region near the axis, 
thereby increasing the field on the axis. However, a finite aperture is 
required for the particle beam and so there must be a comproniise choice 
for each accelerator design. 

(d) Operating mode: The 7r-mode, illustrated in Fig. 22, has dia¬ 
phragms set at X/2 intervals, has a high Go, is ideal for standing waves, 
but cannot support a traveling wave. The 7r/2-mode has twice as many 
diaphragms, set at 90° phase intervals and so has greater surface losses 
and lower Go; however, it does allow a traveling wave and has other com¬ 
pensating advantages. 

Since electrons acquire a velocity essentially equal to the velocity of 
light in the first few feet of acceleration there will be relatively weak phase 
focusing. 1 he electrons vill stay in resonance in the standing wave type 
of accelerator or in the accelerating phase of the traveling wave type only 
if the phase velocity in the guide is exactly the velocity of light. This 
depends on the precision of construction of the guide and the precision of 
frequency and phasing of the power sources. The frequency of separate 
self-excited oscillators is hard to regulate with precision; power amplifiers 
with a master oscillator to determine frequency would be more amenable 
to control, at least for the traveling wave tube. The precision required 
is directly related to the length of tube and so to the maximum energy. 
At 10 cm. wavelength and with 1 Mev per foot acceleration, there will be 
roughly 300 wavelengths for 100 Mev and the frequency should be con¬ 
trolled to better than 1 part in 10^. Bunching of electrons by phase 
focusing at low' energies w ill be preserved but not improved at relativistic 
energies. Electrons will be accelerated over a considerable range of 
phase and so have a considerable final energy spread. A good estimate 
of this energy spread is that half of those accelerated w ill have energies 
within 10% of the maximum energy. 

The linear accelerator for protons designed and built by Alvarez*® at 
the University of California uses a frequency of 200 IMc, originally chosen 
because of the availability of surplus radar equipment at that frequency. 
The structure is a wave guide with ‘Mrift tubes'’ of the proper resonant 
lengths mounted along the axis. A diagram of the structure and a 
sketch of the lines of electric field intensity is show n in Figure 22b. The 
drift tubes increase in length and decrease in diameter to produce a phase 
velocity equal to proton velocity during acceleration. Any unit section 
of the guide can be view ed as a cavity resonant at 200 Me and having a 
distance between accelerating gaps compatible with the proton transit 
time. The copper wave guide is about 4 feet in diameter and 40-feet 
long, enclosed in a horizontal cylindrical steel vacuum chamber. Protons 
from a 4 Mev electrostatic generator are injected at one end and travel 
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down the axis, acquiring an additional 28 Mev energy from the 30 gaps 
between drift tubes. Defocusing of the ions by the electric fi^ds in the 
gaps was to be eliminated by using thin metallic foils over the entering 
faces of the drift tube apertures. The field between a cylinder and a 
plane is so shaped as to be focusing for particles penetrating the plane. 
Foils must be so thin that the energy loss is small compared with the 
energy acquired in the acceleration. Reports of preliminary tests show 
that the i-mil beryllium foils used were burned out by high frequency 
discharges, and so grid structures are being developed to provide the 
necessary focusing. 

In considering the extrapolation of linear accelerators to the 100 to 
1000 Mev range the most difficult problem is that of feeding power to 
the wave guide. This is essentially the problem of operating many 
parallel power sources at the same frequency and the same phase. Using 
short lengths of guide several magnetron oscillators have been phased 
together successfully, arranged so that the power is distributed uniformly 
along the guide Extension of this technique to many oscillators is not 
simple, and is one of the primary design problems For the standing- 
wave accelerators this power will be dissipated uniformly in the walls of 
the guide and sets a constant figure for the power/unit length required. 
With traveling waves there is also a flux of power out the end of the 
guide, decreasing the energy/unit length available to the particles. This 
factor becomes of less importance for long lengths, where, however, the 
problems of phasing become more difficult. It is too early to say what 
success may be achieved by use of new techniques now under develop¬ 
ment. So the use of linear accelerators in the supervoltage range must 
wait for the solution of the problems of multiple power sources. 

IX. FxjTUBifi Possibilities: The Proton Synchrotron 

The machines described in the preceding sections have all been proven 
practical by actual construction and operation. They are limited in 
their potentialities, however, and none of them offer much hope for 
extension above about 1000 Mev (1 Bev or billion electron volts). 
Scientific research in the future may well require particle energies in 
excess of this limit. One reason is that the probability of production of 
mesons in the 300 Mev range of existing machines may prove to be so 
small that results may be inconclusive. It may also be necessary to 
produce mesons in pairs or in showers (observed with high energy cosmic 
ray primaries) in order to understand completely the production proc¬ 
esses. Eventually it may be necessary to exceed the energy associated 
with the rest mass of a proton or neutron (about 1 Bev) in order to study 
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the details of nuclear forces. To produce a pair qf neutrons, 2 to 6 Bev 
of kinetic energy would be required, depending upon the choice of 
bombarding particle. So some studies have been directed towards the 
design of machines for greater than 1 Bev. 

Linear accelerators are in too early a stage of development to predict 
their possibilities in the Bev range; at 1 Mev/foot, a 1 Bev accelerator 
would be 1000-feet long, an obviously difficult problem of construction, 
alignment, and phasing. Electrons will reach the radiation loss limit in 
magnetic accelerators at about 1 Bev. So the only available method of 
producing more than 1 Bev with present knowledge is by using protons 
and circular orbits in a magnetic field. Due to excessive weights and 
costs of the solid core cyclotron magnet, a ring-shaped magnet seems 
essential. The resulting machine would be a proton synchrotron, utiliz¬ 
ing both variable magnetic field and variable frequency. Construction 
of a 1.3 Bev proton synchrotron is in progress at the University of 
Birmingham, England,’^ and a theoretical analysis of ion orbits and design 
requirements has been published.*^ Design studies for even higher 
energy machines of this type are in progress at Brookhaven National 
Laboratory and the University of California. 

In a proton synchrotron the magnetic field applied to the ring-shaped 
orbit would be modulated from low to high field intensities, probably in a 
cyclic manner. Power requirements will limit the rate of rise of the 
magnetic field, so that the acceleration time may be of the order of 1 
second duration. The magnet might be cycled at the rate of 1 to 10 
cycles/minute. Protons would be injected at low energy, when the 
magnetic field is correct for motion in the circular orbit at injection 
energy. Energy would have to be added to the protons at the rate 
prescribed by the time rate of change of magnetic field. Frequency of 
ion rotation varies with the increasing velocity of the ions, so the fre¬ 
quency of the accelerating electric field must be modulated to correspond 
exactly with this resonance frequency. The range of frequency modula¬ 
tion is determined by the velocity at injection and at maximum energy; 
in the Birmingham design this is 0.27 Me (300 kilovolts) to 9.5 Me (1.3 
Bev), a frequency ratio of 30:1. Phase focusing applies exactly as in the 
synchrotron if the applied frequency is correct, and the same stable 
oscillations occur in phase, energy and radius of path. However, in this 
case some additional technique must be developed to control frequency 
and maintain the correct value. This special requirement will probably 
prove to be the most critical feature in the design of a proton synchrotron. 

The engineering design will involve several problems of large magni¬ 
tude. A compact and efficient magnet design is essential, to reduce cost 
in this most expensive component, for which thousands of tons of lami- 
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nated iron are needed* Techniques must be developed for storing and 
cycling the extremely large amount of stored energy in the magnetic field. 
The best guess at present is the use of rotating machinery and large 
flywheels such as have been developed for steel rolling mills. Electrical 
controls of the high currents to switch the energy from flywheels to 
magnet and back are a large part of this problem. Another problem 
new to the engineering field is the production and control of high radio 
frequency power over a frequency range of greater than 10 to 1. Reso¬ 
nant circuits can be tuned over this range only with great difficulty. On 
the other hand the power requirements for an untuned electrode circuit 
are excessive. New concepts and techniques must be developed to solve 
these problems. 

Ion injection should be at energies as high as practical in order to 
reduce the range of frequency modulation. Present designers visualize 
the use of an electrostatic generator operating at about 4 Mev as a possi¬ 
ble source. It would also be preferable to have the protons injected in 
preformed bunches, synchronized with the accelerating electric field. 
Ions can be injected into the orbit by means of suitable deflecting elec¬ 
trodes, which might also be pulsed to minimize interference with rotating 
ions. The number of ions which can be accepted from such a source in 
the phase acceptance intervals of the synchrotron will be small, compared 
with cyclotron intensities, but probably more than adequate for most of 
the experimental purposes visualized. There is also the danger of serious 
reduction of intensity by gas scattering during the transit of the millions 
of revolutions and the hundreds of thousands of miles traversed during 
acceleration. This puts stringent requirements on the design of the 
doughnut-shaped vacuum chamber and the pumping system. It is too 
early to predict the success of ejection systems, but these will probably 
be based on the pulsed deflei^tor used in the synchro-cyclotron. The 
hope would be to obtain a narrow beam of monokinetic protons, deflected 
tangentially out of the orbit, and timed to give any desired energy up to 
the maximum. 

Basic dimensions and ion frequencies can be obtained from the charts 
of Figs. 9 and 10. To illustrate the sizes involved these basic dimensions 
are given in Table III for two sizes which have been considered in design 
studies: 


Table III. Proton synchrotron. 


Max. En (15 kg.). 

2 7 Bev 

10.0 Bev 

Orbit radius. 

25 ft. 

80 ft. 

Inject, frequency (4 Mev). 

0.58 Me 

0.18 Me 

Max. frequency. 

6.4 Me 

2.0 Me 
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A qualitative sketch of a 25-foot proton synchrotron is shown in 
Figure 23. 

The physical principles of the proton synchrotron appear to be 
entirely sound, and the engineering problems are soluble even though 
difficult. No other method that has been visualized up to the present 
offers the same potentialities. If the proper effort is put into develop¬ 
ment, a multibillion electron volt accelerator could probably be built 



Fig. 23. —Proton synchrotron design, a) Plan of “race-track^' magnet with 
electrostatic generator ion source, accelerating system and vacuum pumps, b) 
Enlarged section of magnet and vacuum chamber. 

within a few years. The scientific fruits of such a machine would 
certainly justify the effort, and might be of outstanding importance. 
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I. Introduction 

First apprehension of the existence of an electrically conducting 
region in the atmosphere is due to Balfour Stewart who in 1882 hypothe¬ 
sized the existence of such a region to account for the diurnal variations 
in geomagnetism. Schuster fashioned this idea into a formal theory in 
1889, attributed the electric conductivity to action of the sun^s ultra¬ 
violet light, and proposed a law for the variation of conductivity which 
resembles in many features present theories of the formation of the 
ionosphere. 

After Marconi succeeded in spanning the Atlantic by radio in 1900, 
both Kennelly and Heaviside, apparently unaware of the earlier work of 
Schuster, proposed independently in 1902 that the bending of the radio 
waves around the earth is due to the presence of a reflecting layer in the 
atmosphere. The next two decades witnessed extensive theoretical 
development in the field of radio wave propagation. Some investigators 
approached the problem entirely from the classical viewpoint; others, 
drawing heavily on the work of Lorentz, derived the theory of the propa¬ 
gation of electromagnetic waves in ionized media. Meanwhile the prac- 
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tical aspects of radio wave propagation remained largely empirical. 
During all this time there had been no direct experiments to determine 
the nature of the ionosphere. 

Experimental ionospheric research began with the experiments con¬ 
ducted independently in 1925 by Appleton and Barnett in England and 
by Breit and Tuve in the United States. The Applcton-Barnett experi¬ 
ment consisted of the transmission of a continuous frequency and the 
measurement of the interference pattern set up by the direct (ground) 
waves and the waves reflected by the ionosphere. The method of the 
Breit-Tuve experiment involved the transmission of a pulse of radio 
waves and the measurement of the time delay between the emission 
of the pulse and the reception of its reflection from the ionosphere. 
Although the cw technique is still used for some special experiments the 
pulse technique has come to be the standard method for present day 
probing of the ionosphere. 

The pulse technique furnishes very concise information on the iono¬ 
sphere. The frequency of a wave reflected from a certain height is a 
measure of the ion (or electron) density at the height at which reflection 
occurs, the frequency reflected being proportional to the scjiiare root of 
the ion density. If the freciuency exceeds a certain critical value it will 
not be reflected. This critical frequency is a measure of the maximum 
ion density for a region. The time delay between emission of the pulse 
and reception of the reflection is a direct measure of the viilual height of 
the reflecting region from which the true height may be calculated by cor¬ 
recting for retardation of the wave packet in the ionized i*egion. The 
critical frequency and virtual height are fundamental parameters for 
analysis of a radio communication problem. 

Within a few years regular observations of the ionosphere using the 
pulse technique were initiated at several different stations. At first 
these observations consisted of the measurement of the time delay of 
reflections returned from the ionosphere on one or two fixed radio fre¬ 
quencies; later measurements were made throughout the spectrum of 
reflectable frecjuencies by manual step-wise variation of the frec^uency. 
Automatic methods of continuously varying the frequency and photo¬ 
graphically recording the reflections were developed at the National 
Bureau of Standards, incorporated into practice in 1933, and placed in 
regular operation at the Bureau^s field station near Washing! on. Similar 
equipment was also developed later at the Department of Terrestrial 
Magnetism, Carnegie Institution of Washington, and installed at the 
Institution's magnetic observatories at Watheroo, Australia, and Huan- 
cayo, Peru. Programs of ionospheric research were initiated in other 
parts of the world, but the observations at the above-mentioned locations 
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probably present the most si^ificant data obtained during this stage of 
ionospheric research. ' 

From these and other observations made during the 1930’s many of 
the most significant characteristics of the ionosphere were revealed or 
suggested. Instead of consisting of a single, relatively thin layer of 
ionization, as was supposed by the earlier investigators, it was clear that 
the ionosphere is an extensive region beginning at a height of something 
less than 100 km. and extending many hundreds of kilometers out into 
space. These observations showed that the ion density increases with 
height, but not monotonically. During daylight hours there are ordi¬ 
narily three heights at which the gradient of ion density becomes zero. 
The designations, E layer, FI layer, and F2 layer, were assigned to these 
regions which have their heights of maximum ion density at slightly over 
100 km., about 200 km., and about 300 km., respectively. A region 
below the E layer, thought to be responsible for radio wave absorption, 
was designated the D region. 

It was recognized that the diurnal variation and geographical dis¬ 
tribution of the E and FI layer are such that they can be fairly well 
represented by a simple function of the sun^s zenith angle and that these 
layers undoubtedly are due to photoionization by the sun's ultraviolet 
light. The diurnal variation of the F2 layer, on the other hand, does 
not exhibit close dependence on the sun’s zenith angle. At Huancayo, 
for example, the F2 ion density is less around noon than it is during the 
midmorning and midafternoon hours. When the series of data available 
for Washington was supplemented by the series of data from Watheroo, 
which is located in a corresponding southern latitude, it became evident 
that the geographical distribution of the F2 layer is not what would be 
expected from a simple photo-ionic process. The Washington data had 
shown a winter maximum of ion density instead of a summer maximum 
which was temporarily explained as a result of thermal expansion of the 
atmosphere, but the Watheroo data showed maxima at the equinoxes 
which was inconsistent with such an explanation. 

Most of the erratic characteristics of the ionosphere were revealed 
by these preliminary observations. Among these are the occurrence 
during both night and day of sporadic reflections from the E region at 
frequencies above the normal critical frequency of that region. Dis¬ 
turbances of the ionosphere associated with geomagnetic storms had also 
been observed and their outstanding characteristics, depression of the 
F2 critical frequencies and development of low-lying absorption layers, 
had been clearly defined. Sudden ionospheric disturbances involving 
fade-out of reflected radio signals on the daylight side of the earth had 
been associated with their cause, bright eruptions in the solar chromo- 
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sphere. Increases in ionization throughout the ionosphere with increases 
in solar activity had been discovered and considerable study had been 
devoted to the effects of solar eclipses on the ionosphere. Many other 
effects of lesser importance at the time had been noted. All of this fund 
of knowledge concerning the ionosphere available at the time has been 
covered in several reviews which appeared just prior to the war. 

But application of this scientific knowledge to the practical problems 
of radio communication lagged. Although the theory for applying the 
scientific facts to the problems of communication was fairly well under¬ 
stood, lack of knowledge of the world-wide distribution of the F2 layer, 
which is so important in long-range communication problems, prevented 
description of the characteristics of propagation paths over most of the 
earth. Communication engineers relied more upon past performance of 
radio circuits than upon inferences drawn from the extremely limited 
scientific information. 

II. Research During World War II 

Since reliable communication is a primary requirement of military 
operations, and since radio was the basic method of communication dur¬ 
ing the far-fiung campaigns of World War II, both the Allied and the 
Axis powers embarked on extensive programs of ionospheric research 
after the outbreak of hostilities. Central laboratories were established 
in the various countries and extensive networks of field stations (see 
Fig. 1) were set into operation to acquire data on the ionosphere in 
places for which there was none. The purposes of these organizations 
were to determine the characteristics of the ionosphere in various parts 
of the world and from them forecast the normal diurnal and seasonal vari¬ 
ations, and the long term trends following the sunspot cycle. Improved 
methods for interpreting the data were developed and more exact rela¬ 
tionships were derived for applying the data to forecasting radio propa¬ 
gation conditions. Programs of special solar observations were initiated 
in order to predict as accurately as possible the occurrence of disturbances 
of the ionosphere which were known to be of solar origin. 

This program accomplished its primary purpose. Great improvement 
was achieved in the prediction of propagation conditions even for regions 
in which there was no extensive previous communication experience. 
The previously irregular distribution of F2 ionization was found to fit 
into a regular system so that its characteristics could be predicted where 
they had not been observed. But there was little advance along purely 
theoretical lines. The tremendous quantity of data collected, the analy¬ 
sis and systemmatizing of these data, and their practical applications to 
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the problems of radio commumcation constitute the advances in iono¬ 
spheric research during the wartime period. 



III. Geomagnetic Effects in the F2 Later 

One of the most outstanding results of the world-wide survey of 
ionospheric characteristics was the revelation of a close correlation 
between the distribution of F2 ion density and the geomagnetic field. 
This discovery immediately systematised in part the apparently anoma- 



322 


* Q. MCNliBH 


loois behavior of the F2.1ayer. Behavior of the F2 layer at stations in the 
same geomagnetic latitude exhibits more similar characteristics than at 
stations situated in the same geographical latitudes. (Geomagnetic 
latitude refers to a system of spherical coordinates based on the axis of 
uniform magnetization of the earth which intercepts the surface in 
latitude of 78.5° N, longitude 09° W.) 

For this reason charts of critical frequency vs. local time are not 
applicable for all longitudes. Fairly satisfactory representations have 
been obtained, as a temporary expedient, by dividing the world into 
three zones in the form of lunes with their apexes at the poles of the 
geomagnetic axis, the west zone covering approximately the region 60° 
east and west of the 69° W meridian, the east zone covering approxi¬ 
mately the region 60° east and west of the 111° E meridian, and the 
double intermediate zone covering the remainder. ITse of separate 
F2-layer charts for different longitudes for radio propagation purposes 
was introduced by the Interservice (now Central) Radio Propagation 
Laboratory of the National Bureau of Standards in 1943. (See Fig. 2.) 

A distinct feature of this geomagnetic effect is a lower value of ion 
density in the F2 layer around local noon in the region close to the geo¬ 
magnetic equator as compared with values further north and south. A 
simple photo-ionic control of the F2 ion density would call for highest 
values near the geographic equator without any special variation asso¬ 
ciated with the geomagnetic equator. 

An interesting aspect of this geomagnetic effect is revealed in correla¬ 
tions of daily fluctuation in the F2 critical frequencies (which are propor¬ 
tional to the maximum ion density) at different stations. Appreciable 
departures from the running mean value occur in the daily values of F2 
critical frequency at a given hour (standard deviation equals 10%, 
approximately). The correlation coefficient of these departures for 
pairs of stations in the same longitude but in different latitudes is high for 
pairs of stations in middle latitudes and decreases as the distance between 
stations increases. However, the correlation coefficient relating these 
departures for pairs of stations, one of w hich lies close to the geomagnetic 
equator and the other of which lies some 20° to the north or south, is 
negative. 

The implication of this surprising relationship is that a portion of the 
departure from the running mean value is due to an agency affecting the 
earth as a whole, such as a change in intensity of the solar ionizing agent, 
and that another portion of the departure is of terrestrial origin which 
acts differently in different latitudes. It has been suggested that this 
terrestrial agent is the diurnal variation in the geomagnetic field which 
generates electric forces that act on the electric charges in the ionosphere. 





Fig. 2. —Maximum usable frequency charts showing maximum frequencies which 
will be propagated by the ionosphere for distances in excess of 4000 km. as functions 
of latitude and local time at point of reflection during June, sunspot number zero, 
west zone (upper chart 1 and east zone flower 
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but the underlying theory is highly complicated and has not yet been 
quantitatively examined. 

IV. Distribution of E and FI Layers 

The abundant data supplied by the world-wide network of ionosphere 
stations established during the war permits a more precise determination 
of the relationship between ion density and the sun’s zenith angle, x- 
This, in turn, furnishes a basis for inference regarding the processes of 
ionization and ionic decay in the layers, particularly in the E and FI 
layers. 

According to conventional theory of layer formation, which assumes 
that the recombination coefficient is invariant with height, the maximum 
ion (electron) density should be proportional to cos* x, and consequently 
the critical frequency proportional to cos* x> if the processes are suffi¬ 
ciently rapid that a state of approximate equilibrium exists. On the 
other hand, if the recombination coefficient is a function of height, 
linearly dependent on the pressure, or, if the removal of electrons, which 
are mainly responsible for reflections, is accomplished by attachment to 
heavy neutral molecules, the electron density will be proportional to 
cos X and the critical frequency to cos* x- Such a layer, of course, cannot 
have a maximum of electron density, unless the constituent gases of the 
atmosphere have certain complicated distributions, so that the a priori 
likelihood that the ionic decay processes in the E and F layer behave in 
this manner is low. On the other hand, since no maximum ion density 
appears in the D region, it may be that attachment is an important factor 
there. This is consistent with the existence of higher molecular densities 
in the D region which is more favorable to attachment processes. 

Examination of the world-wide distribution of the FI critical frequency 
shows that it does not depart conspicuously from the cos* x law. E layer 
critical frequency is approximately proportional to cos* x- This sug¬ 
gests that either the recombination coefficient varies with height but 
less rapidly than the pressure, or that both the attachment and the 
recombination processes are important in the ionic decay processes of 
the E layer. 

V. Two Control-Point Method of Calculating Maximum Usable 

Frequencies 

Application of ionospheric data to solution of propagation problems 
has usually been performed on the basis of a ray theory. A radio wave 
propagated vertically upward is reflected at a height where the ion 
density has a value N given by the equation 

N — irmPle\ 
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where / is the frequency of the radio wave, m, the mass in grams of the 
ions (usually free electrons) responsible for the reflection, and e, tlie 
electronic change in electromagnetic units. Actually, the presence of 
the earth’s magnetic field causes splitting of the wave into two compo* 
nents, the ordinary, /„ and the extraordinary, /„ T&ys. The above 
relation applies for the ordinary ray. The frequency for the extraordi¬ 
nary ray reflected at the same ion density is given by 

or 

U +/ h /2 

for values of /* and /«large as compared to fa, the gyromagnetic frequency 
of the ions. At oblique incidence on the ionospheric layers a wave is 
reflected from the same level of ionization if its frequency is 

/' - / sec *> 


where ip is the angle of incidence on the layers. This frequency f is the 
maximum usable frequency for communication between points where tp 



COMPARISON OF PREDICTED FREQUENCIES WITH FREQUENCIES 
ACTUALLY USED SYDNEY-SAN FRANCISCO OCTOBER 1944. 

Fio. 3.—Comparison of predicted usable frequencies with those actually used 
between San Francisco and Sidney. The solid curve shows frequency limited by San 
l^ncisco control point, and the dotted curve, Sidney control point. 

satisfies the geometrical considerations involved, applying for the ordi¬ 
nary or extraordinary ray accordingly as/is the ordinary or extraordinary 
ray. For radiation emitted at very low angles, propagation to a distance 
of about 4000 km. may be accomplished by a single reflection from the 
ionosphere in accordance with the ray theory; for greater distances two 
or more reflections from the ionosphere must occur. 

Over long paths many modes of propagation may be involved. Esti¬ 
mating the frequency to be used for communication over such a long path 
would require calculation of the usable frequency at each ionospheric 
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reflecting point for each of the various possible modes. However, it has 
been found that propagation of the wave between two points occurs if 
the conditions for reflection, as given in the above equations, are satisfied 
at two places along the great circle path between the points, one approxi¬ 
mately 2000 km. from the point of emission and the other 2000 km. from 
the point of reception. These are known as the control points of the 
path. (See Fig. 3.) 

No satisfactory theory of the two-control point principle has been 
offered. Application of the method to the analysis of propagation paths 
is based on its empirical success. Success of the method casts some doubt 
on the adequacy of the ray model for explanation of long distance propa¬ 
gation and may call for formulation of a wave guide model to replace it. 

VI. Effects of Solar Activity 

The relation between solar activity and ion density of the various 
ionospheric layers is more completely represented now than hitherto. 
This is the result of the present availability of more extended series of 
data, including, in particular, the data from the present sunspot cycle 
during which the relative sunspot number has reached higher values than 
have ever been attained since regular observations of the sunspots were 
instituted. Variations of critical frequencies of the various layers of the 
ionosphere in relation to the sunspot cycle have been studied at a large 
number of stations. Particular attention has been devoted to the 
irregular characteristics of the F2 layer. Its behavior at a large number 
of stations as a function of various variables has been extensively studied. 

Apart from their scientific significance, these studies have been neces¬ 
sary for forecasting propagation conditions in various parts of the world. 
If the trend of critical frequencies as a function of solar activity is deter¬ 
mined, then an estimate of future solar activity fixes an estimate of the 
maximum usable frequency which may be employed for radio traffic 
between any two points. This, of course, implies the ability to estimate 
future trends of solar activity which may be achieved, with some degree 
of success, on a statistical basis from the lengthy series of sunspot observa¬ 
tions available today. 

The presently available series of critical frequency and sunspot 
observations may be fairly well related by an equation of the form 

/ = o -|- bR 

in which / is the critical frequency, R the relative sunspot number, and 
a and b constants dependent on the ionospheric layer, hour of day, time 
of year, and geographic location. (See Fig. 4.) Over a large range of 
values, such as have occurred during the present sunspot cycle, inclusion 
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of a third term, cR^, seems to be called for, c living a negative value. 
There is, of course, no physical reason for a linear (or any other definite) 
relationship between critical frequencies and the highly arbitrary sun¬ 
spot number. The strongly linear tendencies of the relationship speak 
well of the intuition of the originator of the relative sunspot number 
system of measuring solar activity. 


no 
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Fig. 4A. 

Fig. 4.—Variation with sunspot number of critical frequencies at local noon of the 
E, FI, and F2 layers at (A) Washington, D. C., (B) Huancayo, Peru, and (C) Wath- 
eroo, Australia, 12-month running averages. 

Since critical frequencies are proportional to the square root of ion 
densities the percentage change in ion density with sunspot number is 
even more pronounced. An estimate of the magnitude of the change in 
the solar ionizing radiation responsible for the several layers involves an 
assumption as to the processes of ionic equilibrium involved. If the 
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process of electron removal is by attachment to neutral molecules, then 
the rate of removal will be proportional to the number of electrons present 
and a twofold increase in critical frequency implies a fourfold increase in 



Fig. 4B. 


the rate of ion production, for equilibrium conditions. If, on the other 
hand, electrons are removed by recombination with positive ions, and if 
the positive ions are numerically equal to the electrons, then for equilib¬ 
rium conditions, a twofold increase in critical frequency implies an eight¬ 
fold increase in ionizing radiation. It is not possible at the present time 
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to decide which, if either, of these alternatives is correct. It is clear, 
however, that variation in the ionizing radiation from sunspot minimum 
to sunspot maximum is very great in spite of the high constancy of radia- 
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tion in the visible spectrum. But the variation in the ionization radia¬ 
tion is not as great as the variation in sunspots, for even at the minimum 
of the sunspot cycle, when there may be no observable spots upon the 
sun, the ionizing radiation is sufficiently strong to support considerable 
ion densities. 

The close relationship between critical frequencies and sunspot num¬ 
bers suggests that critical frequencies may constitute a more satisfactory 
index of the 11-year change in the sun’s behavior than the artificially 
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contrived sunspot number based on counting the individual visible spots 
and groups of spots. An index of solar Activity based on the critical 
frequencies eliminates the personal bias of the observer, a defect in the 
significance of sunspot numbers as a measure of solar activity, particularly 
when long-term trends are involved. On the other hand, critical fre¬ 
quencies exhibit seasonal and diurnal variations, but allowance can be 
made for these effects because of well-established trends. 

By using the F2 critical frequency data for certain hours at Washing¬ 
ton, Watheroo, and Huancayo, for which the seasonal trends have been 
well established it has been possible to establish an index of solar activity 
which closely parallels the variations of the relative sunspot numbers. 
Monthly values of this index exhibit smaller variations from their 
12-month running averages than do corresponding values of the relative 
sunspot numbers, indicating that, in addition to being a more objective 
measure, it is also subject to smaller statistical fluctuations. 

VII. Prediction of Ionospheric Disturbances 

Associated with increases in solar activity are increases in the fre¬ 
quency of incidence of disturbances of the ionosphere. Since the effect 
of these disturbances is almost invariably a degradation of the ability 
of the ionosphere to sustain radio communication, the forecasting of 
disturbance became a matter of primary importance during the war when 
the success of military operations often depended on maintenance of 
reliable radio communication. During the war when conventional aids 
to navigation could not be employed and dependence had to be placed on 
long range radio aids, the probability of occurrence of ionospheric dis¬ 
turbances was considered in planning air raids. 

The phenomena classified as ionospheric storms were recognized before 
the war as the ionospheric aspects of electromagnetic disturbances of 
the earth, other aspects of which had long been recognized in geomag¬ 
netic and earth-current storms and auroral displays. When the require¬ 
ment for prediction of ionospheric storms became acute the abundant 
fund of information obtained from the lengthy series of data from geo¬ 
magnetism, extending back for a hundred years, was available. Fortu¬ 
nately, the first years of the war fell during a part of the sunspot cycle for 
which the established 27-day recurrence tendency in geomagnetic dis¬ 
turbance was well marked. This recurrence tendency, due presumably 
to the 27-day rotation of the sun, in the course of which active areas are 
turned toward or away from the earth, is manifested in greater proba¬ 
bility of the occurrence of a geomagnetic storm 27 days after one has 
occurred. On the basis of this recurrence tendency alone relatively 
reliable predictions could be made nearly a month in advance. 
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An intense program of observation of the visjble solar phenomena was 
maintained in order to improve the forecasts by inclusion of such addi¬ 
tional information as the solar observatories would supply. Regular 
observations of the sun’s corona were instituted in order that active 
regions on the sun could be detected while still on the limb of the rotating 
sun. This involved employment of the recently developed coronagraph 
technique by means of which an ^‘artificial eclipse” is produced by 
occulting the image of the bright disc of the sun. 

The series of special solar observations are as yet too short to derive 
any reliable statistical conclusions relating visible solar phenomena with 
ionosphere storms. No single factor among the several solar character¬ 
istics observed has appeared as a reliable indicator of impending iono¬ 
spheric disturbance. The presence of regions of unusual activity on the 
part of the sun which is turned toward the earth has served as a fairly 
good reason for the anticipation of disturbance. 

If it is not required that warnings of ionospheric disturbance be given 
days in advance a rather high degree of success in their prediction can be 
achieved. During the initial stages of a geomagnetic storm the iono¬ 
sphere is ordinarily not greatly affected. Therefore if the recordings of ^ 
magnetograph are closely monitored, advance warning of ionospheric 
disturbance may be given. The auroral regions of the earth are most 
sensitive to the effects of ionospheric disturbance, therefore considerable 
advance information on disturbance can be obtained by radio bearings 
on stations, the paths to which intercept the auroral zone, before the 
effects have become great enough to hamper ordinary communication. 
By application of these principles in conjunction with anticipation of 
disturbance from recurrence tendencies and solar phenomena a high 
degree of success can be achieved in warning of degraded propagation 
conditions for the following 24 hours. Such information is regularly 
broadcast at half-hour intervals by WWV, the standard frequency station 
of the Central Radio Propagation Laboratory, National Bureau of 
Standards. 

A method for predicting sudden ionospheric disturbances on a prob¬ 
ability basis was developed by statistical study. These disturbances are 
distinct from ionospheric storms. They consist of sudden increases in 
ion density in the absorbing region which persist for from several minutes 
to sometimes several hours. During these disturbances high frequency 
radio communication is seriously hampered or completely obliterated. 
Since the recognition of this special type of disturbance did not occur until 
1935, and since the geomagnetic effect occasionally associated with the 
disturbance is not easily recognizable per se it has been possible to 
describe the statistical characteristics of the type only recently. Np 
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attempt is made to predict the exact time of occurrence of a sudden 
ionospheric disturbance; only the probability of the occurrence of one 
on a given day, based upon established recurrence tendencies and the 
presence of areas on the visible side of the sun that are recognized as 
typical sources of the bright chromospheric eruptions that cause the 
disturbances, is predicted. In spite of their brief duration these dis¬ 
turbances cause considerable interference with radio traffic, particularly 
when operation is automatic. Ability to anticipate their occurrence is 
thus of considerable value, especially around times of maximum solar 
activity when they are most numerous. 

VIII. Sporadic E Reflections 

The elusive problems of sporadic E reflections, that is, occasional 
reflections from the E region at frequencies above the normal critical 
frequency of that region, have not been resolved by the accumulated 
data from the world-wide network of ionosphere stations. Because of 
differences in types of vertical incidence equipment in use and differences 
in their sensitivities, observations of sporadic E reflections at different 
stations are not readily comparable. Even at a single station, the diurnal, 
seasonal, and long-term variations in absorption together with changes in 
the performance of equipment confuse interpretation of the observations. 

All sporadic E reflections do not seem attributable to the same cause. 
Several main types are widely recognized. In equatorial regions reflec¬ 
tions from the E layer at frequencies above the E critical frequency are 
regular in their occurrence. The highest frequencies are reflected around 
noon. These reflections are ordinarily weak and the upper layers are 
not occulted. The reflections seem to result from the presence of a sharp 
boundary in the the E layer. Near the auroral zone strong reflections 
are frequently returned from the E region of sufficient strength to occult 
the upper layers. Many of these occurrences are associated with typical 
geomagnetic disturbances known as bays. In contrast with the equa¬ 
torial phenomena the frequency of occurrence in high latitudes is greatest 
at night. In temperate regions both types of sporadic E reflections occur 
and apparently some additional types besides. No correlation has been 
noted between occurrence of sporadic E reflections and magnetic activity 
in temperate regions. 

Assessment of the importance of sporadic E reflections to radio com¬ 
munication is difficult. Because of the highly local nature of the phe¬ 
nomena it is unlikely that ‘^two-hop^’ propagation solely by sporadic E 
reflections occurs frequently. However there are numerous cases of 
‘‘single-hop'' propagation which find their only plausible explanation in 
sporadic E reflections, and it is entirely likely that much of the propaga- 
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tion at frequencies in excess of the maximum usable frequencies of the 
normal layers occurs in this way. 

Considerable investigation has been carried out on the relative fre- 
quency of occurrence of sporadic E reflections on various radio frequencies 
at individual stations. Results from these studies are not subject to the 
same uncertainties as studies of seasonal, long-term, and geographic dis¬ 
tribution. For any given station for any season of the year the percent¬ 
age of time, P, that sporadic E reflections are obtained above a frequency 
/ is given approximately by 

log P - o — 6/ 

where a and h are constants dependent on the station and season. This 
relationship affords a basis for estimating the percentage of time that 
sporadic E reflections may be expected to support propagation of radio 
waves at frequencies in excess of the normal maximum usable frequencies. 
Since a is small the relationship may be represented approximately by 

/log (1/P) •» constant. 

IX. Absorption of Radio Waves 

Calculation of the field intensities of radio waves propagated over 
given paths rests to an even greater extent on actual communication 
experience than the selection of frequencies for use over the path. The 
practical communication engineer usually solves the problem of what 
power is required for operation of a circuit by having sufficient power 
available for use so that the strength of the received signals will be as 
great as is conceivably necessary. Such methods are obviously not eco¬ 
nomical from the individual operator’s viewpoint; nor efficient when 
considering the tremendous radio traffic which the ionosphere is called 
upon to support. Excessive use of power on one frequency to sustain 
communications over a given path creates interference for users of the 
same frequency over other paths, and thus imposes a pre-emptive limita¬ 
tion on use of the ionosphere. 

The reason for reliance on practical experience is due to the absence 
in the past of a satisfactory generalized basis for calculating absorption 
over long paths. The theory of absorption of electromagnetic radiation 
in ionized media is very complete but the application of this theory for 
the complicated conditions encountered in the ionosphere is difficult. 
Also, many of the parameters necessary for numerical calculation of the 
absorption over actual paths on the basis of the physical theory are not 
known. Attempts to evaluate these parameters by observing field 
strengths of various transmitters over various paths have been fraught 
with difficulties. One of the principal uncertainties is involved in vary- 
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ing modes* of propagation 6f the waves between transmitter and receiver 
which cause differences in absorption and in the angle of arrival, the latter 
involving differences in antenna response. The mode of propagation 
involved cannot be inferred except by elaborate experimental procedures 
at the receiver or transmitter, or detailed knowledge of the state of the 
ionosphere along the path. Similar difficulties are encountered in apply¬ 
ing available propagation information to the practical problems of radio 
communication. 

To attack the problems of ionospheric absorption more directly 
measurements of absorption at vertical, or near vertical, incidence have 
been undertaken on various frequencies. Two methods of measurement 
have been employed, one using the pulse technique and the other the 
cw technique. The former has the advantage of discriminating between 
reflections, partial or complete, from individual layers. The latter 
method is much simpler experimentally although the measurements are 
less simple of interpretation. If vertical incidence measurements of ion 
densities and heights of the various layers are aLo performed at the same 
station where absorption measurements are made, segregation of effects 
due to different layers can usually be accomplished. Such absorption 
measurements have been carried out for several years at Great Baddow, 
England (using the pulse technique), and at Washington, D. C. and 
several other localities (using the cw technique). Noon values of absorp¬ 
tion have been obtained by the British since 1935. Special experiments 
on absorption using the pulse technique have been carried out for very 
short periods of time at a number of other localities. 

Results obtained from these various investigations are not entirely 
in agreement, but the lengthier series of observations indicate clearly a 
number of important features regarding absorption. According to the 
simple theory of layer formation (in which the recombination coefficient 
is assumed to be invariant with height) the theoretical absorption of 
radio waves at vertical incidence should be proportional to cos^ x- Most 
of the data seem adequately fitted by cos x (see Fig. 5), although observa¬ 
tions on isolated days seem to call for a higher value of the exponent. 
These observations support the formulas which have been used for cal¬ 
culations of field intensity over long paths which involve a linear func¬ 
tion of cos X- Although intraseasonally at one station the observations 
may be systematized by a single cos x law, this may not be accomplished 
ipterseasonally. Distinct differences in absorption for the same values 
of cos X from one season to another have been revealed, the absorption 
during^ winter being greater on certain frequencies for an equal value of 
cos X- 

Effects of solar activity on absorption are revealed by observations 
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extending over a number of years. From a sunspot number of iero 'to a 
sunspot number of 100 the absorption index at vertical incidence increases 
about 70%. This increase parallels the increase in the normal diurnal 
variations in geomagnetism, as would be expected since the geomagnetic 
variations, like radio wave absorption, are believed to be dependent on 



COSINE OF SUN’S ZENITH ANGLE (COSX) 

Fig. 5. —Variation of the absorption index at vertical incidence at Washington as a 
function of the sun^s zenith angle. 

ion densities in the same region of the ionosphere. (See Fig. 6.) Thus 
the relationship between solar activity and absorption may be confidently 
generalized as applying not only for the period over which it has 
been observed but for past solar cycles as well. The close relationship 
between radio wave absorption and solar activity, as evidenced by sun¬ 
spots, is demonstrated by comparing the average absorption over 
sequences of days during which the sunspot number increased and then 
decreased. The pattern of change in sunspot number during such 
sequences also appears in the absorption data. 
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While the actual change with solar activity in the absorption index 
at vertical incidence is small, its significance with respect to received 
field intensity at vertical incidence is large, and at oblique incidence, 
even larger. Let us consider a radio wave which is reflected from the F 
layer and which has an absorption index of 1.00 at vertical incidence at 
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ANNUAL AVERAGE RELATIVE SUNSPOT NUMBERS 

Fig. 6.—Variation with sunspot number of absorption index (A) and range in 
quiet-day diurnal variation in magnetic declination (B) in the vicinity of Washing¬ 
ton, D. C. 

sunspot minimum. The equation relating field intensity to the absorp¬ 
tion index is 

E -^EoX 10’^ 

where Eo is the unabsorbed field intensity and A is the absorption index. 
Since the absorption index is the negative logarithm to the base 10 of a 
factor by which the field intensity in absence of absorption must be multi¬ 
plied to allow for the decrease due to absorption, a 70% increase in the 
absorption index corresponds to a fivefold (14 decibel) decrease in field 
intensity. If the angle of incidences of the radio waves on the ionosphere 
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is 60"^, then the path length through the absorbijag region will be twice as 
great and the absorption index will be doubled. Thus the absorption 
index over a path requiring an angle of 60^ for reflection will increase 
from 2.0 to 3.4 for an increase in sunspot number from zero to 100, and 
the received field intensity will be reduced 25-fold (28 decibels). It 
might seem, in view of the foregoing, that oblique incidence observations 
would afford a more sensitive measure of the effect of solar activity on 
radio wave absorption. However, oblique incidence measurements are 
subject to the numerous uncertainties previously mentioned with respect 
to mode of propagation, which renders the interpretation of them difficult. 

The belief that most ionospheric absorption occurs in the D region 
has had wide acceptance. However there are both theoretical and experi¬ 
mental reasons for supposing that if a radio wave penetrates the E layer, 
the absorption to which it is subjected in the E layer exceeds that to which 
it is subjected in the D region. The theoretical reasons for this is that 
the calculated product, Np {N is electron density; p electron collison 
frequency), upon which absorption depends, attains greater values in 
the E layer than in the D region. This involves an assumption regarding 
the level at which D region ionization becomes appreciable. Rocket 
sonde experiments indicate that this ionization does not become appre¬ 
ciable below 80 km. which is not contravened by radio observations. 
Using this height, the height and thickness of the E layer, as given in 
part by theory and in part by observations, and the values of electron 
density inferred from the radio observations, calculation of Np and its 
integrated value with respect to height is a straight-forward process. 

Direct experimental evidence that waves penetrating the E layer 
encounter their greatest absorption there is supplied by comparing the 
absorption at vertical incidence for different frequencies. Thus the 
absorption at Washington, D. C. measured during daylight hours of 2 Me 
emissions is much less than the absorption of 4 Me emissions when due 
allowance is made for the theoretical dependence of absorption on fre¬ 
quency. During the period when these measurements were obtained the 
2 Me emissions w^ere reflected from the lower part of the E layer and the 
4 Me emissions penetrated the E layer and were reflected by the FI or 
F2 layer. The difference in absorption can be quantitatively explained 
as a result of stronger absorption occurring in the E layer than in the 
D region. 

So far little effort has been made toward quantitatively calculating 
absorption at oblique incidence from the vertical incidence absorption 
data. Practical calculations are based largely on empirical formulas 
which involve little implication regarding the exact levels at which absorp¬ 
tion occurs. Vertical incidence studies have served to indicate how the 
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formulas must be varied to allow for changes in absorption with solar 
activity, seasonal changes, and similar effects. 

X. Radio Noise 

If a radio signal is received at a certain place with a certain intensity, 
free of interferences from other radio signals, the usefulness of that signal 
for conveying intelligence is determined by the strength of the radio noise 
which is received with it. This noise may be either natural or man made. 



Fig. 7.—^Latitude distribution of intensity of atmospheric radio noise at 5 Me during 
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Gr6od receiver desi^ can always keep the internal noise of the equipment 
suflSciently low so as to be of no consequence. Man-made noise can 
usually be eliminated by choice of the receiving site and other devices, 
leaving the natural radio noise as the only uncontrollable element. Thus 
the study of natural radio noise is a vital phase of propagation research. 

Thunderstorms are believed to be the major source of natural radio 
noise in the spectrum limits of waves propagated by the ionosphere, noise 
of cosmic or solar origin being of little consequence in comparison with 



night hours exceedec^ 90 % of time (I9h-21h, triaAgles; 23hrlh, crosses, 3h«5h, circles). 
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atmospheric noise. Thunderstorms in the immediate vicinity of the 
receiving site, while occasionally responsible for interruption of radio 
traffic, are, on the average, less important than the steady background of 
noise propagated by the ionosphere from distant sources. Thus it should 
be possible from knowledge of world-wide distribution of thunderstorms 
and ionosphere characteristics to predict the world-wide distributions of 
the intensity of radio noise. 

At the beginning of the war there were only a few series of radio noise 
measurements, and these, in most cases, of only short duration. The 
requirement for estimates of the intensity of radio noise in various parts 
of the world was met by the construction of noise charts based upon 
accepted distributions of thunderstorms and knowledge of propagation 
conditions. In the absence of direct experience these charts furnished 
some basis for anticipating conditions when new regions were entered. 

An observation program on radio noise was also launched and stations 
were established in many parts of the world using special equipment 
designed for the purpose. In some regions the observations agree closely 
with the conditions described by the charts, in others there are pro¬ 
nounced discrepancies. The reliance which can be placed on the obser¬ 
vations is diminished by the limiting sensitivity of the equipment which 
is unable to determine the lower limit of noise values in many cases. 

At most stations, atmospheric radio noise exhibits many similar 
characteristics. A pronounced diurnal variation is present nearly 
everywhere with lowest values around midday when noise being propa¬ 
gated from distant sources is strongly absorbed. On certain frequencies 
distinct increases in noise occur at the times and seasons when thunder¬ 
storms are prevalent for the region in which the noise station is located. 
Study of the night values of radio noise obtained by the network of noise 
stations, which are values upon which considerable reliance can be placed, 
show that the observed world-wide distribution of radio noise at this time 
is fitted better by assuming a linear decrease with increasing latitude 
than by the highly complex theoretical charts. (See Fig. 7.) A decrease 
in the night values of noise with increase in solar activity has also been 
noted, similar in magnitude to the increase in absorption with increase in 
solar activity. This may be attributable to the increased absorption of 
noise propagated from distant sources. 

XI. Reflections prom Meteor Trails 

Interest in effects of meteors on the ionosphere existed prior to the 
war, but research in the field lagged until the cessation of hostilities in 
Europe. The investigations received fresh stimulation through chance 
observations of meteor trails by radar operators during the war. During 



lOXOSPHBBXC BBSBABCH 


341 


the period when regular radar watches were no longer a prime necessity 
but the stations had not yet been de-activated, systematic watch was 
maintained for radar reflections from meteor trails and a large quantity 
of statistical data was compiled. Special investigations to inquire into 
the nature of the phenomena were undertaken. 

Two techniques are employed for study of reflections from meteo- 
trails, the observation of whistles and the observation of pulse reflecr 
tions. When a meteoric particle enters the atmosphere it is traveling 
at such a high velocity that it is capable of ionizing the molecules of the 
air. The ionization produced is so intense that for a short time it is 
capable of reflecting waves over a wide range of frequencies. If the 
emissions from a nearby radio station are being weakly received by ground 
wave, reflections from the meteoric ionization will produce interference 
with them. As the meteor shoots through the atmosphere the ray path 
to and from the advancing head of the column of ionization is subject 
to a change in length, giving a Doppler shift, which produces an audible 
frequency by interference. In case the direction and location of the 
meteor trail is such that the angles made by the incident and reflected 
rays to the trail are equal, the reflected signals are very strong. This is 
known as a burst.’’ If pulses are transmitted, instead of continuous 
waves, the time delay for receptions of the reflected pulse furnishes a 
direct measure of the distance to the ionized column. It has been sug¬ 
gested that pulse reflections are obtained only when conditions for a 
burst” are fulfilled but many pulse reflections observed indicate this 
is not generally true. In some cases the time-delay has been observed 
to decrease rapidly during the initial moments of reflection, indicating a 
velocity of approach comparable with meteoric velocities. Presumably 
such reflections are returned directly from the advancing head of the 
column as for the case when whistles are observed. 

The mechanism by which meteors produce ionization has not been 
established. Some ionization is probably produced by direct impact 
with the meteoric particle, some by collision with secondary high velocity 
particles, and some by photo-ionization. Geometric considerations sug¬ 
gest that the initial distribution of ion density in the column due to the 
second and third of these processes should be roughly proportional to the 
inverse distance from the axis of the column, outside of the small finite 
volume containing the axis, provided absorption of the ionizing agent is 
not too great. Decay of ion density probably results from two processes, 
diffusion, and recombination and attachment. Measurements of 
intensity and duration of reflection of radio pulses at various frequencies 
from the columns is thus a means for studying these processes in the 
ionosphere. 
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Reflections from meteor trails are obtained on frequencies in excess 
of 100 Me which indicates that sometimes columns of appreciable cross- 
section have ion densities as great as 10® ions/cc. The number of trails 
capable of producing reflections is greater for lower frequencies, and the 
duration of reflections is also greater on the lower frequencies, if equal 
radiated power and receiver sensitivity are used. The precise law relat¬ 
ing occurrence of reflections to the frequency of the emitted radiation has 
not been determined, but observations suggest that occurrence of reflec¬ 
tions is inversely proportional to a power of the frequency higher than 
the first power. The duration of the echoes varies from a fraction of a 
second to a minute or more. In a few cases where radio observations 
are supplemented by visual observations, the duration of echo appears 
to be proportional to the visual magnitude of the meteor. 

The possibility that sporadic E reflections are caused by meteors has 
been suggested. It is likely that many of the phenomena appearing on 
the multifrequency ionospheric records which are described as sporadic 
E may be caused by meteors Howwer, reflections from meteor trails do 
not exhibit the characteristics revealed by many of the types of sporadic 
E reflections. Persistent strong propagation over long distances at fre¬ 
quencies well above the prevailing maximum usable frequency is not a 
condition which would be expected to result from the relatively short¬ 
lived and confined ionized trails of meteors. One propagation effect 
associated with meteors is occasional propagation of emissions from fre¬ 
quency modulation broadcast stations, over distances beyond the ground 
range, by meteor trails. Such ‘‘bursts,’’ while often affording excellent 
reception momentarily, are of only very short duration. 

XII. High-Speed Multifrequency Recorder 

An outstanding development in equipment for ionospheric research 
occurred during the war. This is a high-speed multifrequency iono¬ 
spheric recorder capable of sweeping through the frequency range from 1 
Me to 20 Me in 7.5 seconds. Older automatic equipment requires from 
1 to 20 minutes to cover a shorter range. With this new device, it is 
possible to obtain “pictures” of the virtual height-frequency curves for 
the ionosphere in suflSciently rapid succession that they may be shown 
on a screen by a moving-picture projector. 

This new technique for studying the ionosphere has shown that many 
of the ionospheric changes occur with a rapidity which had not been 
anticipated from study of the more widely spaced older recordings. 
These effects are particularly pronounced during times of ionospheric 
disturbances. Also, the frequency sweep is now performed in a sufli- 
ciently short time that the record may be regarded as a fair representa- 
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tion of the instantaneous condition of the ionosphere at the time the 
record is made. When older methods of recording are used, appreciable 
changes sometimes occur in some layers of the ionosphere while the char¬ 
acteristics of other layers are being ascertained. 

XIII. Trends of Research 

While present trends in ionospheric research continue to place much 
emphasis on observational work, increased attention is being brought to 
the analysis and interpretation of the observations. Theoretical work 
during the war years suffered because of the lack of adequate observa¬ 
tional material and because of the more urgent demands for practical 
applications. 

The program of world-wide observation is being continued and 
extended to parts of the world that have previously been neglected. 
Particular attention is being given ionospheric research in very high lati¬ 
tudes where effects associated with the auroral zone render ionospheric 
problems much more complicated than they are in lower latitudes. Steps 
are being taken to bring procedures and techniques into coordination. 
Particular need for data on radio noise and absorption on a world-wide 
basis is recognized. In the interpretative aspects there exists a need for 
a scientific treatment of absorption phenomena and the development of a 
method for calculation of absorption without reliance on purely empirical 
formulas. This applies with great weight to absorption in the vicinity 
of the auroral zone, concerning which both scientific and empirical 
knowledge are extremely inadequate. Improved techniques for pre¬ 
dicting ionospheric disturbances and their effects on communication are 
being sought. 

Encompassing all, there is the need for a comprehensive theory of the 
ionosphere, its structure, and its variation, for observations during the 
war years have revealed an unsuspected complexity. This includes 
understanding of the physical properties and processes of the atmosphere, 
for the understanding of which the data obtained by rocket sondes and 
other technical developments of the war will prove of vital importance. 
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I. Introduction 

It has long been recognized in all systems of communications that a 
requirement for the reception of intelligence from a desired signal is that 
it must be strong enough to be detected m the presence of interference 
either from undesired communication signals or from noise originating 
in a variety of sources both internal and external to the receiving appara¬ 
tus. One type of interference to radio communications originating 
within the receiver is the random noise due to the fluctuation of electrons 
either in the resistance components of impedance elements or in vacuum 
tubes. 

A well recognized type of external interference originating in the 
earth^s atmosphere is the radio noise associated with the discharge of 
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lightning in thunderstorms and propagated to the receiving location over 
the surface of the earth and via the ionosphere. 

It has only been quite* recently that ever present energy in the form 
of external random noise was discovered to be arriving at the earth in all 
directions from outer space. It is this extraterrestrial radio frequency 
energy that has been termed ‘‘cosmicor by some recent experimenters 
‘‘galactic^' radio noise. The existence and extraterrestrial origin of this 
type of noise was first recognized by Karl Jansky of the Bell Telephone 
Laboratories in 1932 while he was measuring the directional properties of 
atmospheric noise at 14.6 meters (20.5 Me) at the Bell System Holmdel, 
N. J. Laboratories.^ Since noise is the factor which limits the detecta¬ 
bility of radio communication signals, it is important that the char¬ 
acteristics of cosmic noise be determined in regard to its directional 
properties, absolute magnitude, and frequency dependence. In addition, 
these determinations will undoubtedly provide valuable information 
regarding the nature of our universe. 

II. Jansky’s Measurements 

Jansky noticed that the average level of the background, hiss type of 
noise received at 20.6 Me changed as he rotated a highly directional 
receiving antenna. At first he thought that this change in received noise 
level was due to an unidentified carrier modulated by the noise in his 
receiver. However, after recordings were made over a short period of 
time, he noticed that the noise seemed to come from the direction of the 
sun. When the records made over a period of a year had been analyzed, 
it turned out that the direction of arrival of the maximum noise changed 
from month to month and at the end of a year had returned to approxi¬ 
mately the same position as at the start.^ This immediately suggested 
to him that the main source of this noise was not primarily the sun but 
that it originated elsewhere in outer space. Detailed analysis of the 
direction of arrival of the noise indicated the position of the apparent 
source of this noise as being in the region of the constellation Sagittarius, 
the approximate celestial coordinates of which are thought to be the 
center of our galaxy. The fact that the noise Jansky noticed appeared 
to come from the sun was merely a coincidence in that the sun happened 
to have approximately the same celestial coordinates as the center of the 
galaxy at the time of his original observations. The antenna used by 
Jansky was primarily directional in the horizontal plane and could be 
rotated through 360° of azimuth, having a beam width to half power 
response approximately 37° in height and 30° in azimuth. 

In 1937, further experiments were conducted by Jansky at 18 Me 
using a fixed rhombic antenna directed northeast and southwest, and at 
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9.3, 18, and 21.4 Me using half-wave dipole antennas having very broad 
directional characteristics over the sky.® These measurements gave 
further evidence pointing to the fact that radio frequency energy of 
extraterrestrial origin is arriving at the earth. With the half-wave 
dipole antennas, Jansky attempted to determine the way in which the 
cosmic noise varied with frequency; however, at the relatively low fre¬ 
quencies used, ionospheric absorption was an appreciable factor, being 
most noticeable at the lowest frequency, so that a conclusive frequency 
law was not obtained. 

III. Reber^s Early Measurements 

In 1940, Ch’ote Reber, working in his laboratory at his home in 
Wheaton, Ill., constructed a unique tuned-radio-frequency amplifier 
receiver, using acorn tubes and transmission line tuned circuits, for 
receiving cosmic radio noise at 160 Mc.^ Fig. 1 shows Roberts directional 
antenna or energy collector used for his measurements. It consists of a 
large parabolic sheet metal mirror with a half-wave dipole at the focal 
point. The dipole and receiver are mounted at the upper right edge of 
the photograph. The entire mirror was constructed on tracks which 
permitted rotation of the antenna in a north-south plane to any desired 
celestial declination angle almost down to his horizon at approximately 
— 32° celestial latitude. The normal daily rotation of the earth pro¬ 
vided the additional rotation necessary for observing the intensity of 
cosmic radio noise within his field of view. The directional character¬ 
istics of the antenna were such that it responded primarily to energy 
arriving in a narrow cone approximately 14° in diameter. This rela¬ 
tively narrow" beam w idth permitted plotting contours of constant cosmic 
radio noise level over that portion of the celestial sphere visible at 
Wheaton, Ill., thus locating the sources of cosmic noise in some detail. 
His results confirmed Jansky^s previous lower frequency observations 
that the main source of the noise w as in the region of the constellation 
Sagittarius at celestial coordinates of 17 hours 50 minutes right ascension 
and declination of —25°. Reber also located a secondary maximum in 
the region of the constellation Cygnus,® having previously deduced from 
observations of Friis and Feldman® that this maximum existed. The 
contour charts prepared from his measurements at 160 Me are showm 
in Fig. 2. 

Fig. 3 isa w^orld star map and show s the location of these constellations 
in the celestial sphere. The dashed line is the ecliptic or the apparent 
path of the sun in the celestial sphere. At the vernal equinox, approxi¬ 
mately March 21, the sun is at zero hours right ascension and 0° declina¬ 
tion. At the summer solstice, the sun is at 6 hours right ascension and 
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declination approximately +23 At the autumnal equinox, September 
21, the sun is at 12 hours right ascension and 0° declination, and at the 
winter solstice, December 21, at 18 hours right ascension and ~23|° 
declination. 



Fig. 1. —^Largc directional antenna used by Rebor to receive cosmic radio energy. 

(Courtesy of Grote Keber.) 


Jansky’s very first observations were made at approximately the 
winter solstice with the sun at the same celestial coordinates as Sagit¬ 
tarius so that the assumption that the extraterrestrial noise was of solar 
origin was an easy one to make. 

In 1943, Reber with his higher gain and more directive antenna did 
detect and record noise of solar origin in addition to the cosmic noise on 
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Fia. 3.—Navigational star chart. 









r7«'«rif' 


_.^ia5—v -=^ =•,-■.--i-- .,^.1 ■—JHfcBS;’SllEt^^SkidS \V\7 V 

' ^iJiMnHMiiik.'''«'ifM<viwi^'iK-ffliii«^S:nrnfi ^ udiHiaHsaih. ^ riiti. 




Mmmmmismmimt..2^^ 

wmmjiw^jrjm^MmmmM 

mmmamm iM»;»g^—■— -.— 


L^^^gBBggHBKKMMBiu,.Ti m>i{£i«tf$f>^-^aii 


finin 




jiismufii 
■ iMfiwirt t r 

- ■ -7 7/< /, 


Km\smT. -- . vml 

Tk\W’''''^'- .v '' wi 

P’^.uHiis^S SsaBsas^sgsss sss sssssL.'s. " irfigarni 


\ V 

■fcw ■' 

m\v 

—j.Wi 

aiiiiigiffi 

..ii/f!m _ ■ 

Jwn.ffrr - 



■r^mmm 
' MwMWiW 


h:*' -v:^ ■■« 


__w« «. ilM pm s m «|i~^ 

—Tfii ifiiiBgiiwriimnni ^ 

im jif^z/m/m ^f/jimm ■ i?»i • 
sgEW^/r »i/«F ■• v‘i^ ■“ - 


mssm 




i\Sl«. 

BWWl 




iwvagt Bsaa 

JS 

EMVmRilH_^ 

i^H -^tfwrp'mumniunn 


“im im T' 


'wibSHiM w \mm 

liiir? mi - 1 ml 

■ "■ f ^ ,r - ■ 



\ mxiMwu 




























354 


JACK W. HEBBSTBEIT 


160 Mc.^ A portion of his records taken around the winter solstice are 
shown in Fig. 4 and clearly illustrate the reason for Jansky^s first con¬ 
clusion. These charts were all made with the antenna pointed at a 
fixed declination angle, the rotation of the earth being responsible for the 
change in the area of the sky at which the antenna was pointed. Both 
right ascension and local times are shown on each chart. In the top 
chart, the first maximum occurred when the antenna was pointed at 
approximately 15 hours right ascension, the position of the sun along the 
ecliptic at that time. The second maximum was due to cosmic radio 
noise and occurred when the antenna was pointed toward the region of 
Sagittarius at 18 hours right ascension. As the year progressed, in other 
words as the sun moved along the ecliptic, the two maxima are seen to 
appear closer together and in the region of the winter solstice, they 
coincide as shown in the fourth chart. The succeeding charts show the 
sun moving out from the center of the large cosmic radio noise source as 
it moves further along the ecliptic. 

IV. Later Measurements 

In 1945, Hey, Parsons, and Phillips® measured the intensity of cosmic 
radio noise at 64 Me in England and prepared constant intensity con¬ 
tours of the noise which were similar to those plotted by Reber in 1944 
for 160 Me. These measurements were made with a small Yagi antenna 
array with a beam width to half power response approximately 12° wide 
in elevation and 30° in azimuth. The maximum of the beam was at a 
fixed elevation of 12° and could be rotated to any bearing. 

K. F. Sander of the Radar Research and Development Establish¬ 
ment in England measured the intensity of cosmic noise at 60 Me in the 
spring of 1945 using an antenna array consisting of four colinear hori¬ 
zontal half wave dipoles in front of a reflecting screen.® The antenna 
beam width was approximately 20° in azimuth and 30° in elevation, with 
the maximum response approximately 30° above the horizon. 

Also in 1945, L. A. Moxon of the Admiralty Signals Establishment in 
England made measurements of cosmic noise at 90 Me using modified 
radar equipment having an antenna with a beam width approximately 
45° wide at half power response.^® Contours of noise intensity over the 
sky were not plotted from either of these measurements; however, the 
diurnal patterns obtained were as would be expected from a major source 
in the Milky Way as found by the other investigators. The absolute 
values measured also are an aid in determining the frequency law of the 
noise. 

In 1946, using more directive antennas. Hey, Parsons, and Phillips 
reported^ observing the noise from a small area in the region of Cygnus 
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Fio. 5«—Contours of constant received cosmic radio noise plotted by Reber at 480 Me. (Courtesy of Grote Reber.) 
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to be of varying intensity as it rose and set through their antenna beam. 
The antenna used for these observations was approximately 12° in 
diameter with maximum response fixed at 12° above the horizon and 
variable in azimuth. 

In 1946 and 1947 Reber made a study of his visible sky at 480 Me 
using the same parabolic sheet metal mirror for collecting the cosmic 
radio energy as was used on 160 Me. At this much higher frequency the 
antenna, having the same area, had a narrower beam width, approxi¬ 
mately 5° in diameter, which provided a means for determining the 
source of the noise in still greater detail. The results of Rebers measure¬ 
ments on 480 Me are shown in Fig. 5. These data show two maxima 
in the region of Cygnus. 

V. The Point Source in Cygnus 

During a recent visit to the United States, J. L. Pawsey of the Radio 
Physics Laboratory, Sydney, Australia has described new experimental 
work being done by J. G. Bolton and G. J. Stanley in Australia on the 
small source of extraterrestrial noise in Cygnus. Observations were 
made on three frequencies between 60 and 200 Me using directional 
antennas located on cliff sites over-looking the sea. The resultant 
antenna directivity was an interference pattern consisting of a series of 
lobes with the maximum response occurring at angles above the horizon 
where the direct wave and the almost-perfectly-reflected wave from the 
surface of the sea arrived at the receiving antenna in phase. The source 
of noise was then observed as it rose over the horizon and passed through 
the lobes of the interference pattern. Using this method, the small 
source in Cygnus was determined to be less than about 8 minutes in 
diameter at 19 h 58' 47" ± 10" right ascension and 41° 47' ± 4' declina¬ 
tion. The received noise at the low frequency is found to be of varying 
intensity while at the higher frequency the variations are not observed. 
It has been suggested that ionospheric refraction and absorption, which 
would be expected to be most predominant at the lower frequencies, 
causes the observed variations in intensity just as atmospheric refraction 
causes twinkling of stars at light frequencies. Since Hey, Parsons, and 
Phillips observations of the source in Cygnus were made at a relatively 
low frequency this explanation may also apply to their results. The 
striking thing about these observations is that the apparent small source 
of the noise is from a very ordinary portion of the Milky Way in which 
no outstanding star source appears to exist. 

VI. National Bureau of Standards Measurements 

In the measurements outlined above, most of the research has been 
devoted to determining the spatial distribution of the sources of the 
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noise using antennas having a variety of directivity patterns on fre¬ 
quencies ranging from approximately 9 to 480 Me. Since different 
antenna patterns mean that different areas of the sky are being observed, 
these measurements do not provide comparable results as a function of 
frequency. 

At the present time the National Bureau of Standards, Washington, 
D. C. is in the process of implementing a program of measurement of the 
intensity and frequency distribution of cosmic radio noise from approxi¬ 
mately 25 to 160 Me. In making these measurements, use is being made 
of antennas with comparable directivities and calibrating methods that 
are as nearly identical as possible for the recorders on each of the various 



(a; (b) 


Fig 6—Half-wave dipole antenna directivity patterns at 25 Me: (a) over a 
perfect ground, (b) over ground of conductivity o- = 0 002 mhos/meter and dielectric 
constant e = 4. 

frequencies. Up to the present time, measurements have been made on 
the frequencies 25 and 110 Me using half-wave dipoles placed one-quarter 
wavelength above the ground. The directivity pattern of such an 
antenna over a perfectly conducting earth is a very broad elliptical cone 
approximately 100° w ide to half pow er response in the plane normal to the 
dipole, and 60° wide in the plane of the dipole. When placed above an 
imperfectly conducting earth, the space pattern is modified by ground 
absorption of a portion of the incident energy. Fig. 6 shows solid models 
of directivity patterns for a 25 Me horizontal half-wave dipole antenna 
receiving randomly polarized energy when located one-quarter wave¬ 
length above (a) a perfectly conducting earth and (b) ground with conduc¬ 
tivity of 0.002 mhos/meter and dielectric constant of 4. Measurements 
have been obtained using antennas of this type on 25 and 110 Me 
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which provide the basis for a preliminary quantitative estimate of a 
frequency law for cosmic noise. 


VII. Method of Measurement 


Before proceeding further with a discussion of these results, the 
method of measurement will be described. During the war, considerable 
progress was made in understanding the nature of the limitations on very 
high frequency (VHF) and ultra high frequency (UHF) receiver sensi¬ 
tivity arising from the presence of various random noise sources within 
the receiver, due to the fluctuation of electrons in the resistance com¬ 
ponents of impedance elements and in vacuum tubes. In connection 
with this work, methods have been devised for measuring the absolute 
level of this noise in a radio receiver and thereby determining the absolute 
sensitivity of the receiver, for in the absence of external noise, it is the 
receiver noise alone that the signal has to compete with in order that it 
may be detected. Cosmic radio noise has been observed to have the 
same general properties as the fluctuation noise in the receiver. In other 
words, when we listen with headphones to a sensitive receiver with its 
directional antenna first pointed at open sky and then turned toward a 
source of cosmic radio noise, what is heard is an apparent increase in the 
receiver noise. This being the case, the methods of measurement of 
receiver noise are applicable to the measurement of cosmic radio noise. 

The concept of ‘‘noise figureis now widely used as a measure of 
set noise and the absolute sensitivity of a radio receiver. To understand 
the meaning of the term “noise figure,” the concept of available power 
must first be appreciated. The available power from a voltage generator 
is the power that it would deliver to a load with resistance equal to the 
internal resistance of the generator or, in other words, the maximum 
power that can be obtained from the generator is that which it will 
deliver to a matched load. If a load of different impedance is sub¬ 
stituted, the actual power delivered would change, but since the genera¬ 
tor has not been touched, the available power is unaltered. This simple 
concept allows us to separate the effects of load impedance from the 
properties of the rest of the circuit. The noise figure WF of a receiver in 
terms of available powers is defined as the ratio of the available signal 
power at the input to kTB, the available noise power from the passive 
resistance of the dummy antenna, divided by available signal to noise 
ratio in the output of the receiver. 


TJf 


_ Available signal power at input/kTB _ 

Available signal power at output/Available noise power at output 


(1) 


where k == 1.37 X 10“** = Boltzmann's constant 

T = absolute temperature in degrees Kelvin (taken as 300®) 
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B = Effective noise band width of the receiver in cycles/second 
kTB = 4.11 X 10~®* watts for a dummy antenna at room tempera¬ 
ture {T = 300°) for a receiver noise band B — 1 cycle/second 
and represents the available noise power from the passive 
resistance of the dummy antenna. 

There exists available noise power in any resistance because of the random 
motion of the electrons in the resistance, the absolute value of the avail¬ 
able noise power being equal to kTB as derived by Nyquist in 1928.** 
Simply stated, the noise figure, UF, is the ratio of the signal-to-noise 
power ratio at the input divided by the signal-to-noise power ratio at the 
output. We see that if we have the same available signal-to-noise ratio 
at the output as we have at the input, we would have a noise figure of 1 



and a perfect receiver. In practice, the available signal-to-noise ratio 
at the output is lower than at the input because of noise added in the 
receiver and consequently the noise figure is greater than 1. At fre¬ 
quencies up to approximately 40 or 60 Me, receivers have been built 
with noise figures approaching 1. However, as the frequency is increased, 
it becomes more and more diflScult to achieve a low noise figure receiver. 
The variation of noise figure vs. frequency as measured for lighthouse 
tube radio frequency amplifiers in special low noise grounded grid circuits 
will be shown later. 

A method of measiuing the noise figure of a receiver by means of a 
tungsten filament diode noise current generator used as a signal generator 
is shown in Fig. 7. When a diode is operated such that the plate current 
is limited by the temperature of the cathode, it has been shown that the 
noise current squared flowing in the diode is equal to twice the electronic 
charge, e, in coulombs, times the plate current, I, in amperes times 
the bandwidth, B, in cycles/second. Then the available power from the 
diode generator may be shown to be equal to eIBR/2, where R is the 
diode load resistance in ohms. 
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In making the measurements the diode is first connected to the 
receiver as shown with the diode load impedance equal to the antenna 
transmission line impedance. The diode plate current is next adjusted 
by varying the filament voltage and temperature so that the output power 
of the receiver as measured on the power output meter is just double the 
power output obtained with zero diode current. When it is considered 
that the output noise power contributed by the diode is actually the 
signal power, it is seen that the output has been adjusted for a signal-to- 
noise ratio equal to one. From the definition of noise figure, it is seen 
that, having made the output signal-to-noise ratio equal to one, the noise 
figure is equal to the ratio of the available signal power at the input to 
kTB, This ratio becomes simply 19.3//2 at T = 300°K. w^hen the values 



Fig. 8.—Measurement of external noise. 


of c, k and T are substituted. The use of the diode noise source for 
measuring the receiver noise figure has the advantage that measurements 
of the receiver noise band width, B, are unnecessary. 

When the diode measurements are made of the noise figure of a 
receiver coupled to an actual receiving antenna of the same impedance 
as the diode load impedance used in the measurement of noise figure, 
then these measurements will determine an effective noise figure, NF'y 
which may be either larger or smaller than the noise figure measured 
with the diode and real resistance load; this difference is due to the 
external noise picked up by the antenna. It should be noted that a 
radiation resistance is not a real resistor and thus introduces no noise 
into the receiver except to the extent that it absorbs noise radiation from 
its surroundings. It is convenient to express the available noise power 
picked up by the antenna. Nay as equal to an external noise factor, ENy^^ 
times kTB: 

Na s EWkTB watts (T = 300°) (2) 

Thus the dimensionless external noise factor, 'ENy as defined by this 
relation, is a convenient measure of the external noise energy. “EN may 
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be determined by locating a calibrating diode right at the antenna 
terminals as illustrated in Fig. 8, and determining the effective noise 
figure NF^ at the antenna terminals using a similar procedure to that used 
for determining WF. Now, instead of determining the signal generator 
power to kTB power ratio at the antenna, the signal generator power to 



Fig. 9.—130 Me half-Wave dipole at Central Radio Propagation Laboratory, National 

Bureau of Standards. 

external noise p()\\or ratio is dcterinined. EN is then obtained from the 
following reflation: 

F\ =W - ^ + ^ (3) 

We see by this relation that the two measurable (juantities necessary to 
determine EN are WP and iVP'. This factor, EN, in effect gives the ratio 
of the effective noise temperature of the radiation resistance of the 
anti'iina to the temperature of the signal generator load resistance taken 
as 3()()°K. Idle factor Lr enters into the expression as an alloAvance for 
the reduction in the signal energy caused by the transmission line and 
antenna losses; in other w ords {NF/ljr) ife the receiver noise figure referred 
to the antenna terminals rather than to the receiver terminals. 

Fig. 9 show's a photograph of the antenna for 110 Me set up at the 
Sterling, Va., field station of tlie National Ihireaii of Standards w^here 
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measurements are being made. Two conductor air dielectric transmis¬ 
sion line with polystyrene spacers is used to couple the antenna to the 
receiver. The antenna is supported on a quarter-wave metal insulator 
as has been widely used in radar antennas. Calibration of the antenna 
and measurement of the effective noise figure EN' is accomplished by 
locating the calibrating diode right at the antenna terminals and using the 
radiation resistance of the antenna as the diode load resistance. Fila¬ 
ment and plate potentials for the diode are brought to the diode with 
leads through the metal tubes of the quarter-wav(' insulator. Fig. 10 
shows a close-up of a special experimental ultra high frecpiency diode 
for measuring the actual noise figure, NF/Lry while using a dummy resis¬ 
tor of the same impedance as the antenna for the diode load impedance. 



Fig. 10.—Very high frequency calibrating noise diode in place at antenna terminals. 


Now, being in a position to measure the effective noise figure NF' and the 
actual noise figure NF/Lr with a dummy resistance at 30()°K., we are able 
to determine the external noise factor, EN^ EN multiplied by 300 gives 
the effective absolute temperature of the radiation resistance of the 
antenna since, by definition, EN is simply the ratio of the available noise 
power of the antenna resistance to that of the dummy resistance at 300°. 
EN X kTB (T = 300°) gives the actual available re(‘eived noise ])()wer 
at the antenna terminal. It should be pointed out that the antenna 
resistance could be at zero degrees absolute and Na ecpinl to zero if the 
antenna looked only at cold empty space, and coidd be many times 300° 
if the antenna Avere beamed on a very hot object emitting radiation on 
the frequency to which the antenna and receiver are tuned, e.g., Sagit¬ 
tarius at the frequencies on which cosmic radio noise has been 
received. 

In all of these measurements, very sensitive receivers, that is, receivers 
with very low noise figures, are essential for appreciable deflection of a 
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recorder in making measurements of cosmic noise. One of the low noise 
figure circuits for a radio frequency amplifier is shown in Fig. 11. This 
is known, after its inventor, as the Wallman low noise circuit. It con¬ 
sists of a conventional cathode separation amplifier tube loaded by the 
relatively low impedance input circuit of the following grounded grid 



stage. Neutralization of the first tube, vhile not absolutely essential, 
lends to the stability of the stage and decreases the loading of the grid 
circuit of the first tube. By proper adjustment of the input circuit, a 
noise figure of approximately 3 at 110 IVIc has been obtained at the 
Bureau of Standards using a receiver employing two Wallman radio 



Fig. 12.—Very high frequency, low noise figure converter. 


frequency amplifier stages jireceding a triode converter with output on 
5 Me. Fig. 12 is a photograph of one of these converters for use in the 
cosmic radio noise program at the Bureau of Standards. At the right 
are the antenna connections followed from right to left by the two Wall- 
man Stages, conver((‘r and local oscillator. ('omnuucial high frequency 
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receivers with recording circuits installed provide the additional voltage 
gain necessary at an intermediate frequency to drive an Esterline Angus 
recorder. 


VIII. Results of Measurements 

Results of measurements made by H. V. Cottony, W. Q. Crichlow, 
J. W. Herbstreit, and J. R. Johler at the Central Radio Propagation 
Laboratory are given in Fig. 13. This shows the received external radio 
noise power as a function of time on several days in August, 1947 for the 
frequencies 25 and 110 Me. The external noise power is shown relative 
to kTB with the absolute temperature T = 300°. As the earth rotates, 
the cosmic radio noise increases and decreases in accordance with the 
part of outer space at which the antenna looks; the maximum cosmic 
radio noise occurs when the maximum response of the half-wave dipole 
is beamed in the general direction of the constellation Sagittarius. The 
solid curves shown are for the axis of the half-wave antenna oriented 
east-west so that the maximum response of the antenna beam is ih the 
north-south plane. The dashed line shown for 110 Me only is the exter¬ 
nal noise measured simultaneously on a half-wave antenna rotated 90° 
so that its maximum response is in the east-west plane. It may be seen 
that the solid lines for 25 and 110 Me move up and down togethey^and 
have the same general shape; however, the dashed line has a different 
characteristic shape, and a lesser maximum and higher minimum than 
for the east-west oriented antenna beamed more favorably on Sagittarius, 
the noisiest region in the Milky Way. Previous measurements made in 
June, 1947 with the same antenna as used to obtain the dashed curve 
shown are similar when compared at the same sidereal or star times. 

Also shown in these measurements is the occurrence of several short 
time bursts of very strong solar radiation which were also accompanied 
by what are commonly referred to as sudden ionosphere disturbances or 
SID^s.^^ These SID's manifest themselves on the high frequency bands 
as short period radio blackouts, on the daylight side of the earth, lasting 
a few minutes to possibly several hours. Two of these occurred during 
the measurements shown and both were accompanied by bursts of solar 
noise. The first occurred at 11:15 a.m. EST on August 23rd, a burst of 
solar noise occurring both on 25 and 110 Me at the onset. The back¬ 
ground level of cosmic radio noise did not change appreciably at 110 Me 
following the burst of solar noise; however, at 25 Me the background 
noise level dropped rapidly and recovered slowly indicating that a por¬ 
tion of the cosmic radio noise energy arriving at the earth was bekig 
absorbed at a low temperature before reaching the antenna. Jansky 
reported a similar occurrence while making his measurements in 1937.^ 
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Fig. 13. —External noise received on horizontal half wave dipoles and recorded at Sterling, Va. 
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The radio blackouts occurring during these SID^s are attributed to high 
ionospheric absorption which is undoubtedly the cause for the drop in 
external noise occurring only on 25 Me, the absorption in passing through 
the ionosphere being, as would be expected, comparatively negligible at 

no Me. 

The second SID shown on this figure occurred at 8:30 a.m. August 
24th and is somewhat different than the first in that the rapid drop in 
background external noise identified with high ionospheric absorption 
preceded the burst of solar noise by about minutes. Similar measure¬ 
ments made in England by Hey, Phillips, and Parsons have recently been 
reported. The reason for the observed delays is not presently under¬ 
stood. One possible explanation suggested by photographs of eruptions 
on the sun is that an eruption starting near the sun's disc emits ionizing 
radiation at the start of the SID. Only the optical portion (possibly in 
the ultraviolet region) of the energy escapes through the densely ionized 
atmosphere of the sun. In a period of minutes, the eruption expands to 
the lesser ionized outer portions of the sun's atmosphere, which would 
permit the escape of lower frequency radiation and thus permit the delay 
in the arrival of noise energy observed at the lower radio frequencies. 
It is clear that studies of this type will be a very useful tool for investigat¬ 
ing the connection between solar radiation and our ionosphere. 

IX. Analysis in Terms of External Noise Factors 

Fig. 14 shows the effective noise figures for receivers, including the 
effects of cosmic, ground, and receiver noise using horizontal half-wave 
receiving antennas one-quarter wavelength above the ground. The 
circled points at 25 and 110 Me are the measured maximum and minimum 
values of external noise, ENj at these frequencies. The received energy 
at the antenna is made up of direct and ground reflected waves, and since 
the ground is an imperfect reflector, a portion of the energy from the sky 
is absorbed in the ground in the form of heat and reradiated to the 
antenna at the temperature of the ground or 300°K. The resultant 
noise of the antenna is thus made up of two components, the incident 
energy from the sky and the portion radiated by the ground. The 
dashed line at the bottom of the figure gives the calculated noise radiated 
from the ground at a temperature of 300®. The ground external noise 
factor is actually the portion of the total received energy that comes 
from the ground. The portion received from the sky at the actual sky 
temperature is equal to one minus the portion received from the ground. 
At frequencies less than approximately 200 Me the effective temperature 
of the cosmic radio noise incident on the earth is in general greater than 
the temperature of the earth. When the energy from the two sources 
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Fig. 14.—Effective noise figures for receivers including effects of cosmic, ground, 
and receiver noise using half-wave receiving antennas one-quarter wavelength above 
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are added together in the proper proportion, the resultant external noise 
factor, EN, lies along the solid lines through the circled points and merges 
into the ground radiation curve at the higher frequencies. The points 
denoted by X just above the circles at 25 and 110 Me are the values of 
EW calculated by removing the contribution of the ground from the 
measured values of EN. The two dashed lines running diagonally down 
the figure represent an estimate of the way in which the maximum and 
minimum cosmic radio noise received from the sky varies with frequency, 
the slope of these curves being —2.41, the exponent in the assumed fre¬ 
quency law. As previously mentioned, the solid lines through the 
circled points, which merge into the ground radiation curve, give the 
combined external noise from cosmic sources and the ground as a function 
of frequency as received on a half-wave antenna one-quarter wave above 
an imperfect ground. These curves have been extrapolated down from 
26 Me to 10 Me as indicated by the dashed portion of the curves neglect¬ 
ing the effects of ionosphere absorption, which in undoubtedly con¬ 
siderable at 10 Me, at least in the daytime during the present period of 
wery high sunspot activity. 

Also shown in this figure is the variation with frequency of the receiver 
noise figure, "NFf for a GL44G lighthouse amplifier in a grounded grid 
circuit. The effective noise figure, WF', which results from the com¬ 
bination of all the factors, cosmic, ground, and this particular receiver 
noise, assuming a nominal transmission line loss, is also given for maxi¬ 
mum and minimum cosmic radio noise conditions. 

It is clear from the figure that at frequencies below approximately 
100 Me external cosmic radio noise is the prime factor which determines 
the minimum usable field intensity for a communication service, when 
using half-wave antennas a quarter wavelength above the ground with 
receivers of current design. Above approximately 100 Me the current 
receiver sensitivity determines the minimum usable field intensity. The 
difference between NF' and EN gives the improvement possible with 
better receiver design as a function of frequency. Thus at 1000 Me, it 
may be seen that an improvement of signal-to-noise ratio of approxi¬ 
mately 24 times may be obtained with an ideal receiver where at 10 Me 
improvement of receiver sensitivity will give no appreciable improve¬ 
ment. With very low noise figure receivers, further improvement may 
also be obtained at the higher frequencies with directional antennas which 
discriminate against the noise radiation from the ground. The use of 
directional antennas will provide an improvement in signal-to-noise ratio 
at the lower frequencies when receiving from directions from which little 
cosmic radio noise is arriving. 
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X. Field Intensities Required fob Communication Services 

In connection with the discussion of required field intensities for 
frequency modulation broadcasting given by Norton (see page 387) the 
effective noise figures shown in Fig. 14 have been translated into field 
intensities required for satisfactory FM broadcast reception; these 
required field intensities are shown as a function of frequency in Fig. 4, 
page 389. These curves may also be used to determine the required field 
intensity for other communication services by applying the appropriate 
bandwidth and signal-to-noise ratio factors as indicated in the figure. 

XI. Effective Temperature Concept 

If we consider the antenna radiation resistance to be in effective 
black body thermal equilibrium with the objects at which it is looking, 
and we know the gain of the antenna in all directions from which effective 
thermal radiation of temperature T is being received, then in accordance 
with this concept we may compute the effective temperature of the radia¬ 
tion resistance Ta as being equal to the mean temperature weighted in 
various directions in accordance with the antenna gain G. This relation 
is expressed mathematically as a surface integral thus: 

r. = 300 M - ^ j T(.e, 4 ,)-G(. 0 ,<t>)do, (4) 

where Ti9,<t>) is the absolute temperature of the material in space as 
properly weighted and averaged with respect to distance along the beam 
in an elementary solid angle dw centered about the direction $,<!>. G(d,<t>) 
is the gain of the antenna in the direction d,4>. The proper method of 
determining the effective value of may be seen most readily from 

the reciprocal problem in which energy radiated from the antenna is 
absorbed as it is propagated from the antenna out to a distance such that 
it is completely absorbed, and remembering that good absorbers are 
correspondingly good radiators. The following artificial example will 
serve to clarify the problem. If one-third of the total energy radiated 
in the elementary solid angle du centered on the direction d,4> were 
absorbed in a gas of uniform absolute temperature of 300° extending 
from 0 to 1000 miles from the antenna, another one-third absorbed in a 
gas of uniform absolute temperature 30° extending from 1000 to 1250 
miles, and the final one-third of the energy absorbed in a black body at 
the distance 1250 miles with a surface temperature of 600°, then T{0,4>) 
for that direction would be equal to 4(300 -k 30 600) = 310° absolute. 

The definition of Ta as given by eq. (4), and as explained above, arises 
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from the principle of detailed balancing in statistical mechanics, accord¬ 
ing to which in thermal equilibrium each infinitesimal process must be 
balanced by its inverse process. Thus, since Ta has been confined 
by definition to refer only to temperature noise arising from fluctuations 
in the matter surrounding the antenna, and since the radiation resistance 
of the antenna must be in thermal equilibrium with its surroundings, it 
is only necessary to apply the principle of detailed balancing of absorption 
and radiation processes to the matter in each part of the space sur¬ 
rounding the antenna and to assume that G{dy<t>) is the same for transmis¬ 
sion and reception in order to derive eq. (4). It should be noted that, 
when T{6j<l>) equals a constant value Te in all directions, then Ta will 
simply be equal to Te since the constant Tc may then be taken from under 
the integral signs and the integral is, by definition of simply equal 

to 4x. On the other hand, for a high-gain antenna, if T\By4>) has a very 
large value Tc over the effective beam of the antenna and a very small 
value in other directions, then Ta will again be nearly equal to Tc since 
the contributions to the integral for directions B and </> far removed from 
the maximum of the antenna will be negligible. Measurements in the 
ultra-high-frequency band of the effective noise temperatures of antennas 
beamed on the open sky are of the order of 10° absolute, corresponding to 
the very low value of EN = 0.033. When these antenna beams are 
directed horizontally along the ground, a small part, say one-tenth of the 
energy which could be transmitted from such an antenna would be 
absorbed in the ground, and, since the earth is at a temperature approxi¬ 
mating 300°, the effective noise temperature of such an antenna used for 
reception and directed horizontally along the ground would be equal to 
Ta == {-Tt) 300 + (■^)10 = 39° corresponding to a value of EN = 0.13. 
In the future, w^hen receivers with very low noise figures become available 
in the ultra-high-frequency band, it may turn out to be desirable to 
discriminate against the ground-reflected wave in order to reduce the 
received noise. 

XII. Distribution of the Intensity of the Noise Sources with 
Direction and Frequency 

The use of the temperature concept outlined above implies that the 
radiation is thermal radiation following the well known black body radia¬ 
tion laws; whereas, actually the incident energy may be the resultant 
of a large number of discrete point sources of electromagnetic radiation 
not following black body radiation laws from stars such as our sun, or in 
interstellar space. 

To better investigate this possibility and to evaluate results obtained 
with various antenna patterns located at various points on the earth, we 
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will let Ii0,4>) denote the intensity of the incident noise radiation from 
the direction 0,^ expressed in watts/sq. m./steradian as received in a 1 
cycle band. The coordinate system has been chosen so that $ is the 
elevation angle and ^ the azimuth angle with respect to the earth, as 
illustrated in Fig. 15. If we multiply the intensity by the effec¬ 

tive absorbing area, A{0,<l>), and by the differential element of solid 



Fig. 15.—Noise energy arriving at antenna from directions 0f<t> and —0,^. 

angle, doj, and then integrate over the entire antenna pattern, we obtain 
the total noise power, Nai picked up by the antenna: 

J A{0,<i>)d(a watts in a 1 cycle band (6) 

It is to be understood in the above expression that the absorbing area, 
A{6j<t>), is for a particular orientation of the antenna with respect to the 
earth and therefore Na also corresponds to this particular antenna orienta¬ 
tion. In other words, the noise power received with a directional 
antenna will depend upon the orientation of the antenna structure with 
respect to the earth. Furthermore, since cosmic radio noise originates 
in sources with fixed directions in the celestial sphere, the celestial coordi¬ 
nates of which change with time with respect to the point of observation 
on the earth, /(^,<^) will be a function of latitude and local time of the 
observer; consequently Na will also vary with the latitude and local time 
of the observer. 

From the above discussion it is seen that at least three independently 
varying coordinate systems are involved in the determination of Na- The 
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one is the coordinate system we have chosen, which is fixed with regard 
to the observers location on the earth’s surface; a second is a system 
fixed with respect to the antenna pattern; and a third is the celestial 
coordinate system determining the locations of the cosmic noise sources. 
The evaluation of eq. (5) for a particular observer located at a particular 
point on the earth at a particular time, and employing an antenna 
oriented in a particular manner, can be made only by transforming the 
celestial coordinates for the noise sources into an expression for/(^,<^) 
and the antenna pattern coordinates into an expression for so far 

only graphical methods have been used for the evaluation of the integral. 

The effective absorbing area of any antenna may be expressed in 
terms of the gain of the antenna relative to an isotropic (omnidirectional) 
antenna by the following fundamental relation: 

A(e,0) = sq. m. (6) 

In the above X is the wavelength expressed in meters. 

Substituting in the integral of eq. (5) we obtain the received noise 
power for a particular time and antenna orientation: 

iVo = ~ ^ Iidf<t))G(df<p)dcj watts in a 1 cycle band (7) 

Since any receiving antenna has a mean absorbing area equal to 
X^/47r when averaged over all directions in space, we may divide both 
sides of the above equation by X^/47r and obtain an expression for the 
measured intensity of the incident radiation weighted in various direc¬ 
tions in accordance with the antenna gain G. This measured incident 
radiation will be designated by M thus: 

M s watts/sq. m. for a 1 cycle band (8) 

In particular it should be noted that in a hypothetical case in which it 
is assumed that the incident noise is constant in all directions, e.g., 
= /o, this constant value may be removed from the integral and 
the resulting integral is then, by definition, simply equal to 47r so that: 

M =* —g ** ~ 47r/o (For noise arriving uniformly from all directions) (9) 

In the general case, eq. (8) includes all of the noise energy arriving at 
the antenna from all directions, i.e., the cosmic noise radiation arriving 
from the hemisphere above the antenna, from the hemisphere below the 
antenna after being reflected from the surface of the earth, as well as the 
thermal radiation from the imperfectly reflecting earth also in the lower 
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hemisphere. A physical representation of these components is shown 
in Fig. 15. To further illustrate this, we will divide eq. (8) explicitly into 
the three components representing: (1) the portion of the incident radia¬ 
tion arriving at the antenna directly from the direction ^,0, (2) the por¬ 
tion of the incident radiation reflected from the ground and arriving at 
the antenna from the direction —Sy<t>, this component must be combined 
with the direct radiation with the appropriate magnitude and phase as 
determined by the gain of the antenna in the direction — its height, 
h, above the ground and the ground reflection coefficient, R{6,<l>)y and 
finally (3) the portion of the thermal radiation received from the imper¬ 
fectly reflecting ground at the temperature Tg, When eq. (8) is divided 
in this manner we have: 


(1) Direct radia- (2) Ground-reflected radia¬ 
tion term tion term 

IT 

M = me, 

(3) Ground radiation term 

+ G(-0,0)f(9>ifc7’,S/XM cos 0dBdit> (B » 1) (10) 

In the above 2h sin d/\ is the path length difference, expressed in wave¬ 
lengths, between the direct and ground-reflected waves and/(0,<^) is the 
fraction absorbed in the ground of the total radiation striking the ground 
from the direction By<t>. The element of solid angle, dw, expressed in 
terms of the angles 6 and <^, is equal to cos 6dBd<t>- The integration while 
taken only over a hemisphere, includes the total radiation arriving at the 
antenna from all directions. The portion of eq. (10) inside the absolute 
magnitude brackets is the expression for the directional pattern of the 
antenna for receiving cosmic noise; the solid models of antenna direc¬ 
tivity shown in Fig. 0 were obtained by evaluating \[G^{By<f>) + G^{ — By<t>) 
for half-wave dipoles one-quarter wavelength above 
(a) a perfect ground and (b) an imperfect ground. With a perfectly 
conducting ground, R{By(l>) is —1 and/(^,<;>) is zero. 

It is interesting to consider the case of a directional antenna having a 
maximum gain, Gmj which is taken as constant over the angular area. 
Aw, of its beam where, by definition, we will take: 


AW = ^ steradians 


( 11 ) 


In practice Aw is approximately equal to the angular area of the beam at 
half-wave power response.^® For these considerations, it is convenient 
to express the integral in eq. (8) as two terms, the first corresponding to 
integration over the major lobe of the beam, Aw, and the second being the 
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integral over the remainder of the antenna pattern. Then M may be 
written: 


In the above equation l(0,4t)(Aa) and denote appropriate 

weighted mean values of I{6,4) averaged respectively over the main beam 
Aw and over the remainder of the pattern 4ir — Aw. Now consider the 
integral 






(13) 


where Gm is the maximum gain of the antenna. This integral may be 
added and subtracted from the right hand side of eq. (12) without 
changing its value and we obtain 

M ■» t(df4>)AuOm^<ti + j lG(6f4>) — Gm]d(a 

+ 5T5^4x-a« f f G{6,4>)d<a (14) 

Since (?«Aa) = 4ir by definition, we see that /(^,^)a« is numerically equal 
to M/^tt (when expressed as incident noise energy per steradian) if we. 
neglect the two small correction terms involving the integrals; these are 
negligible, however, only for high gain antennas for which Aw is small and 
we have in general: 

^(^,<^!)aw “ i{^i<t>)(Au) j [GiBytf)) Gif^do) 


In an effort to determine the frequency law of cosmic radio noise, 
there is shown in Fig. 16 the results of measurements made by several 
observers of the maximum received cosmic radio noise. In each case 
these maxima were observed when the maximum of the antenna beam 
was pointed approximately in the direction of the constellation Sagit¬ 
tarius and thus constitute an average of the noise from this direction plus 
that from other sources in the vicinity. 

The circled values plotted are the measured values of the mean 
incident noise/steradian, M/^t, which were obtainable directly from the 
measured antenna noise power, Nat received in a 1 cycle band simply by 
dividing by the wavelength, X, squared. According to eq. (13), these 
values of M are also very nearly equal to the incident noise power, 
I{fi,4^A»y averaged over the area of the antenna beam Aw. In the case 
of the half-wave dipole measurements, however, the correction terms are 
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not negligible; thus, for the National Bureau of Standards measurements 
appropriate corrections have been applied which yield the estimates of 
represented by the crossed points at 25 and 110 Me. The solid 
line through these estimates of has a slope of — 0-41 which is 

believed to represent the best presently available estimate of the expected 
variation with frequency for the intensity of the incident cosmic radio 
noise energy when expressed as a power law. It appears likely by Fig. 16 
that, if Jansky^s 1937 half-wave dipole measurements had been similarly 
corrected for ground absorption, they would have further substantiated 
this law. In the case of the other measurements, since the values of Aw 
10 - 
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Fig. 16.—Maximum received cosmic radio noise/sq. wavelength/steradian. 

are different, an average over variable amounts of the sky is involved so 
that they would not be expected to yield the correct frequency law. 
However, since for these measurements the values of Aco are all smaller 
than for the half-wave dipole measurements, they provide a more nearly 
correct estimate of the true maximum value of I{6,<l>), The values of 
Aco shown in the figure have been computed from eq. (11); the values of 
Gm were calculated from the physical dimensions of the arrays using the 
empirical relations given by Alford and Clarke.^® Gm for the half-wave 
antenna over the ground was taken to be simply twice the maximum gain 
in free space, with no allowance for imperfect ground reflection. 

XIII. Intensity from Small Noise Sources 

If is negligible for all directions except those corresponding to 

the direction of a small source of area Ac«>«, then for such a small source in 
the direction 0,0 we obtain by integrating eq. (8) over Aw, 

Af « i (0,0)Awt X X Aft), watts/sq. m. in a 1 cycle band (Aoi, < A«) (16) 
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In terms of the effective temperature, T„ of a black body source of 
area Aw„ the incident noise power may be expressed, according to 
Rayleigh-Jean’s law, as 

^ (B = 1) (17) 

When the above is substituted in eq. (16) we obtain for the expected 
value of the measured incident noise: 

G{B^^)'A(i3s'hT sB 4.4. / • 1 1 J 

M = ^ -watts/sq. m. in a 1 cycle band [( 

XIV. Observed Intensity of Radio Frequency Radiation from 

THE Sun 

For some time considerable interest has been shown in measurements 
of radio frequency radiation from the sun. However, when the intensity 
of the radiation to be expected from the area of the sun (Aco« = 6.8 X 10“® 
steradians) in terms of black body radiation at its optical surface tem¬ 
perature of 6000°K. is considered as given by eq. (17), extremely high 
gain antennas are necessary before the power received from the sun at 
radio frequencies is detectable in the presence of receiver noise. 

The first published measurements of solar radio frequency noise 
radiation were those of Reber at 160 Mc.^ /(0,0)Aaj8 determined from 
his results by using eq. (16) is approximately 350 times the expected 
black body radiation at this frequency for the sun at 6000°K. In 
making this determination the value of G was calculated from the actual 
physical area of Roberts antenna using the empirical relation given by 
Alford and Clarke^®; Aw« was taken to be equal to the value observed 
visually at optical frequencies, i.e., 6.8 X 10~^ steradians. 

Pawsey, Payne-Scott, and McCready in Australia have measured the 
quiescent average power radiated by the sun at 200 Me to be approxi¬ 
mately 170 times the expected value. The (luiescent effective inten¬ 
sity^^ of the sun is mentioned to distinguish it from large bursts of noise 
from the sun, which arc associated with bright chromospheric eruptions 
and the general increase in solar noise which accompanies large groups 
of spots on the sun. During these bursts, enhanced radiation 6 million 
times the expected black body radiation has been observed at 45 Mc.^* 

South worth at the Bell Telephone Laboratories has measured solar 
radiation in the frequency range from 3000 to 24000 Me and has found 
the radiation to be approximately 5 times the expected 6000°K. value 
at 3000 and 10000 Me, but only ^ of this expected value at 24000 Me, 
neglecting atmospheric absorption effects.^® Dicke and Beringer 
reported measurements, including an atmospheric absorption correction. 
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which correspond to 1| times the expected value at 24000 Me.*® The 
results of these measurements of the quiescent radiation from the sun 
are shown in Fig. 17 together with the radiation to be expected from a 
black body with the visual area of the sun at an absolute temperature of 
6000°K. 
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Fig. 17. —Measurements of radio frequency solar noise energy received in one polariza¬ 
tion from the quiet sun. 


To determine more accurately the source of the intense noise radiation 
from the sun at radio frequencies, the Australian experimenters have 
used, at 200 Me, the method illustrated in Fig. 18.^^ This same method 
is being used to investigate the small source of cosmic radio noise in 
Cygnus. A directional antenna with a high gain was located on a cliff 
overlooking the sea to the east so that the interference pattern of the 
antenna caused by the combination of the direct and ground reflected 
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waves was a series of lobes as shown. The antenna lobes were spaced by 
4®, which happens also to be the angle subtended by the sun. Under 
these conditions, if the radiated noise energy were spread out over the 
entire surface of the sun, very little change in receiver output would be 
noticed after the sun rose and was passing through the lobe structure, 
since the measured integrated intensity, weighted in accordance with the 
antenna gain, would be approximately constant. However, when the 
sun rose, especially when a large sunspot was on the sun, the receiver 
output was not constant but a series of maxima and minima were observed 
corresponding to the antenna lobe pattern. In other words, when a spot 
was in a position corresponding to a maximum in the antenna lobe 
pattern, a maximum noise output was obtained and when it was in a null, 



Fia. 18.—Australian method for resolving the source of sun noise. 


a minimum was obtained. An analysis of the time of occurrence of these 
maxima and minima together with their amplitudes indicated that the 
noise was coming primarily from the direction of an individual sunspot 
or group of sunspots on the sim. In passing, it may be mentioned that 
information on the total refraction of these radio waves in passing through 
the earth's atmosphere has also been obtained from these measurements 
on the sun. 

XV. Polarization of Extraterrestrial Radiation 

Observations of cosmic radio noise made up to the present time have 
not indicated that the incident noise energy has any systematic polariza¬ 
tion (plane, circular, or elliptical) but that it is apparently randomly 
polarized. Consequently, observations have in general been made, 
and the preceding analysis has been given for the intensity of radiation 
incident upon an antenna sensitive to only one type of polarization. The 
form of the Rayleigh Jeans law given in eq. (17) also gives the intensity 
of the energy received in only one type of polarization. With randomly 



C081iaO BADIO NOISE 379 

polarized waves, the total incident energy will be twice the energy 
received with only one type of polarization. 

XVI. Origin op Cosmic Radio Noise 

The possible origin of cosmic radio noise has been a subject of much 
speculation. Two main schools of thought exist on the subject today. 
One is that the incident cosmic radio noise energy results from intense 
noise radiation from eruptions on all of the stars in the universe similar 
to those associated with sunspot eruptions observed on the sun.** The 
other is that the noise originates in the extremely dilute matter occupying 
the very extensive space between the stars and arises from the random 
collisions of ionized electrons and matter existing there. 

Greenstein, Henyey, and Keenan** have argued that the density of 
stars is not nearly great enough to account for the radiation in terms of 
the radiation associated with sunspot eruptions similar to those observed 
on the sun. 

Townes*^ of Bell Telephone Laboratories has prepared the most 
recent review on this subject. He applies Kramers^** classical derivation 
for the continuous x-ray emission produced by bombarding nuclei with 
electrons to the assumed density and effective temperature of electrons 
in interstellar space to obtain the expected radiation. He points out 
that it is difficult to explain the observed radiation by this mechanism 
alone unless unusually high temperatures of the order of 100,000®K. are 
assumed to exist in interstellar space, having an electron density of 1/cc., 
whereas the generally accepted conditions of temperature are 10000®K. 
at a density of 1/cc. Townes also points out that Kramers* theory 
predicts that the intensity I{B^4>) will be independent of frequency at 
sufficiently high frequencies, and will vary as the square of the frequency 
at low frequencies. The National Bureau of Standards measurements, 
however, indicate that the intensity of the incident radiation decreases 
with frequency, at least in the 25 to 110 Me range. 

It is probable that both mechanisms mentioned above and possibly 
some others not as yet considered are responsible for the observed cosmic 
radio noise and at this point, the reader is referred to another recent 
summary** and his own imagination. 

The fact that cosmic and solar radio noise is arriving at the earth 
with sufficient intensity to determine the lowest usable field intensities 
for radio communication services throughout a wide band of frequencies 
is now well established. It is extremely difficult to say just what other 
direct effects this relatively newly discovered phenomena may have on 
ourselves. However, it is clear that an entirely new approach to the 
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workings of the sun and the universe is open for investigation through 
the study of cosmic and solar noise. 
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I. Introduction 

Frequency modulation broadcasting is now a reality in dozens of 
communities throughout the United States. Within another year, the 
number of FM broadcasting stations actually operating will probably 
exceed the number of AM broadcasting stations w’^hich were operating 
before the war. The experience so far w ith this new broadcasting serv¬ 
ice has been very favorable. FM was expected to be superior to AM for 
broadcasting in two major respects: a greater potential audio frequency 
range of transmission and a greater potential volume range of transmis¬ 
sion due to a greater freedom from radio noise and interference from other 
radio stations. The potentially greater audio frequency range has been 
realized to a great extent already, and many additional improvements in 
this direction may be expected in the near future in view of the extensive 
work now in progress on audio frequency amplifiers and loud speakers. 
The potentially greater volume range of transmission with FM is due 
largely to the differences in the propagation in the FM and in the standard 
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AM broadcast bands. These propagation factors are the subject of this 
paper. 

In the first place, it is important to emphasize that it is not enough 
for FM to be a slightly better broadcasting service. It must provide a 
very greatly improved service. Otherwise, the public can scarcely be 
expected to support it. For this reason, the Federal Communications 
Commission has in the past taken the view that the standards of good 
engineering practice must be very much higher for this new service. 
In particular, interference from other AM broadcasting stations is con¬ 
sidered serious if it exists for more than 10% of the time while the corre¬ 
sponding tolerance with FM is only 1%. Using this higher standard, 
a discussion will be given of some of the things now known about FM 
broadcast propagation and mention made of some of the unsolved prob¬ 
lems to the solution of which future research might well be directed. 

II. The Interference Due to Long Distance Ionospheric 

Propagation 

It is a popular belief that propagation on the frequencies used for FM 
broadcasting is limited in range approximately to line-of-sight distances, 
and consequently to much shorter distances than in the AM broadcast 
band where the propagation is characterized by surface waves which 
follow the curved surface of the earth to distances well beyond the line- 
of-sight. This is true to the extent that high powered stations on clear 
channels are available for AM broadcasting but, in practice, several sta¬ 
tions are permitted to operate simultaneously on most of the AM chan¬ 
nels. The result is that the effective range of each such station is 
drastically reduced by mutual interference between the several stations 
occurring at night when conditions for long distance ionospheric trans¬ 
mission are favorable. A good example of this difference in propagation 
in the AM and FM broadcast bands is available at the author^s home in 
Washington, D. C. Radio Broadcast Station WING in Winchester, 
Va., a distance of about 50 miles from Washington, broadcasts the same 
programs on AM and FM. The FM broadcasts are satisfactory both 
day and night but the AM broadcasts are usable only in the daytime and 
frequently suffer such intolerable interference at night that the program 
cannot even be identified. Thus, the FM station provides service for 
more than 99% of the time at my home while the AM station fails to 
provide even a 90% service at distances greater than a few miles. Thus, 
it turns out that stations operating in the FM broadcast band should 
ordinarily be able to cover much larger areas than stations operating in 
the AM broadcast band, except in those cases where the AM stations 
enjoy the privilege of operating on a clear channel. The reason for the 



l>BOPAOATION IN THB FM BBOADCAST BAND 


383 



0 20 40 60 80 100 120 140 180 180 

SMOOTHED ZURICH SUNSPOT NUMBER 

Fig. 1. —Correlation of the median Washington noon maximum usable frequency for November with the smoothed sun¬ 
spot number. (Courtesy of Q.S.T. Magazme.) 
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superiority of the FM frequency band in this case is the fact that the 
ionosphere will not support transmission on the VHF frequencies 88-108 
Me now in use for FM broadcasting. When the frequency of transmitted 
radio waves is increased continuously, a maximum frequency is finally 
reached above which the ionosphere no longer refiects the waves back to 
the earth; this maximum frequency is known as the maximum usable 
frequency and it is known to depend upon many factors, the principal 
ones being the distance between the transmitter and receiver, the geo¬ 
graphic and geomagnetic latitudes, the season of the year and local hour 
for the midpoint of the transmission path, and the solar activity. For 
transmission paths within the United States, the highest frequencies are 
refiected from the F layer of the ionosphere near the middle of the day in 
November at latitudes between 35 and 40®. Fig. 1 shows the very close 
correlation between these maximum usable frequencies and the solar 
activity as measured by the smoothed sunspot numbers published by the 
Zurich Observatory in Switzerland.* The points plotted are the values 
of the monthly median maximum usable frequencies for November as 
determined by ionospheric measurements made near Washington, D. C. 
The separate points correspond to measurements made in successive 
years from 1935 to 1944 during which the sunspot activity varied on the 
Zurich scale from 10 to 110. The upper curve is for transmission over a 
2500-mile path while the lower curve corresponds to propagation at 
vertical incidence. 

Fig. 2 shows the variations of sunspot activity as determined by the 
Zurich astronomers for the past 200 years. This figure shows the regular 
cycle of solar activity with a period of approximately 11 years, together 
with the longer trend exhibited by a 49-year running average which 
smooths out the effect of the 11-year cycle. Fig. 3 shows the most recent 
variations in the monthly mean and the smoothed sunspot numbers; the 
smoothed sunspot numbers are moving averages for 13 successive months 
and are shown by the solid line. Also shown on Fig. 3 are several values 
of the smoothed sunspot number as predicted for the period near the 
coming maximum of sunspot activity; the McNish and Lincoln* predic¬ 
tions were made by the statistical method in current use at the Central 
Radio Propagation Laboratory of the National Bureau of Standards in 
connection with the regular forecasts of high-frequency transmission 
conditions;* the Waldmeier* prediction was made late in 1945; and the 
Stewart® prediction was communicated to the Central Radio Propaga¬ 
tion Laboratory in a note dated June 14, 1946. The points indicated 
by the triangles on Fig. 3 are known as ionospheric sunspot numbers and 
represent a measure of the sunspot activity obtained from the charac- 
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Fia. 2.—Secular variations exhibited by past sunspot cycles. (Courtesy of Q.S,T, Magazine.) 
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teristics of the ionosphere as observed at various ionospheric monitoring 
stations throughout the world.* 



Fig. 3. —Recent values of sunspot activity with predictions for coming months. 
(Courtesy of Q.S.T. Magazine.) 


Having established the approximately linear relation between the 
maximum usable frequencies and the smoothed sunspot numbers shown 
on Fig. 1 it is possible to estimate the maximum usable frequencies which 
may be expected for other values of sunspot activity. In particular, 
since the highest sunspot number ever observed in the past was less than 
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160 we see that median values of the maximum usable frequencies are not 
likely to exceed 55 Me at Washington for any November in’ the 
future. It is interesting to note that the monthly sunspot activity for 
November 1947 was considerably higher than for any November since 
the invention of radio and consequently, it would be expected that the 
amateur 50 Me band would be useful for F layer East-West Coast con¬ 
tacts for the first time; this was, in fact, found to be the case.^ Further 
details regarding these ionospheric phenomena are given in the forecasts 
of ionospheric propagation contained in the monthly publication of the 
Central Radio Propagation Laboratory of the National Bureau of 
Standards entitled Basic Radio Propagation Predictions.^^* 

In addition to the regular F layer ionospheric transmission just dis¬ 
cussed, sporadic ionospheric transmission may also take place by reflec¬ 
tion from local concentrations of ionization which occur from time to time 
in the E region of the ionosphere. These latter transmissions are, in 
general, weaker and less predictable than the F layer transmissions, but 
are of equal importance, perhaps, as a source of interference to broad¬ 
casting because they occur every year and not just for the years near the 
sunspot maximum. 

Fortunately, the Federal Communications Commission recently 
moved the FM broadcast band from below 50 Me to its present position 
in the 88-108 Me band and thus practically eliminated the possibility of 
both F layer and sporadic E layer interference. A very few scattered 
reports of long distance transmission in the 88-108 Me band have been 
received and these are usually considered to be due to sporadic E layer 
reflections. However, experience to date indicates that ionospheric 
transmission may be expected in the 88-108 Me band for very much less 
than the 1 % of the time which has been adopted as a measure of the 
permissible interference to an FM broadcasting service. This absence 
of long distance interference is the principal difference in the propagation 
characteristics of FM and AM broadcasting frequencies, which makes 
possible much larger potential service areas with FM than with AM 
broadcasting. Unfortunately, these tremendous potentialities of FM 
broadcasting are not now being fully realized because of the necessity, in 
many rural and suburban receiving locations, for an adequate receiving 
antenna and a very sensitive receiver. 

III. The Effects of Radio Noise on Broadcast Reception 

The second major difference in the propagation characteristics of 
AM and FM broadcasts is the difference in the radio noise levels encoun¬ 
tered in the two frequency bands. There are two cases to consider. 
The first is man-made radio noise which is usually strongest in the built-up 
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city areas. Fortunately, the radio fields are usually also strongest in 
these same areas and this tends to overcome this type of interference. 
In this case, FM has the advantage oyer AM that the man-made radio 
noise intensity is usually weaker at these VHF frequencies. The worst 
man-made noise sources at FM frequencies are the ignition systems of 
automobiles, and it is encouraging to note that the auto manufacturers 
are at the present time giving serious consideration to the addition of 
noise suppressors as standard equipment. Such a step is obviously not 
only of great importance to the public generally, but it should also make 
the introduction of FM in auto radios a more successful venture. 
However, the greatest advantage of FM over AM as regards noise 
interference is found in suburban and rural areas where man-made noise 
is absent for a large part of the time. In these areas the noise that 
inherently limits reception is simply that due to natural sources such as 
atmospheric radio noise from thunderstorms in the troposphere and the 
cosmic radio noise originating in the interactions of matter in interstellar 
space together with direct radio noise radiation from the stars. The 
field intensities of atmospheric noise near their sources in the lightning 
flashes are known to vary inversely with the radio frequency and, as 
received, this atmospheric noise decreases with increasing frequency 
even more rapidly than this because of the more rapid rate of attenuation 
at the higher frequencies involved in propagation from the source to the 
receiver. Thus, in the FM frequency band atmospheric noise is only a 
factor during the very small percentage of the time that the thunder¬ 
storms occur in the immediate vicinity of the receiver, whereas in the AM 
frequency band atmospheric noise is the factor limiting the range of AM 
stations for nearly 100% of the time when a good receiving antenna and 
sensitive receiver are used for reception. It is this prevalence of atmos¬ 
pheric noise at AM frequencies which has led to the common use of small 
receiving antennas built in to the receiver for this frequency band; experi¬ 
ence has shown that little improvement in reception may be expected 
with the use of a more elaborate antenna since such an antenna collects 
additional atmospheric noise in direct proportion to the additional signal, 
with little improvement in signal-to-noise ratio. In the VHF band, on 
the other hand, the limiting range of reception is usually determined by 
radio noise generated in the high-frequency circuits of the receiver itself 
rather than from external sources so that an improvement in the receiving 
antenna results in an almost proportional improvement in output signal- 
to-noise ratio. 

In an effort to determine quantitatively just how important external 
noise sources are in the VHF and higher frequency bands, the Central 
Radio Propagation Laboratory of the National Bureau of Standards has 
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initiated an extensive program of research along these lines. Some of 
the results of this work are presented by J. W. Herbstreit in this book; 
the results of particular interest in connection with FM reception are the 
cosmic noise measurements shown in Figs. 13 and 14, pages 365 and 367 
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FREQUENCY IN MEGACYCLES PER SECOND 

Fig. 4.—Field intensities required for satisfactory FM broadcast reception in the 
absence of thunderstorms or man-made noise Assumes use of recei\ er ith a noise 
figure as in Fig 3, “Maximum Range of a Radar Set,” Proc Inst Radio Engrs, 
January 1947, transmission hne loss, Lr « 0 8, horizontal half wa\e dipole receivmg 
antenna; and an intermediate frequency RMS signal to noise ratio of 12 db, the 
external noise is assumed to be cosmic noise varying in mverse proportion to the 2 4 
power of the frequency as observed at Sterhng, Va , intermediate frequency band¬ 
width -■ 150 kc. 

From the data given on those figures it is possible to determine the 
field intensities which would be required for satisfactory FM broadcast 
reception in the absence of thunderstorms or man-made noise, and these 
are shown on Fig. 4. The curves are based on the assumption that a 
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half-wave dipole receiving antenna is connected to a very good low-noise- 
figure receiver by means of a transmission line with a loss of 1 db. Two 
curves are given corresponding to the minimum and maximum recorded 
noise levels shown on Fig. 13, page 365. Fig. 4 indicates that 4 
microvolts/meter will provide a satisfactory FM signal for this receiver, 
which was assumed to have a noise figure of only 2.4 at 98 Me. Measure¬ 
ments on a small sample of FM receivers currently being offered to the 
public indicates that corresponding figures of required fields range from 
about 8 to 14 microvolts/meter; we see from this comparison that sub¬ 
stantial further improvements in receivers are both possible and desirable. 
Based on this discussion, it will be assumed in the remainder of this paper 
that 10 microvolts/meter is a good average figure to use for the field 
intensity required in quiet rural areas to provide a satisfactory FM serv¬ 
ice; the use of this figure implies that a fairly good receiver is used in 
conjunction with an outside half-wave antenna. 

IV. The Effects of Antenna Height and Terrain on the Effective 
Transmission Range over a Smooth Spherical Earth 

The next topic to consider is the prediction of the distance from the 
FM transmitting antenna at which the minimum required field may be 
expected. This problem is truly a formidable one involving, as it does, 
the transmitting antenna height and gain, the nature of the intervening 
terrain, the frequency on which the transmissions take place, the dis¬ 
tribution with height of the refractive index of the air in the troposphere 
through which the radio waves must travel, and the height of the receiv¬ 
ing antenna. Here again the nature of the propagation of the ground 
wave in the AM and FM broadcast bands is entirely different. In the 
AM broadcast band the transmitting and receiving antennas are neces¬ 
sarily at heights less than a wavelength above the ground and the 
received fields are surface waves.® The intensity of these surface waves 
is determined by the well-known Sommerfeld formula which shows that, 
at a fixed distance, the field intensity decreases in inverse proportion to 
the square of the frequency. On the other hand, in the VHF band, the 
transmitting and receiving antennas are usually elevated several wave¬ 
lengths above the ground and the received fields are space waves.® Up 
to distances somewhat greater than line-of-sight these received VHF 
space wave fields actually increase in intensity with an increase in fre¬ 
quency. Thus, up to points slightly beyond the line of sight, the higher 
VHF frequencies tend to provide larger service areas. However, these 
conclusions are based on propagation over a smooth surface. Irregu¬ 
larities in terrain, including the bulge of the earth itself, have the effect of 
cancelling this advantage of the higher VHF frequencies since the 
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expected fields far beyond the line of sight decrease with increasing fre¬ 
quency. As a good first approximation to this problem of estimating 
FM coverage we can calculate the field intensities to be expected with the 
given transmitting and receiving antenna heights over a smooth spheri¬ 
cal earth surrounded by an atmosphere with a constant lapse rate of 
refractive index of 12 X 10“* parts/thousand feet, corresponding approxi¬ 
mately in field intensity calculations to the use of an effective earth^s 
radius four-third’s of its actual value. These smooth earth, standard 
atmosphere fields may be determined by the methods given in a recent 
paper by Norton;* for the FM broadcast band 88-108 Me they are also 
included in the Standards of Good Engineering Practice of the Federal 
Communications Commission. These smooth earth, standard atmos¬ 
phere fields must be corrected in individual cases to allow for irregularities 
in the terrain and the atmosphere which will always be present. The 
remainder of this paper deals with these variations. 

V. The Effects of Irregularities in the Terrain 

FM transmitting antennas are frequently erected in the built-up 
business areas of the city, and unless these FM antennas are higher than 
the buildings around them, the field intensities may be expected to be 
considerably below the values calculated by using the height of the 
antenna above the local terrain and the smooth earth theory. These 
differences are greatest at the shorter distances. On the other hand, if 
the antenna is substantially higher than the buildings in its vicinity, 
then the observed ground wave field intensities are ordinarily in good 
agreement with the predicted smooth earth values, especially at great 
distances, unless the terrain near the receiving antenna is very hilly or 
the intervening terrain is markedly different from the gradual curvature 
of the earth assumed in the theory. Considerable progress has been 
made in recent months on the development of a theory of propagation at 
short distances over very irregular terrain such as is often encountered 
in cities. However, although this theory is able to explain fairly well 
the results obtained by the Columbia Broadcasting System in their color 
television trials in the 500-700 Me band, it is not expected that it can 
be applied to FM broadcasting since one of the essential assumptions in 
this theory would no longer apply at these lower frequencies. Probably 
the only satisfactory solution to the irregular terrain FM propagation 
problem will be achieved through a statistical study of field intensities 
recorded in mobile receiving stations. Extensive data of this kind for 
the present FM band are not available at this time. However, based on 
such measurements made in the vicinity of 40 Me, it would appear that 
the ground wave fields, except in very hilly or mountainous terrain, may 
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be expected to exceed one-fifth of the smooth earth ground wave values 
in about 99% of the receiving locations.® Consequently, if we increase 
the required field of 10 microvolts/meter by a factor of 6 and then deter¬ 
mine the distance to the 50 microvolt/meter ground-wave contour using 
the smooth earth theory, we may expect about 99% of the listeners at 
that contour to obtain a satisfactory FM service, provided an outside 
half-wave antenna and a sensitive receiver are used for reception, and 
provided the terrain is not unusually hilly or mountainous. 

When the terrain is hilly or mountainous, an improved estimate of 
the expected fields can often be made by using a different radius of the 
earth which more nearly simulates the average of the terrain between the 
transmitting and receiving antennas. This method will be explained 
later. 

VI. The Systematic Effects of Terrain and of Tropospheric 

Ducts 

At distances beyond 20 to 30 miles, in addition to the effects of 
irregular terrain, irregularities in the lapse rate of the refractive index 
of the lower atmosphere cause the received fields to vary from minute 
to minute, hour to hour, and seasonally, the amount of the field intensity 
variations increasing with increasing distance and decreasing somewhat 
with an increase in the antenna heights. In an effort to learn more in 
detail about the magnitude of these variations, continuous measurements 
have been made at the National Bureau of Standards of the field intensity 
of FM broadcast station WOOD at Richmond, Va., a distance of about 
100 miles. During the period of these recordings from June 10 to 
August 8, 1947, this station operated on 96.3 Me with an effective power 
of 4.6 kw in the direction of Washington. Fig. 5 shows the profile of the 
transmission path between Richmond and Washington. The details 
on an expanded height and distance scale of the profile at each end of the 
path are given in the upper part of this figure. The lower profile corre¬ 
sponds to the entire path. These profile diagrams have been drawn with 
an effective earth’s radius equal to four-thirds of its actual value in order 
to make allowance for the systematic effects of air refraction. The profile 
of the transmission path is of great importance in connection with esti¬ 
mating field intensities in the FM broadcast band. At great distances the 
received field intensities are dependent upon the curvature of the trans¬ 
mission path as determined by the ground profile, relative to the curva¬ 
ture of the radio ray path which, in turn, is determined by the lapse rate 
with height of the refractive index of the atmosphere. The curvature of 
the transmission path may be determined in the manner shown on this 
figure. Remembering that the radio waves are propagated through the 
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Fig. 6.—Terrain profile WCOD-FM Richmond, Va. to the National Bureau of 

Standards. 
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earth very poorly, it seems plausible that the effective value for the 
curvature of the earth to be used in estimating the curvature of the trans¬ 
mission path may be found by determining the arc of a circle (shown as a 
dashed line on the figure) which just grazes the earth at three points along 
the path, namely, at the two ends and at some point between. The 
curvature of this arc would thus be the effective curvature of the earth 
relative to which the radio transmission path is to be calculated; this can 
be determined by simple geometry from the heights above sea level, 
hij /i 2 , and hm of the three points along the transmission path, together 
with the distances, di, d 2 , from the ends of the path to the intermediate 
point. 

Thus, if we write kpa for the radius of curvature of the equivalent 
smooth profile relative to which the actual transmission path is measured, 
in which a is the radius of the earth and thus the radius of curvature of 
the reference smooth spherical surface relative to which hi^ hm^ and /12 
are measured, then it is easy to prove that the ratio, A*p, may be expressed: 

If we express the three distances d, di, and in miles and the three 
heights Ai, / 12 , and hm in feet, then eq. (1) becomes: 

ftp d \ di ^ d2 / 

In the particular case of this Richmond-Washington profile, both hi and 
h2 are larger than hm and the effective curvature of the earth for this 
transmission path was found to be about 6% less than the average curva¬ 
ture of the earth; i.e., 1/kp = 0.94. It will be noted that the terrain 
near the Washington end of the path lies well below this effective spheri¬ 
cal surface. This would not be expected to influence to any great extent 
the received field intensities over this path, provided the bending due to 
air refraction is sufliciently small so that the curvature of the radio ray 
path is less than the curvature of the transmission path. It should be 
noted that the transmitting and receiving antenna heights are to be 
measured above this equivalent smooth profile. If the profile were 
lowered at the receiving end of the path the transmission path curvature 
would be increased but the expected fields would decrease only a little 
since this increased curvature would be largely offset by the fact that the 
effective receiving antenna height would then be larger. Presumably 
the proper position for the equivalent smooth profile is the one corre¬ 
sponding to the highest calculated values of the field intensity. This 
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proper position would, in general, be expected to depend upon the amount 
of bending of the radio rays due to air refraction. Such variations have 
not been included in the theoretical fields to be shown for this trans¬ 
mission path, the transmitting and receiving antenna heights being taken, 
for purposes of calculation using the smooth earth theory, as fixed at 360 
feet and 30 feet, respectively, above the equivalent smooth profile shown 
on Fig. 6, and thus corresponding to the fixed value of kp = 1.06. 

Air refraction almost always has the effect of bending the radio rays 
downward so that the relative curvature between the ray path and the 
transmission path is reduced. Under some circumstances, this down¬ 
ward curvature of the radio ray path may be as great as or actually 
greater than the curvature of the equivalent smooth profile. In this 
case, the received fields would be expected to be as great as or greater 
than the fields over a flat earth. Fig. 6 shows the field intensities of FM 
broadcast station WOOD as recorded on three successive days in August. 
On August 4, the station came on the air about 6:25 in the morning, the 
fields gradually increased throughout the day until a little after midnight, 
at which time the received field increased to a very much higher level and 
the fading, which had occurred at a fairly rapid rate during the day, 
decreased both in amplitude and frequency of occurrence. The arrow 
on this chart indicates the level of field intensity corresponding to 
propagation over a flat earth and we see that this level was exceeded for 
the half hour just prior to 1:00 a.m., at which time the station went off 
the air. Presumably this favorable propagation condition lasted 
throughout the night since the fields were again very strong the following 
morning when the station began broadcasting at 6:25 a.m. A plausible 
theoretical explanation for these strong fields accompanied by a com¬ 
parative absence of fading is obtained if we assume that air refraction 
increased the curvature of the radio ray path at these times by an amount 
equal to or greater than the curvature of the transmission path. It is 
well known that the systematic effects of air refraction may be included 
in ground wave propagation calculations by using an effective radius of 
the earth k times its actual value a. Thus if we consider that the radio 
frequency refractive index of the air, n, decreases at a uniform rate 
(dn/dh) with the height, A, above the earth, then the appropriate value 
of k may be determined by the following equation: 


& ~ n dh 


(3) 


For a standard atmosphere (dn/dh) = —12 X lO^Vthousand feet so 
that A; = but the value of (dn/dh) required to increase the curvature 
of the radio ray path until it equals or exceeds the curvature of the earth 
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Fig. 6.—Field intensity of FM broadcast station at Richmond, Va. recorded at Washington, D. C. Frequency 96.3 Me* 
antenna power 2.3 kw; antenna power gain * 2 relative to a half wave dipole; distance 96.6 miles; transmitting antenna 
height 360 feet above local terrain; receiving antenna height 30 feet above local terrain. 
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is four times as large, i.e., A? « oo when {dn/dh) = — 48 X 10-V 
thousand feet. Meteorological studies indicate that the radio frequency 
refractive index of the air cannot be expected to have this large a lapse 
rate throughout an extended height interval. However, lapse rates 
even larger than this frequently do occur over small height intervals and, 
at the high radio frequency here involved, these large changes in refrac¬ 
tive index have an effect on the propagation which is equivalent to a 
smaller change in refractive index occurring over a larger height interval. 
When these large changes in refractive index occur near the surface of 
the ground, a surface duct is formed which guides the radio waves around 
the curved earth. The theory of the guiding action of such ducts was 
developed during the war by several research workers in this country 
and in England, and the results presented on Fig. 7 are based upon the 
work of H. G. Booker, who was in the Telecommunications Research 
Establishment in England during the war and is now at Cambridge 
University.^® Fig. 7 shows the effectiveness of atmospheric ducts of 
various wddths in reducing the curvature of the radio ray path or, what 
amounts to the same thing, in increasing the effective radius of the trans¬ 
mission path. The inset on this figure shows the meteorological charac¬ 
teristics of the surface duct for which Booker obtained a solution of the 
ground wave propagation problem; thus, this inset shows the refractive 
modulus, My as a function of height. We see by Fig. 7 that, for atmos¬ 
pheric ducts with this shape, the required duct widths for trapping 
{k infinite) are greater than 1170 feet at 100 Me; larger values of duct 
widths are required at lower frequencies for the same values of k in 
proportion to the factor (100//mc).* The use of the ordinary ground 
wave theory® using the values of k determined by this figure, for calcula¬ 
tions of the fields to be expected in the presence of a duct does, of course, 
provide only approximate results since, although it provides an accurate 
determination of the attenuation with distance, the height-gain functions 
will be increasingly inaccurate for the larger values of k. It is possible 
to obtain better results by using the more nearly exact solutions of this 
problem which are available in the literature.However, the 
engineers in the Technical Information Division of the Federal Communi¬ 
cations Commission have discovered that the use of large values of k in 
the ordinary ground wave theory gives results which are in good agree¬ 
ment with the high values of field intensity observed at VHF frequencies 
for small percentages of the time. Consequently, it seems likely that 
the connection shown here between large values of k in the ordinary 
ground wave theory and the theory of propagation in ducts will be of 
considerable use in understanding FM propagation. It is desirable to 
emphasize, of course, that resort to these more elaborate duct theories is 
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Fig. 7. —Expected field intensities in the presence of a Booker atmospheric 
duct may be calculated approximately by using spherical earth ground wave theory 
and an effective radius of the earth k times the actual value. (The effect of k is 
given explicitly in the paper by K. A. Norton, Proc. Inst. Radio Engrs , 29, 623-639, 
Dec. 1941 as well as in F. E. Terman’s Radio Engineering Handbook, McGraw Hill, 
New York, 1943.) 
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Fig. 8.—Distribution of field intensities received at Washington, D. C. from FM 
broadcast station WOOD at Richmond, Va. from June 10 to August 8,1947, inclusive. 
Frequency 96.3 Me; antenna input power 2.3 kw; antenna power gain = 2 relative 
to a half wave dipole; distance 96.6 miles; transmitting antenna height 360 feet above 
local terrain; receiving antenna height 30 feet above local terrain. 

usually involved in frequency modulation broadcasting effective atmos¬ 
pheric ducts would be expected after the sun sets and the earth begins 
to cool the atmosphere. Under favorable circumstances, this cooling 
may continue throughout the night with the result that a duct of great 
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width is formed and the received fields would then be expected to reach 
their peak values early in the morning before the sun has had an oppor¬ 
tunity to warm the earth and destroy the duct. The fields received over 
the Richmond-Washington path have been observed to have that general 
behavior. This is illustrated in Fig. 8 which shows the field intensities 
exceeded for various percentages of the total time during the period of 



PERCENTAGE OF TIME THAT THE ORDINATE VALUED WERE EXCEEDED 
Fig. 9.—Distribution of field intensities received at Washington, D. C. from FM 
broadcast station WOOD at Richmond, Va. from June 10 to August 8,1947, inclusive. 
Frequency 96.3 Me; antenna input power 2.3 kw; antenna power gain = 2 relative 
to a half wave dipole; distance 96.6 miles; transmitting antenna height 360 feet above 
local terrain; receiving antenna height 30 feet above local terrain. 

recording from June 10 to August 8 for each hour of the day that the 
station was transmitting. The fields exceeded the flat earth level (as 
indicated by the dashed line at 79 microvolts/meter) for more than 10% 
of the time in the morning up to 9:00 a.m. and for more than 1% of the 
time up until 10:30 a.m. In the evening the fields exceeded the flat 
earth value for more than 1 % of the time after 5:20 p.m. and exceeded 
this level for as much as 10% of the time during the latest hour for which 
recordings were available. 
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Fig. 9 shows the distribution of field intensities received over the 
Richmond-Washington path for all of the hours for which recordings 
were made. It should be noted that the 79 microvolts/meter to be 
expected over the path for a flat earth was exceeded for about 5% of this 
total time. The 99% field was 5.4 microvolts/meter, indicating that an 
increase in antenna input power up to only 8 kw is all that would be 
necessary to bring this up to the 10 microvolts/meter considered to be 
required for 99% of the time for a satisfactory FM broadcast service 
in quiet rural areas. The signals received from Richmond were usually 
observed to be of broadcast quality, especially in the early morning hours, 
even in the presence of the rather high man-made noise level at the 
Bureau. 

The effective radius of the earth to be used in field intensity calcula¬ 
tions, when the curvature of the transmission path is different from that 
of the curvature of the earth, may be obtained by subtracting the curva¬ 
ture of the radio ray path from the curvature of the equivalent smooth 
profile and then using the resulting radius of curvature as the effective 
radius of the earth in the calculations. If we write kt for the ratio of this 
resultant radius of curvature to that of the earth, then this effective 
value, kty may be determined by means of the following equation: 

^ 1 I 1 . . -L , a dn 2a( hi-K . ht-h„ \ .. 

k, kfk ^ n dh d\ di ^ dt ) ^ ' 

This effective value, Jkt, is the appropriate value to be used in the ground 
wave theory® to include in the calculations the systematic effects of both 
air refraction and irregular terrain. On Fig. 9 kt denotes this ratio for 
the Richmond-Washington path and k denotes the corresponding value 
this ratio would have had, for the atmospheric condition considered, if 
the transmission had been over a path with the same curvature as that of 
the earth. Thus, for a standard atmosphere the corresponding 

value for the Richmond-Washington path is kt = 1.44 and the expected 
field over this path is 1.6 microvolts/meter. This value is not shown on 
the figure since the received field exceeded this value for nearly 100% of 
the time. The value of k required for flat earth propagation over this 
path is only 17.6 compared to the infinite value which would have been 
required over a transmission path for which the equivalent smooth 
profile has a curvature equal to that"^ of the earth. Thus, we see that 
comparatively small changes in the propagation path profile have the 
effect of modifying considerably the atmospheric gradients required for a 
given field intensity. A value of /fc = 17.6 corresponds, by Fig. 7, to a 
duct width of 675 X (100/96.3)* = 692 feet on 96.3 Me and we conclude, 
since the flat earth fields over this path were exceeded for 5% of the time 
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that atmospheric ducts with effective widths in excess of 690 feet were 
present for as much as 5% of the time. Adequate meteorological data 
are not available to substantiate this conclusion but such duct widths 
are not unreasonable; however, for the particular changes in refractive 
index implied by this particular model of refractive index vs. height (as 
defined in the inset on Fig. 7) a duct width of 690 feet corresponds to a 
decrease of 26 M units from the surface up to the height at which the 
minimum occurs and this is probably much too large. This would sug¬ 
gest that some other model for the refractive index distribution might 
be more appropriate;^®’^^'^^ however, the presently available information 
on the meteorology of the troposphere is insufficient for a quantitative 
solution to this problem in any case and this is the reason for our adoption 
of the simple parameter fc as a measure of the systematic bending due to 
air refraction, instead of resorting to the more elaborate although more 
exact duct theories. 

VII. The Tropospheric Waves Resulting from Reflection at 
Atmospheric Boundary Layers 

From what has been shown so far, it might be assumed that the 
received fields in the FM band at great distances can always be explained 
in terms of a difference in the curvature of the radio ray path and the 
transmission path. Unfortunately this is not the case, as we see on Fig. 
10 where we have shown field intensity vs. distance curves for 46.7 Me 
and for various assumed values of kt varying from 1.2 up to an infinite 
value, the latter corresponding to flat earth propagation. Also shown 
on this chart are the field intensities of Station WABC-FM in New York 
City, exceeded for various percentages of the time, as measured at 
Princeton, N. J.; Andalusia, Pa. and Laurel, Md. The data at Princeton 
were obtained by RCA while the data at the other two receiving locations 
were obtained by the Federal Communications Commission. Two things 
should be noted. First, the high 1 % measured fields are in the neighbor¬ 
hood of the field expected over a flat earth. Second, the 90 and 99% 
fields as measured at Andalusia lie far below the theoretical ground wave 
curve for = 1.2 which is the lowest value consistent with the known 
characteristics of the lower atmosphere. It might be assumed that this 
behavior of the 90 and 99% fields could be explained as being due to 
terrain irregularities along this particular path, but, aside from the fact 
that there is nothing unusual about this path, measurements made at 
similar distances on other paths demonstrate that the 99% field always 
lies below the expected ground wave fields in this intermediate range of 
distances. Fig. 11 presents a set of theoretical curves which do have 
the proper shape to agree with the experimental data. Five theoretical 
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Fig. 10.—Field intensity of FM broadcast station WABC-FM in New York City 
recorded at Princeton, N. J.; Andalusia, Pa. and Laurel, Md. from Aug. 8 to Sept. 13, 
1946; 271 simultaneous hours of recording between 6-10 a.m. and 3-11 p.m. inclusive. 
Frequency 46.7 Me; data and theoretical curves based on 1 kw radiated from a half 
wave dipole; transmitting antenna height 780 feet above local terrain; receiving 
antenna height 30 feet above local terrain. 
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Fig, 11.—Field intensity of FM broadcast station WABC-FM in New'York City 
recorded at Princeton, N. J.; Andalusia, Pa. and Laurel, Md. from Aug. 8 to Sept. 13, 
1945; 271 simultaneous hours of recording between 6-10 a.m. and 3-11 f.m. inclusive. 
Frequency 46.7 Me; data and theoretical curves based on 1 kw radiated from a half 
wave dipole; transmitting antenna height 780 feet above local terrain; receiving 
antenna height 30 feet above local terrain. 





PROPAGATION IN TH» FM BROADCAST BAND 


m 


curves are given corresponding to the five percentages of the time 1%, 
10%, 60%, 90% and 99% for which the experimental data are given. 
These theoretical curves were obtained by means of a tropospheric wave 
theory, the details of which were presented at a Federal Communications 
Commission hearing on March 18, 1940.^* According to this theory, 
these tropospheric waves are reflected at various levels in the troposphere 
at which there are assumed to be more or less abrupt discontinuities in 
the distribution with height of the index of refraction. 

This tropospheric wave theory^® is very similar to the theory com¬ 
monly used for calculating the intensities of downcoming ionospheric 
wavesthus the spherical earth ground wave theory is used for calculat¬ 
ing the intensities of the waves to be expected at the point of reflection 
in the troposphere. Next a coefficient of reflection at the troposphere 
is determined and finally, by assuming a new source at the point of reflec¬ 
tion in the troposphere, the spherical earth ground wave theory is again 
used for calculating the attenuation of the reflected waves during propa¬ 
gation from the troposphere to the receiving antenna. 

In calculating the coefficient of reflection at the troposphere the 
discontinuities in index of refraction are assumed to occur over a height 
interval very much smaller than the wavelength in which case the reflec¬ 
tion coefficient is independent of the frequency. Epstein has solved 
this reflection problem for changes occurring over a finite height interval 
and this solution is shown graphically in a recent paper by Smyth and 
Trolese.^* As might be expected, the intensity of reflection decreases at 
the shorter wavelengths as soon as the wavelength becomes comparable 
to or smaller than the height interval involved in the discontinuity of the 
index of refraction; however, when conditions are favorable for large 
amounts of systematic bending, i.e., large values of fc, the angles of 
incidence at the various tropospheric layers may become less than the 
critical angle and the reflection will become complete irrespective of 
the frequency. There is some experimental evidence that these tropo¬ 
spheric wave-reflection coefficients are smaller at the higher frequencies; 
for example, the field intensities received from FM broadcast stations 
at very large distances (greater than 150 miles) are stronger in the 40-50 
Me band than in the 88-108 Me band.'^ This difference is most readily 
explained by assuming that the discontinuities, Ail/,, in index of refraction 
occur over an interval of height of the order of 10 feet or more and that 
the individual values of Ail/, are too small to produce total reflection at 
the angles of incidence ordinarily involved:** under these conditions the 
tropospheric layer reflection coefficient would decrease in intensity with 
increasing frequency in this frequency range. 

In the F.C.C. paper referred to^* methods of calculation were given 
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for the waves reflected from single discontinuities at particular heights. 
A study of meteorological data indicates that many small discontinuities 
in refractive index are simultaneously present in the atmosphere, being 
distributed over a wide range of heights from the earth^s surface up to 
heights of ten or twenty thousand feet. Reflected tropospheric waves 
may be expected from each of these discontinuities at various distances 
along the propagation path and, since the lengths of the individual 
propagation paths for these various waves will differ by several wave¬ 
lengths we may expect these individual tropospheric wave components 
to arrive at the receiving point with random relative phases. The 
heights of the discontinuities are probably continually varying and 
this will cause the relative phases of the separate wave components to 
change with time; thus the resultant downcoming tropospheric wave (the 
vector sum of the component waves) will vary in amplitude over a wide 
range. This is believed to be the cause of the rapid* changes in intensity 
which occur from minute to minute in a downcoming tropospheric wave. 
The distribution of the intensity of such a tropospheric wave with time 
is given by the Rayleigh distribution. jf write P for the per¬ 
centage of time that the field intensity, E, of the resultant downcoming 
wave is exceeded, we obtain by the use of Lord Rayleigh^s theory: 

P = (6) 

+ ( 6 ) 

Et^ = (^EqAM)^ = {EqAMi)^ "h * * * "t" {EqAM^^ 

+ {E,AMmy (7) 

In the above on denotes the phase of the component wave and is 
assumed to be random relative to the others; Eo denotes the expected 
tropospheric wave field intensity for a single discontinuity of refractive 
index An = 10“®, so that EoAMi is the intensity of the component 
which is assumed to have been reflected at a discontinuity of amount 
An = AMi • 10“®. We see by eq. (7) that, according to the Rayleigh 
theory, AM is the root-sum-square value of the m discontinuities AM». 
It may be shown^* by means of eq. (5) that Et is the root-mean-square 
value of the resultant downcoming wave and that the median value of 
this downcoming wave, -&6o% = 0.8326 Et- Eq. (5) provides an accu¬ 
rate representation of the intensity distribution of a composite wave, E, 
as defined by eq. (6), whenever m is large (> 4 or 5) and when each 
component wave is much smaller than the root-sum-square value of all 
of the waves, i.e., (AM<)2 (Ailf)*. Such conditions would be expected 
in tropospheric wave propagation problems in most cases. However, 
on the West Coast of the United States a very large and more or less 
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permanent reflecting tropospheric layer has been discovered and the 
value of AMt corresponding to this layer might frequently be larger than 
the root-sum-square value for the coexisting smaller layers; calculations 
in this case can be handled in the manner described below for adding a 
ground wave to a Rayleigh distributed tropospheric wave. 

At great distances, such that the mean square value of the downcom¬ 
ing tropospheric wave, £'oAM, is large compared to the ground wave, Eg, 
the above theory may easily be generalized to give the expected over-all 
distribution of the intensity of a ground wave plus the tropospheric 
waves. Thus we simply add a term to eq. (6) and a term 

Eg^ to both sides of eq. (7) so that eq. (5) becomes: 

P = {Eg « Et) (8) 

Since the simple Rayleigh distribution (8) is applicable only at large 
distances, and since no expression, comparable in simplicity to eq. (8), is 
available when Eg is comparable to or larger than Et, the solution to this 
latter problem is given graphically in Fig. 12. 

Using the methods referred to®*^® for computing Eg and Et, and the 
above theory for combining these waves with random relative phase, 
the five theoretical curves shown in Fig. 11 were obtained; these corre¬ 
spond to a root-sum-square value of the several discontinuities in the 
index of refraction An = 15.10“®, these discontinuities being assumed to 
occur over a range of heights with a mean value of 1.5 km. This value 
of An is required for a height interval small compared to the wavelength; 
larger values would be required if the changes occur over a larger height 
interval. ^®’^® The curves for the various percentages of the time were 
obtained by combining with random relative phases the ground wave 
for a value of A; = ^ with the individual waves from the several discon¬ 
tinuities. The good agreement between the experimental data and the 
theoretical curves for the 90 and 99% levels is quite evident. Still 
better agreement could have been obtained by calculating the expected 
tropospheric waves for several different layer heights, and then adding 
these resulting waves with random relative phase. Since the reflecting 
tropospheric layers are known to occur over a range of heights, the higher 
ones being more favorable for long distance propagation, and conversely, 
the lower layers favoring shorter distance propagation, the use of a 
combination of layer heights would increase the tropospheric wave 
intensities somewhat, relative to the values given both at small and at 
large distances, thus providing an improved fit to the experimental data. 
It will be noted that the 1% measured field lies well above the 1% 
theoretical tropospheric layer field. This is to be expected since we have 
already seen in Fig. 10 that these high fields are very probably due to a 
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large increase in the systematic bending of the ground wave. Still 
further evidence in favor of this assumption is the fact that the fading, 
which would be expected with tropospheric waves, is not present to any 
marked extent when the received fields are very strong. This may be 
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Fig. 12. —The expected distribution of the intensity of the resultant of a ground wave 
combined with a Rayleigh distributed sky wave. 


understood by noting on Fig. 12 that the fading range is small when Eg 
becomes large relative to Et. 


VIII. The Combined Effects of Ducts and of Random 
Tropospheric Waves 

Fig. 13 shows the fields to be expected in summer months on 98 Me 
as calculated for a smooth earth using a combination of the theories out- 
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lined above. The results on this figure are for a transmitting antenna 
height of 1000 feet and a receiving antenna height of 30 feet. It is the 
99% field which determines the service range of an FM station and we 
see that this field decreases very rapidly with distance between 40 and 



DISTANCE IN MILES 

Fig. 13.—Field intensity vs distance expected in summer months on 98 Me for the 
percentages of the time shown Transmitting antenna height 1000 feet, receiving 
antenna height 30 feet; 1 kw radiated from a half wave dipole. 

70 miles. Similar results are given on Fig. 14, but now for a transmitting 
antenna height of only 100 feet. In this case, the fading occurs at much 
shorter ranges, the precipitous drop in field intensity occurring now in 
the range from 20 to 30 miles. There are several ways in which the 
theoretical curves given on Figs. 13 and 14 may be improved. For 
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example several tropospheric layer heights should be used simultaneously 
as already suggested; also the intensities of the tropospheric waves should 
be calculated for various values of A- so as to include the effects of sys¬ 
tematic bending on the tropospheric wave intensities. Until such tima 
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Fig. 14.—Field intensity distance expected in summer months on 98 Me for the 
percentages of the time shown. Transmitting antenna height 100 feet; receiving 
antenna height 30 feet; 1 kw radiated from a half wave dipole. 


as more experimental data become available such refinements in the 
theory are probably unwarranted. 


IX. The Calculated Service and Interference Ranges op FM 

Broadcast Stations 

Fig. 15 gives the expected summer month service ranges for FM 
broadcasting stations as determined by the theoretical curves on Figs. 13 
and 14. The summer month conditions are given since the variations in 





































SJ7//r M 30NVlSfa 

Fio. 15.—Summer month service ranges for FM broadcast stations. Also i^own 
are the separations, between stations operating on the same channels and with the 
same effective power and antenna height, required to prevent interference at the 
service range for more than 1 % of the time. 





412 


KENNETH A. NORTON 


the received fields are greatest during this period. During the winter 
months, the air is systematically much drier and this has the effect of 
greatly reducing the radio propagation variations occurring during these 
months. We see by this figure that service to a distance corresponding 
to line of sight is possible with an effective power of about 1 kw. Effec¬ 
tive powers up to as much as 1000 kw can probably be obtained with 
facilities now available by using an antenna with a power gain of 20 in 
conjunction with a 60 kw transmitter; the use of this much power will, as 
shown on Fig. 15, provide a satisfactory service to distances several times 
the distance to the horizon. The service ranges shown are the expected 
60 micro volt/meter contours of the field intensity exceeded for 99% of 
the time at a height of 30 feet above a smooth earth. The use of the 50 
microvolt/meter smooth earth field rather than the 10 microvolts/meter 
actually required in rural locations makes allowance for a 5 to 1 reduction 
in field intensity from the smooth earth values which may be expected in 
some locations due to irregularities in terrain along the transmission 
paths.® The service ranges are given for two transmitting antenna 
heights, the dashed curve being for a 100-foot height while the solid curve 
corresponds to a 1000-foot transmitting antenna height. 

Also shown on this chart are the separations between identical 
co-channel stations required to reduce the time of mutual interference 
between these stations at their 50 microvolt/meter service contours to 
less than 1 % as determined from the theoretical curves on Figs. 13 and 
14. In determining these required distance separations, interference 
was considered to exist whenever the desired smooth earth field was less 
than 10 times the undesired smooth earth field; the use of a factor of 10 
rather than the factor 2, which is suflScient on some receivers for rejecting 
an undesired cochannel FM signal, makes allowance for a 5 to 1 devia¬ 
tion from the calculated smooth earth ratio of the fields which may occur 
in some locations owing to differences in the irregularities in terrain 
along the transmission paths from the desired and undesired stations.® 
In determining these required distance separations it was also assumed 
that there would be no correlation in the fading between the desired and 
the undesired signals. Some correlation undoubtedly does exist with 
either high or low fields occurring together rather than independently 
for the desired and undesired signals so that the distance separations 
shown may be slightly greater than would actually be required. 

Those familiar with the FM allocation practices of the Federal Com¬ 
munications Commission will notice that the distance separations here 
indicated as being necessary have not always been maintained in prac¬ 
tice. This is not necessarily undesirable and merely means that a higher 
level of field intensity is being protected against interference. This may 
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be understood best by noting that a similar increase in power for both 
the desired and the undesired stations will not change the ratio of the^r 
fields at any receiving location and thus will not modify the areas within 
which each station is able to provide service free from interference for 
99% of the time; an increase in power for both stations will simply 
increase the field intensity at this service contour in proportion to the 
square root of the ratio by which the power is increased. Consequently, 
if a determination is desired for the distance at which a 1000 microvolt/ 
meter field intensity may be expected for 99% of the time for a 20 kw 
station with a 1000-foot transmitting antenna height, the distance is 
determined on Fig. 15 corresponding to an effective power lower in 
proportion to the square of the field intensity ratio = 400, i.e., 

for 20 kw/400 = 0.05 kw; the expected 1000 microvolt/meter contour 
for such a 20 kw station is, by Fig. 15, about 40 miles, and a similar 
20 kw station at a distance of 150 miles would not be expected to cause 
interference at the 1000 microvolt/meter contour for more than 1% of 
the time. Fig. 15 may also be used to determine the field intensity con¬ 
tour and distance at which interference-free service may be expected for 
99% of the time when the distance to an interfering station operating 
with the same effective power and antenna height is known. Thus, sup¬ 
pose that such an interfering station is operating with an effective power 
of 20 kw with a 1000-foot antenna height at a distance of 200 miles; this 
distance correspond s, by Fig . 15, to a power of 1.25 kw so that a field 
intensity of 50 X \/20/1.25 = 200 microvolts/meter is being protected 
against interference, and interference-free service may be expected for 
99% of the time out to a distance of 53 miles. 

X. The Efficient Allocation of Facilities to FM Broadcast 

Stations 

If we define the most efficient utilization of a single FM channel 
to be that corresponding to an allocation of stations which will be capable 
of serving the maximum percentage of a given area in which it is desired 
to furnish radio service, then it can be shown that all of the stations 
allocated to that channel should be placed at equal distances from each 
other on a triangular lattice, the required optimum separation being 
shown on Fig. 15. Furthermore, each station should have the same 
power and antenna height, and these should be as large as it is possible 
to make them. The reason for the latter statement is not obvious but 
can be determined from the data on Fig. 15. Thus, the total area of the 
triangular lattice is proportional to the square of the distance separation 
given on Fig. 15 while the total area served is proportional to the square 
of the service range also given on Fig. 15. The percentage of the total 
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area served is therefore directly proportional to the square of the ratio 
of the service to separation distances given on Fig. 15. It will be noted 
that this ratio increases with increasing antenna height and with increas¬ 
ing power. As an example of the much more efficient channel utilization 
possible with high powered stations employing high antennas rather 
than lower powered stations with lower antennas a determination was 
made of the percentages of a given large area which it is possible to 
serve in several cases. These percentages are given in the table. It is 


Table I. Idealized allocation of similar FM stations for serving a large area such 

as the United States. 


Effective power (kw) 

1 

10 

100 

1000 

10,000 

Antenna height (ft.) 

100 

1000 

100 

1000 

100 

1000 

100 

1000 

100 

1000 

Service range (mi.) 

24 

52 

28 

60 

36 

67 

78 



157 

Separation distance (mi.) 

130 

198 

151 

228 

176 

256 





Percentage of total area capable of 
being served by a single channel 
(%) 

12 

25 

13 

25 

16 

25 

38 

37 

46 

78 

Approximate number of channels 
required to provide a single serv¬ 
ice to the entire United States 

10 

5 

10 

1 

5 

8 

5 

4 

4 

3 

2 

Approximate number of stations 
required to provide a single serv¬ 
ice to the entire United States 


889 


637 


535 

486 

273 

228 

83 


important to notice that the efficiency of the allocation, as measured by 
the percentage of area capable of being served by a single channel, 
increases with increasing antenna height much more rapidly than it 
increases with power. The efficient utilization of FM channels would 
thus appear to be promoted best by the utilization of the highest trans¬ 
mitting antennas available. In this connection, it would appear that 
‘‘stratovision,'^ i.e., the system of broadcasting involving transmission 
from aircraft cruising in the stratosphere, might well offer considerable 
advantages. 

XI. The Optimum Frequency for an FM Broadcast Service 

In view of the controversy over the recent decision of the Federal 
Communications Commission to change the FM band from its former 
position in the spectrum, 42-50 Me to its present position, 88-108 Me, it 
is considered desirable to outline briefly some of the technical factors 
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involved. In considering this problem it is necessary to take into account 
the effective service ranges to be expected when Inore than one FM sta¬ 
tion is permitted to operate on the same channel simultaneously. In 
fact the demand for FM facilities has been so great that it has sometimes 
been necessary to allocate stations to the same channel even at shorter 
separations than those indicated as desirable on Fig. 16. The justifica¬ 
tion for this practice has already been discussed; it appears to be a prac¬ 
tical solution in those populous areas of the United States where the 
demand for facilities exceeds the number available. However, in less 
populous areas, where the economic situation is such that only a very 
few stations may be operated at a profit, it is desirable to choose a band 
of frequencies for FM such that the maximum possible interference-free 
service areas may be realized so as to provide the rural listeners, now most 
in need of an improved broadcast service, with the benefits of this new 
system of broadcasting. From this point of view the choice made by 
the Federal Communications Commission of the higher band of fre¬ 
quencies becomes quite clear. 

The expected service and interference ranges for FM stations are 
shown as a function of the radio frequency (Fig. 16) for stations with 
an antenna height of 500 feet. It has been assumed on Fig. 16 that rural 
service will be available out to the distance over a smooth transmission 
path at which the field received on a 30-foot receiving antenna exceeds 
50 microvolts/meter for 99% of the time. A field of 50 microvolts/ 
meter has been assumed, rather than the 10 microvolts/meter actually 
required for service with typical receivers, in order to allow for the addi¬ 
tional reduction in received field to be expected on some transmission 
paths as a result of irregularities in the terrain. The horizontal dashed 
lines on Fig. 16 represent the calculated service ranges for stations 
operating with effective powers of 1, 10, 100 and 1000 kw. The service 
ranges at 98 Me were estimated from Fig. 15 by interpolation between 
the ranges given for 100 and 1000 foot antennas. These service ranges 
were then assumed to be approximately applicable throughout this 
frequency range since the theoretical and experimental data available 
at the present time are insufficient to determine just how much, if any, 
variation in range exists. 

The available experimental data will be considered first. Carnahan, 
Aram, and Classen reported*^ measurements on 45.5 and 91 Me made 
simultaneously over a 76-mile path between Richfield, Wis. and Deer¬ 
field, Ill. The transmitting antennas were at heights of 508 feet on 45.6 
Me and 468 feet on 91 Me above the average elevation along the trans¬ 
mission path. The measurements were made continuously from 11 a.m. 
to 11 p.M. during the period from July 20 to September 21, 1945. Their 
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Power required forSOjuv/m over the Richfield, Wisconsin to Deerfield, Illinois path 
o Power required for SQuv^n along the path from New York to Boltimore 
X Power required for 50juv4n over the Richmond-Washington path 



[400 KWI 


— 

X 



Rural Service Ranges 
(As received on tm antenna 30 feet above 
the local terrain^ the fields over a smooth 
earth may be expected to exceed 50 micrO’ 
volts per meter for 99% of dm time at these 
distances) \ 
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Percentage of time sporadic S layer interfsrenoe\ 
IS to be expected from a ^gte station with Mie\ 
same effective power at a distance of 900miles 
(desired to undesired field intensity ratio tOto!) 


Limit of service range due to F layer interference 
from a single station with the same effective power 
0*0 distance of ZfiOOmiles (desired to undesired 
field intensity ratio 10 to!) percentages based on 
Washington ionosphere data increased by 15%; 
Sun Spot Number 120. 
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FREQUENCY IN MEGACYCLES PER SECOND 
Fig. 16.— The effect of frequency on the expected rural service and interference 
ranges for FM broadcasting stations. Transmitting antenna height, 500 feet; 
receiving antenna height, 30 feet. 
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Fig. 10^^ shows that an efifective power of 360 kw would be required at 
45.6 Me, and 8500 kw would be required at 91 Me in order to provide a 
field of 50 mierovolts/meter for 99% of the aforementioned period of time 
over this path. These two points are given on Fig. 16 for eomparison 
with the ealeulated ranges. 

E. W. Allen^’ has reported measurements made at Prineeton, N. J.; 
Southampton, Pa. and Laurel, Md. of simultaneous transmissions on 
47.1 and 106.6 Me made available for this purpose by the Bamberger 
Broadeasting Serviee, Ine.; the distanees to these three reeeiving stations 
were 46, 68 and 186 miles, respectively. The transmitting antennas for 
both frequeneies were 670 feet above the street in New York City and 
the recordings were made daily except Saturdays from 8 a.m. to 12 
midnight during the period June through October 1946. From the 
data shown on Fig. 5 of the Allen report^^ it is possible to estimate the 
distance at which 50 microvolts/meter would be exceeded for 99% of 
the time when either 100 or 1000 kw is used on 47.1 Me and with 1, 10, or 
100 kw on 106.5 Me; these ranges are given on Fig. 16 for comparison 
with the calculated ranges. 

Finally, from the data shown on Fig. 9 a determination can be made 
of the effective power required over the Richmond-Washington path to 
provide a 50 microvolt/meter field for 99% of the time at the Bureau of 
Standards receiving station; this was found to be 400 kw and is shown on 
Fig. 16. All of the points plotted on Fig. 16 represent measurements of 
field intensities over comparatively smooth transmission paths and con¬ 
sequently are suitable for direct comparison with the calculated service 
ranges indicated by the horizontal dashed lines. It is important to 
recognize that only one twenty-fifth as much power would be required 
over these particular transmission paths in order to provide the 10 
microvolts/meter for 99% of the time, which is the actual field intensity 
necessary for service with typical receivers; thus, in particular, an 
effective power of only 16 kw would be sufficient to provide satisfactory 
service at 96.3 Me over the 96.6 mile Richmond-Washington path. This 
extra factor of 25:1 in power has been introduced as already explained in 
order to provide service to those listeners who live in locations at the 
same distance but with more unfavorable conditions of terrain along the 
transmission path. 

A study of Fig. 16 indicates the need for additional experimental data 
before safe conclusions can be drawn as to the reliable service ranges of 
FM stations; in particular, although the Richfield-Deerfield path meas¬ 
urements indicate that more power is required on the higher band for 
service at the same range, the New York to Baltimore data indicate that 
larger reliable service ranges are to be expected on the higher band when 
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the same effective power is used. It is believed that at least a part of the 
observed differences on these two transmission paths is due to systematic 
differences in tropospheric propagation; thus, the Northeastern path is 
known to be characterized by slightly higher values of surface refractive 
index than the Midwestern transmission path, and may be subject to 
considerably different M gradients. 

Since the available experimental data are inconclusive as to the 
expected variation of service range with frequency, it is desirable to see 
what light may be thrown on this question by the theory. Over a flat 
earth the received field intensity at great distances is directly proportional 
to the frequency; however, when obstacles, including the bulge of the 
earth itself, are present along the transmission path, additional attenua¬ 
tion is encountered and this is higher on the higher frequencies. Thus at 
distances far beyond the line of sight, the ground wave field intensities 
expected over a smooth spherical earth are actually greater on the lower 
frequencies.® However, two effects of the troposphere have been identi¬ 
fied and these are expected, on theoretical grounds, to change in opposite 
directions as the frequency increases. Thus, surface ducts in the lower 
atmosphere are, according to Fig. 7, more effective at the higher fre¬ 
quencies in guiding the ground waves around the bulge of the earth. On 
the other hand the waves reflected at tropospheric boundary layers tend 
to be more completely reflected at the lower frequencies and this may 
result in stronger fields being received on the lower frequencies at the 
very great distances where these tropospheric waves are known to pre¬ 
dominate; in this connection, however, it should be remembered that the 
propagation to and from the tropospheric boundary is often more favor¬ 
able on the higher frequencies and this may result in a cancellation of 
the effects of the stronger reflection coefficients at the lower frequencies. 
The final conclusion to be drawn from these influences must await further 
data to evaluate the relative magnitude of these conflicting factors. 
Nevertheless, on the basis of the data and theories now available, it is the 
author^s opinion that less power will be required on the higher frequencies 
on most transmission paths to produce the same field intensity (exceeded 
99% of the time) at least up to distances of the order of 50 to 70 miles 
and, as will become evident in what follows, larger service ranges than 
this cannot be established on the lower band in any case because of long 
distance ionospheric interference. 

It is rather surprising at first glance to note the much lower rate of 
attenuation of field intensity (exceeded 99% of the time) in the range 
from 60 to 95 miles as compared to the rate of attenuation in the range 
from 45 to 60 miles. Thus on Fig. 16 a 100 to 1 increase in power from 
1 to 100 kw may be expected to increase the service range by only 15 
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miles whereas a subsequent increase of only 10 to 1 in power to 1000 kw 
increases the expected range by 36 miles. This more than 4 to 1 changfe 
in the rate of attenuation is due to a physical change in the mechanisms 
of propagation effective in these two distance ranges; thus, at the shorter 
ranges the received fields are principally ground waves, whereas at the 
larger ranges tropospheric boundary layer waves are involved. This 
reduced rate of attenuation is also evident on Fig. 15 where it may be 
seen to extend out to at least 150 miles. In analyzing 3- and 9-cm. 
propagation over the sea, Katzin, Bauchman and Binnian^* have 
reported a similar change in the rate of attenuation at a range of 80 miles 
on 9 cm.; such a change was not observed, however, on 3 cm. It seems 
entirely possible that these higher frequency observations may be 
explained as being due to the same phenomena here described for FM 
propagation over land; the absence of the effect on 3 cm. would result 
from (1) the smaller tropospheric layer reflection coefficients to be 
expected for the shorter wavelength^®*^® and (2) the fact that the 3-cm. 
attenuation is already so much reduced by trapping that the small 
boundary layer reflections would be masked. 

Before leaving the discussion of the service ranges, it should be noted 
that service has been defined in terms of the available field intensities 
expressed in microvolts/meter rather than in terms of microvolts avail¬ 
able across the receiver input terminals. It has been argued by Dale 
Pollack in a discussion of a paper by E. W. Allen^^ that the receiver 
terminal voltage is a more appropriate measure since he considered that 
internal receiver noise rather than external noise is the factor limiting 
the reception and that half-wave dipole receiving antennas will provide 
only half as much voltage across the receiver terminals in the higher band 
when the same field intensity is available in both cases. However, the 
cosmic radio noise measurements reported by Herbstreit (pp. 347-380) 
show that external noise is the limiting factor in reception on frequencies 
less than 130 Me with low noise figure receivers and, when these measure¬ 
ments are translated into field intensities required with a half-wave dipole 
receiving antenna, it may be seen on Fig. 4 that actually lower field 
intensities are required on the higher band for the same grade of service. 

Also shown on Fig. 16 are the ranges at which interference would be 
expected on the low^er frequencies from one other FM station operating 
on the same frequency at a distance of 900 miles and another station at a 
distance of 2000 miles. The interference from the latter would be propa¬ 
gated via the F layer of the ionosphere and, at frequencies less than the 
maximum usable frequency, would be expected to have an intensity 
approximately equal to the free-space field at this distance** since iono¬ 
spheric absorption is negligible at these high frequencies. Thus the 
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service range in the presence of F layer interference has been determined 
on Fig. 16 by determining the distance from the desired station at which 
the smooth earth ground wave field is 10 times the free space field from 
the undesired station. It should be noted that, so long as the same 
effective power is used by both the desired and undesired FM stations, the 
maximum distance at which interference-free service may be maintained 
is independent of the power used, since a similar increase or decrease in 
power for both stations would not change the ratio of the desired-to- 
undesired fields. The percentages indicated on this F layer interference 
contour are the percentages of the time throughout a typical sunspot 
cycle (with a smoothed maximum sunspot number of 120) that the 
maximum usable frequency would be expected to be sufficiently high to 
permit F layer interference over paths from points south of the border to 
points within the United States. These percentages were determined 
by increasing by 15% (to allow for the effect of latitude) the Washington, 
D. C. maximum usable frequencies exceeded for the indicated percentages 
of the listening hours (6 a.m. to midnight) as measured during the last 
sunspot cycle (1933-1944). Actual measurements of this F layer 
interference made on low band FM stations during 1946 and 1947 and 
reported by E. W. Allen^^ have confirmed that interfering fields even in 
excess of the free-space values are, as predicted,*® often received and that 
this intense interference lasts for approximately the length of time 
anticipated from the maximum usable frequencies estimated from vertical 
incidence ionospheric soundings. 

The interference to be expected from a low band FM station at a dis¬ 
tance of 900 miles is attributed to sporadic E layer transmission and the 
field intensities to be expected in this case are much weaker. The 
interference ranges shown for 44.3 Me were based on actual measure¬ 
ments made by the Federal Communications Commission of WGTR, 
Paxton, Mass., field intensities as received at Atlanta, Ga., a distance of 
900 miles.*®'^^ The values of sporadic E layer interference indicated for 
the other frequencies were extrapolated from these 44.3 Me data by 
means of an empirical relation giving the percentage of time of occurrence 
of sporadic E reflections as a function of frequency as observed*®**^ at 
C.R.P.L.* using vertical incidence ionosphere soundings. The almost 
complete absence in the 88-108 Me band of interference attributable to 
sporadic E layer transmission provides the justification, at least qualita¬ 
tively, for the use of this method of prediction. Interference transmitted 
via the sporadic E layer is observed in the range of distances from about 
400 to 1400 miles with maximum periods of occurrence at a distance of 
about 1000 miles and maximum field intensities at a distance of about 
* Central Radio Propogation Laboratory of the National Bureau of Standards. 
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800 miles; these variations with distance and frequency are the principle 
identifying characteristics of this type of interference. , 

It has been argued by some that this F layer and sporadic E layer 
ionospheric interference occurs for such a small percentage of the time 
as to be of negligible importance. However, the interference shown on 
Fig. 16 corresponds to that expected from a single station operating 
on the same channel at the distances indicated. Actually, as has been 
pointed out in detail by E. W. Allen,^^ it is necessary as a practical matter 
to operate many stations simultaneously on the same and adjacent 
channels in order to accomodate the demand for FM facilities, and thus 
the percentages indicated on Fig. 16 would have to be multiplied in many 
instances by a factor of 5 or 10 for sporadic E interference and 2 or 3 
for F layer interference. From the above analysis it becomes quite clear 
that much larger areas can be provided with an interference-free FM 
broadcast service by using frequencies in excess of 70 or 80 Me. 

As a final precaution it is desirable to emphasize that the service 
ranges shown on Figs. 15 and 16 are conservative in as much as they 
correspond to a 50 microvolt/meter field intensity rather than the 5 
microvolts/meter actually required with an unusually good FM receiver 
as shown on Fig. 4. Consequently it may be expected that satisfactory 
reception for 99% of the time will be available to many rural listeners 
at distances 3 or 4 times the reliable ranges indicated on Figs. 15 and 16. 
It is desirable to point out that we are just beginning to learn a little 
about the characteristics of radio propagation in the FM band and much 
further experimental and theoretical research is indicated. One kind of 
data which is considered to be of utmost value in connection with such 
research is continuous recordings of the field intensities of FM and 
Television broadcast stations. Such data should be collected for a wide 
variety of meteorological and terrain characteristics in various parts of 
the country. It is hoped that the cooperation of individual broadcasters 
and of University research laboratories can be obtained in connection 
with such a measurement program. Until such time as these more com¬ 
plete data become available, it is hoped that the interpretations of FM 
propagation presented here may provide a rough guide for future research 
and for the day to day decisions which must be made by the broadcasters. 
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I. Introduction 
1. Pilotage 

The fundamental duty of a navigator is the selection of a route to be 
followed by his vessel. His choice may depend upon the presence of 
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hazards or may require only the knowledge of present and desired posi¬ 
tions and of potential drifts to be expected from motion of the sea or air. 
The end point of the route is the destination, not often chosen by the 
navigator, but his attention may often be fixed upon the route to a way 
point or check point selected by himself. 

It is axiomatic that the navigator must know his present position 
and his destination, at least, before he can choose a route, and from that 
his course and the heading of his vessel. In the simplest and most 
important form of navigation, pilotage, the vessel is directed in terms of 
landmarks seen by the navigator (in this case often called the pilot) and 
the knowledge of present position is not usually explicit. In navigation 
out of sight of landmarks the navigator customarily finds his position, 
usually in terms of latitude and longitude or distance and direction from 
a known point, and consults a chart to find the relation between his posi¬ 
tion and his destination. 


Dead Reckoning 

A position, once known, can be carried forward indefinitely by keep¬ 
ing continuous account of the direction and speed of the vessel. This 
process is called dead reckoning. Unfortunately, heading and speed 
are not often capable of precise measurement and the effects of drift can 
only be approximated, so that, on the average, the errors of dead reckon¬ 
ing increase in proportion to the length of time it has been carried on. 
Ordinarily a dead reckoning position is seriously in error after the vessel 
has traversed a few hundred miles without any external indication of 
position. 


S, Fixing 

In contrast to dead reckoning, a fix is a determination of position 
without reference to any former position. The simplest fix stems from 
the observation of a recognizable landmark and, in a sense, any fix may 
be thus described. A celestial fix is nothing but the recognition of the 
unique point from which, at a given instant, a number of stars appear 
at their observed altitudes. Similarly, most radio aids to navigation 
present a certain indication at only one point, or only a few points, on the 
surface of the earth. Landmarks beyond the range of vision can be 
recognized by radar or by the fathometer. 

4 . Navigation 

Since a fix is fundamental and dead reckoning is derived, it is natural 
that most electronic aids to navigation are aids to the determination of 
fixes or, like radar, are devices that extend the range at which pilotage 



ELECTRONIC AIDS TO NAVIGATION 


427 


may be carried on. Thus the dividing line between pilotage and ‘‘long 
range navigation is somewhat nebulous. The best distinction arises 
from the method of determining position: if explicit, it is conventional 
navigation; if implicit, it is pilotage. 

Now navigation does not consist of the determination of position or 
establishment of a compass heading to be followed by a helmsman. 
Navigation requires the exercise of judgment; it is a choice (based on all 
available data concerning position, destination, weather, natural and 
artificial hazards, and many other factors) of one out of many courses of 
procedure that may lead to the required result. There can be, therefore, 
no electronic navigational system^ but only aids to navigation. An air¬ 
craft or ship may be made to follow automatically a predetermined course 
by the use of equipment that performs the dead reckoning function, or 
may be made to follow a line of position known to pass through a desired 
objective. Neither of these achievements constitutes navigation by the 
equipment. The automatic devices simply extend the control exercised 
by the navigator in time or space. 

II. Prewar Methods 
1. Direction Finding 

With these facts in mind it becomes worthwhile to examine the 
radio aids to navigation available in 1939. These were all directional 
devices, in the sense that they measured angles subtended at a radio 
transmitter or receiver, but we should distinguish carefully between 
direction finding (the measurement of the relative bearing of a fixed 
radio transmitter as “seen’^ from a receiver on a moving vehicle) and 
azimuth finding (the measurement of the true bearing or azimuth of 
the vehicle as seen from a fixed station). At short distances, of course, 
the two results differ only in the sense of the absolute direction but the 
techniques and uses of the methods differ greatly. There are, in fact, 
three main classes of directional aids that should be examined separately: 

a. Direction finding. Transmitters fixed and receiver on the vehicle. 

b. Azimuth finding. Receivers fixed and transmitter on the vehicle. 

c. Azimuth finding. Transmitters fixed and receiver on the vehicle. 
The fourth expected class, the first with the direction of transmission 
reversed, is actually indistinguishable from the second. 

a. Loop Antenna, Direction finding, in its simplest form, is accom¬ 
plished by rotating a loop antenna until a signal received by it is reduced 
to zero when the plane of the loop is normal to the direction from which 
the signal comes. If the received signal is linearly polarized, and if there 
are no inhomogeneities in the conductivity of the region near the loop. 
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the indication of direction is very accurate. Unfortunately these condi¬ 
tions are not often attained in practice. The received signal is likely to 
consist, at least in part, of one or more sky-wave components that have, 
by the action of the ionosphere, had their polarization altered into 
elliptical form. The effect upon the direction finder is an error, shifting 
from time to time as the polarization changes, that may approach 180° 
and is frequently of the order of 10-15°. Masses of metal near the 
antenna distort the received field so that the resultant of the original 
signal and the reflections from local objects has an apparent direction 
that usually differs significantly from the true direction to the transmit¬ 
ting station. This effect is constant for a given true direction so that it 
can be corrected, but the constancy of the corrections depends upon con¬ 
stancy of the geometrical conditions; thus on shipboard, for instance, the 
corrections are not often accurately known. 

Another defect of the simple loop is that the amplitude of the signal 
passed through the receiver varies sinusoidally with rotation. Thus a 
sharp indication is had only when the amplitude is at or near zero. When 
the loop is oriented for this signal condition noise can, of course, be 
received from other directions. The indication of direction is thus at its 
best when the signal-to-noise ratio is least favorable. 

6. Night and Shore Effect In addition to these inherent qualities of 
the loop antenna, simple direction finding suffers from the fact that it is 
not the direction to the transmitter that is observed but rather the 
orientation of the wave front received from the transmitter. This may 
be significantly different in two major cases. The most common is when 
the signal is predominantly received by sky-wave transmission and is 
reflected from a sloping layer. This condition is most probable in the 
case of north-south transmission near sunrise or sunset, and is then called 
night effect.” The other important case is that of ground-wave trans¬ 
mission near and more or less parallel to a shore line. The velocity of 
propagation is significantly smaller over land than over water and the 
signals are transmitted along paths that are somewhat concave toward 
the land rather than radial from the transmitter. Either this ‘'shore 
effect” or the night effect may be responsible for errors of several degrees. 

The first attempt to avoid part of the difficulties inherent in direction 
finding for shipboard use lay in the erection of groups of shore-based 
direction-finding stations. These stations, usually three in number, 
would take bearings on the signal from a shipboard transmitter upon 
request. The bearings would be plotted at one of the shore stations so 
that a fix could be reported to the vessel within a few minutes. This 
technique has the great advantage that the local distortions of the 
received fields can be kept small and constant and that complex and 
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precise equipment can be used. The requiremeAt of a number of special 
stations, however, has militated against extensive use of this system so 
that in recent years its most important use has been for detection of the 
location of enemy vessels. 

c. Automatic Direction Finding. A modification of the loop receiving 
technique has been used, especially in aircraft automatic direction 
finders, to avoid the difficulty of detecting a weak signal in the neighbor¬ 
hood of the null. This concept consists in the use of two loop antennas 
at right angles with identical receiver channels leading to some form of 
indicator. As the two loops are rotated together, the signals in the two 
channels become equal only when the apparent direction of the station 
bisects the 90® angle between the planes of the two loops. As implied 
above, this or a similar technique is required for the automatic direction 
finders that have been used extensively in recent years. An error in the 
orientation of the crossed loops leads to a difference in the two outputs, a 
difference whose relative amplitude measures the magnitude of the error, 
while the channel having the stronger signal identifies the sense in which 
the error should be corrected. It is therefore easy to use a simple 
servomechanism that will maintain the equality of the signals in the two 
channels by rotating the loops to the correct relative bearing. 

g. Azimuth Finding 

a. Radio Range. Another series of attempts to improve direction 
finding led to the development of the first azimuth finders, the Radio 
Range and the Orfordness beacon. The Radio Range is very nearly the 
crossed loop direction finder in reverse. A pair of loops are used as trans¬ 
mitting antennas and are disposed nearly at right angles so that their 
radiation maxima lie in alternate quadrants. The loops are driven alter¬ 
nately from a common transmitter with an interlocked keying sequence 
so that one loop repeatedly radiates the morse letter A in the silent inter¬ 
vals between the emissions of the letter N from the other loop. Thus 
along the line where the two loops provide equal signal strength a steady 
tone is heard. Departures from the equisignal zone are marked by 
reception of A's or N's, depending upon the sense of the departure. Since 
each loop antenna has two radiation maxima, there are thus provided 
four equisignal zones, or ranges, that may be mutually perpendicular or 
may be established in any four directions by adjustment of the antenna 
characteristics. 

The Radio Range thus provides four well-established lanes that may 
be made to coincide with desired routes. In regions outside the equi¬ 
signal zones the only information received is the identification of the 
sector containing the navigator. The great merit of the system lies in 
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the elimination of the local quadrantal errors and of all measuring or 
adjusting at the navigator^s position. The signals may be received on 
any antenna and the data are gathered simply by listening. 

b. Orfordness Beacon, The Orfordness beacon also enjoys the 
elimination of quadrantal errors but requires some measurement by the 
navigator. In return for this effort he is able to determine his azimuth 
from the transmitting station at any point rather than along four lines 
only. The transmitter uses a single loop antenna that is rotated exactly 
once per minute. Thus the sharp minima of the loop pattern sweep 
chrough the navigator^s position every 30 seconds. The signal is shut off 
for a short interval just before one of the minima passes through North 
and is started when this ‘'negative beam'' is exactly North. With a 
stop watch the navigator times the interval from the start until one of the 
minima is heard. This interval, computed at 6°/second, measures the 
azimuth (or reciprocal azimuth) of the navigator as seen from the trans¬ 
mitter. It is thus a true azimuth measuring system, although the 180® 
ambiguity must be resolved by conventional navigational methods. 

c. Cathode Ray Direction Finding, There are two important tech¬ 
niques in direction finding that, while not particularly new, were first 
used extensively and successfully during the recent war. The first, both 
chronologically and in wartime importance, was the use of crossed loops 
with identical amplifying channels and a cathode ray indicator. This 
truly instantaneous direction finder was of immense value in locating the 
sources of extremely short bursts of high speed radiotelegraph signals 
transmitted from German submarines. In other respects the technique 
has little advantage over the classical methods, except that the uncer¬ 
tainty of the directional observations, due primarily to polarization 
errors, is perhaps a little more obvious than with other indicators. 

d. Spaced Loop Direction Finding. The other recent development of 
an earlier idea is the spaced loop direction finder. This is more properly 
the spaced antenna direction finder, but loop antennas are ordinarily the 
most convenient. In this arrangement two spaced antennas, connected 
through identical amplifying channels to a phase comparator, are rotated 
bodily about an axis midway between them until the phases of the two 
received signals become identical. If the physical separation of the 
antennas is only a small fraction of a wavelength, as it frequently must 
be, the sensitivity of the phase comparison must be high. The method, 
however, has the unique advantage that the observed direction does not 
depend upon the composition and polarization of the incoming signals. 
The precision of measurement is therefore limited primarily only by 
mechanical accuracy, by the phase sensitivity, and by the homogeneity 
of the space surrounding the equipment. Thus it closely approaches 
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the ultimate accuracy, because direction finding can only measure the 
apparent direction of the resultant signal which is made up of the actual 
signal received from a distance (and this may not have travelled over a 
great circle path) and the signals reflected from neighboring regions where 
there are discontinuities in the conductivity or refractive index. 

III. Wartime Developments 
1, Elektra 

The only significant German wartime contribution to radio aids to 
navigation was the development of Sonne and its parent system, Elektra. 
Elektra is essentially a multiple radio range, providing a large number 
(frequently 24) of equisignal zones. Deviations from the equisignal 
zones were detected by hearing dots on one side of the zone and (inter¬ 
locked) dashes on the other. Other methods, such as direction finding 
on the transmitting station had to be employed to solve the ambiguity 
problem. The beauty of the system was the provision of such a large 
number of identifiable lanes with a simple three-tower antenna system of 
good efficiency so that, for the first time, highly accurate azimuth finding 
could be carried on at ranges of several hundred miles. The azimuths of 
several equisignal lanes could be adjusted (together, not independently) 
so that one of them would extend along any chosen great circle from the 
transmitter. Thus successful area bombing was carried out under 
instrument flyihg conditions by adjusting two Elektra stations so that 
two of their lanes would intersect over the chosen target. 

Z. Sonne 

About 1943 a modification was made to the Elektra system to form 
Sonne. This consisted in linearly varying the radio frequency phases of 
two of the three antennas, after a starting signal. This simple addition 
causes each of the equisignal zones to rotate about the transmitter as a 
center until, after 60 seconds, each comes to occupy the initial position 
of its next neighbor. Thus at any point the navigator will hear a number 
of dots or dashes (say 22 dots) followed by an equisignal (say of 4 seconds 
duration) and by another number of dashes or dots (say 34 dashes). 
This sequence indicates that the navigator is in a zone where dots are 
initially heard and that he is four-tenths of the way from a dash-dot 
boundary to a dot-dash boundary. If he has properly identified the 
zone, his line of position can be found from charts that show the key 
orientations. Similar listening to a second Sonne station provides a fix. 
A great advantage of the system is that the position is found by simple 
listening to any ordinary receiver. The reading accuracy is good, having 
a minimum error of i®/dot, but the errors of propagation mentioned 
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above reduce the real accuracy to the order of i to 1® by day and from 
1 to 2® at night, with occasional errors of as much as 6 or 8®. The 
reliable range for stations in the 300 kc frequency region is six or eight 
hundred miles and useful signals are sometimes had up to two thousand 
miles from the stations. 


S. Radar 

Radar, of course, is the most discussed series of electronic devices to 
come out of the recent war. The techniques are too well known to need 
discussion here and the applications to navigation are limited, primarily 
by the relatively short ranges available except for observation of or from 
very high flying aircraft. Radar is an excellent extension of visual 
pilotage and some forms, such as the Ground Controlled Approach land¬ 
ing system, are of great advantage to the navigator. Thus harbor 
entrances can be made in fog, and a cross country aircraft can fly success¬ 
fully from point to point over land, so long as sufficiently close attention 
is paid to the radar screen so that no mistakes in identification are made. 
Radar observation of aircraft and ships (over limited distances) from the 
ground solves the problem of identification of place, but replaces it with 
the problem of identification of the vehicle, which, in turn, can be over¬ 
come by the use of radar beacons; but need of complex networks for a 
complete solution to the navigational problem makes it appear that radar 
will be used primarily for collision prevention and that navigation will 
be carried out by other devices designed especially for the purpose. 
Such devices might be similar to or improvements upon those mentioned 
in the next succeeding paragraphs. 

4. Gee 

Gee is a powerful system, operating at frequencies between 25 and 80 
Me, that requires no transmission from the navigator^s vehicle. It was 
the first of the pulsed hyperbolic grid-laying devices and was put into 
operation early in 1942. The method depends upon the measurement 
of the difference in the time of arrival (or, more precisely, the phase) of 
two trains of uniformly spaced pulses received from two well-separated 
points. A constant time difference identifies a line of position which, 
neglecting the oblate curvature of the surface of the earth, is a hyperbola 
with the two transmitters as foci. A similar measurement is made 
simultaneously upon a second pair of pulse trains radiated by one station 
of the first pair and a third station. The receiving equipment is simple 
and compact, and yields fixes with great rapidity. There is, of course, 
an infinite family of hyperbolas generated by each pair of stations, 
although the resolving power of the receiver is finite. Because the 
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hyperbolas diverge with increasing distance from the transmitters, the 
accuracy of the system decreases with increasing range at a much mo^e 
rapid rate than is the case with beacon responder methods. The intrinsic 
accuracy is high, however, and the average error of fix varies from about 
200 yeards near the transmitters to about 5 miles at the maximum range, 
for high-flying aircraft, of 350 to 400 miles. 

5. Loran 

Loran, a hyperbolic system very similar to Gee, operates in the 
neighborhood of 2 Me. At this relatively low frequency, transmission 
ranges are much greater, especially at low altitudes, than they are at 
Gee frequencies. The lower frequency, however, makes the use of much 
longer pulses essential and the measuring technique must be somewhat 
more complex if similar accuracy is to be attained. At this frequency, 
sky-wave transmission is good to a distance of 1600 miles at night, but is 
not effective by day. Ground-wave ranges are, typically, 800 miles over 
sea water in the daytime and 600 miles at night. Over land, however, 
the ground-wave range is so small that useful service can be provided 
only in special cases. Except at very low altitudes, Gee is a more useful 
system over land; but over sea water Loran gives comparable or greater 
accuracy at much greater distances, the average errors of fix ranging 
from 1000 feet at short distances to perhaps 1^ miles at 800 miles. At 
night the sky-wave service is available with average errors ranging from 
1^ miles at 300 to about 8 miles at 1600. 

For nighttime service only, the use of sky waves permits the exploita¬ 
tion of very long baselines which greatly reduce the geometrical dilution 
of the potential accuracy. In the case of two long baselines at right 
angles, the average errors of fix are small and remarkably constant, 
ranging from 1 to 2 miles over an area of a million square miles or more. 

The use of the hyperbolic principle (or more properly, the use of long 
baselines) operates to reduce the pernicious effects of variations in the 
effective velocity of propagation of radio waves. Thus the accuracy of 
Loran, even for the second-rate sky-wave service, is equivalent to that of a 
direction-finding system with average errors of not more than 0.1 to 
0.3® arc. 


6. Low Frequency Loran 

A Low Frequency Loran system has been tested in two areas at a 
frequency of 180 kc, and has given successful operational service in cen¬ 
tral and northern Canada. The characteristics of LF Loran differ greatly 
from those of Loran at 2 Me, primarily because it is necessary to use 
pulses so long that ground waves and sky waves cannot be resolved. This 
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factor results in large timing errors which are partially compensated by 
longer baselines. At this frequency the atmospheric noise level varies 
greatly with time and with geographical position, giving rise to large 
differences in useful range. In spite of these limitations the average 
errors of fix are between 5 and 20 miles out to the nominal maximum 
range of 1000 miles over land or 1500 miles over sea. The system is 
particularly useful in the high latitudes where the noise level is low. 

One variant of LF Loran, called cycle-matching,” is of particular 
interest, in spite of limited testing. In this embodiment of the hyperbolie 
principle the pulse envelope is used to identify a particular radio fre¬ 
quency cycle, and the cycle itself is used for a precise measurement. In 
a brief trial of this method the correct cycle was identified in three- 
fourths of the attempts and the average deviation of the readings within 
the cycle was 0.15 microsecond. This figure corresponded to an aver¬ 
age error of the line of position of 160 feet at a distance of 750 miles. 
Although this is almost the extreme range at which this method can be 
used, because of sky-wave interference with the necessary ground waves, 
and although the problems of cycle identification remain to be solved, 
the technique seems worthy of further exploration. 

7. Decca 

Finally we find a very interesting continuous-wave system, Decca, 
which has given some service at about 100 kc. Decca is a hyperbolic 
system which detects and measures the relative phase of the carrier 
frequency cycles. It therefore has very high resolution for a system at 
these frequencies, changes in position of a few yards being detectable. 
Unfortunately, the range of the system is severely limited by sky-wave 
transmission which appears in random phase and is of great amplitude 
at distances of a few hundred miles. Thus the precision is high at short 
ranges but the readings become ambiguous beyond 150 or 200 miles. 
Experiments with this system are being conducted, we understand, at 
frequencies of 10-15 kc. In this case the satisfactory range should be 
greater, because of the increased efficiency of ground-wave transmis¬ 
sion, and the limiting accuracy should be reduced in proportion to the 
frequency. 

IV. Postwar Proposals 

All of the systems mentioned in part III were put into operation and 
used to good advantage during the war. They are all still in use to a 
greater or lesser extent and some of them have a good chance of con¬ 
tinued service for many years. 

The new techniques available since the war may be used to aid naviga- 
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tion in many ways, and many proposals have been made. To some 
extent the very number of proposals has militated against careful con¬ 
sideration, to say nothing of exploitation, of any of them. One or two 
examples to be cited presently will suffice for the present discussion. 

1. Omnirange 

There is one system, the omnidirectional beacon or omnirange, how¬ 
ever, that was not used during the war but that has the advantage of a 
number of years of study and experimentation in the hands of the Civil 
Aeronautics Authority. It is of particular importance because it will 
become the standard device that replaces the radio range along the air¬ 
ways of the United States. It is perhaps unfortunate that the accuracy 
and radius of operation are not significantly greater than those of the 
radio range, but the system has the merit of simple geometrical relation¬ 
ships that will permit the use of various simple computers to aid auto¬ 
matic flight. 

The omnirange, which operates in the very high frequency region, is 
one of the azimuth-determining systems. The transmitting antenna 
radiates a cardioid pattern of field intensity that rotates in azimuth at a 
low audio frequency. The amplitude of the signal received at a fixed 
point therefore varies sinusoidally with an absolute phase that depends 
upon the azimuth of the receiver as seen from the transmitter. This 
phase is continuously and automatically measured, with reference to a 
second modulated signal radiated as a frequency modulation from the 
same transmitter, to give a direct indication of the azimuth. The 
average accuracy of the system is reported to be about 3° and the range, 
at low-flying altitudes, is at least 50 miles. The omnirange ordinarily 
shares its site with a responder beacon that can be interrogated by air¬ 
borne pulse interrogators to measure the distance to the beacon. The 
combination then determines position in polar coordinates, although 
unfortunately the precision of the measurement of azimuth does not 
compare with the precision of measurement of the radial distance. 
Since the geometrical relations, as mentioned above, are simple, it is 
possible to build a computer to operate from the output of the omnirange 
and distance-measuring receivers that will continuously indicate to the 
pilot both the deviations from any chosen course (anywhere within the 
range of the beacon) and the distance to go to reach the objective at 
the terminus of the chosen course. 

2. Tehran 

As an example of the more complex networks of navigational aids 
that may come into existence, it may be sufficient to mention Teleran, 
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This is a proposal to use a network of ground-based radar stations (with 
airborne transponder beacons for aircraft identification) to keep con¬ 
tinuous track of all aircraft in the air over a large area. This informa¬ 
tion, or rather the parts of it of interest to a particular aircraft, is then 
added to a map of the immediate vicinity with notes about the weather, 
the state of airport runways, etc., and transmitted to the aircraft by 
television. In this way the indicator oscilloscope of each aircraft 
navigator continuously conveys the information he needs—data on 
winds and on other aircraft while he is in transit and information as to 
landing conditions as he approaches his destination. A large network of 
ground equipment is, of course, necessary, but there is a great advantage 
in placing the complex equipment on the ground where size and weight 
are not of major importance and where adequate supervision and main¬ 
tenance are available. The use of Teleran, or similarly complex net¬ 
works, depends upon careful study of the economic gains and gains in 
safety to be derived from the careful control of aircraft in flight. 

V. Considerations of Range and Accuracy 

It may seem, at first glance, that the characteristics of these several 
systems are almost unrelated, but actually the ranges and accuracies 
fall into simple patterns. Nothing, in this section, can be said about 
cost or operating convenience, but it is possible to place fairly definite 
limits upon what navigational systems can and cannot do. 

1, Classification of Systems 

There are three kinds of systems which we may classify according to 
the shapes of the position lines they generate; radial^ for the various forms 
of direction-finding; circular, for the distance-measuring responder sys¬ 
tems; and hyperbolic, for the time-difference methods. 

With the exceptions of High Frequency Direction Finding, a sky- 
wave system, and Decca, which is a ground-wave system suffering from 
sky-wave interference, the useful ranges of the various devices increase 
with wavelength. Under the best conditions, in fact, the maximum 
range for ground (or space) waves increases nearly as fast as the fourth 
root of the wavelength. The average errors of the various systems, in 
general, increase in proportion to the wavelength except for discon¬ 
tinuities produced by the changes from one technique to another. We 
must now explore these relations in some detail. 

2. Ground- and Sky-wave Range 

The chief factors that control the useful range of a radio signal are 
the shape and electrical conductivity of the earth, the state of ionization 
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and noise-producing electrification of the atmosphere, the bandwidth and, 
particularly, the frequency of the signal itself. Consider first the ground 
wave, or space-propagated wave, that travels along or near the surface 
of the earth. Let us assume a reasonably high power and what we may 
call a normal bandwidth that depends on frequency. We may further 
presuppose a fairly high level of natural noise which increases, in general, 
with the wavelength. Under these limitations we can draw the diagram 
of Fig. 1, the data for which are the satisfactory ranges of navigation 
systems themselves, as indicated by the names of the systems. The 
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Fig. 1.—Maximum ground-wave transmission ranges as a function of wavelength. 

Power of the order of 100 kw and a high noise level are assumed. 

diagram is almost self-explanatory. At the lowest wavelengths, trans¬ 
mission ranges are essentially optical, depending primarily upon the 
elevation of the receiver. Through the medium wavelengths the range 
over sea water depends very little upon altitude, but over land the range 
is reduced and is sensitive to elevation. At the longest wavelengths the 
range is great and depends almost entirely upon wavelength. 

To the ranges of Fig. 1 we must add the sky-wave factors shown in 
Fig. 2. These have been drawn neglecting seasonal variations, for the 
sake of simplicity, and in general the limitations are the same as for 
Fig. 1. Very great ranges may be had at frequencies of the order of 10 
Me or 30 kc, but service is available to only a few miles by day and to 
less than 2000 miles at night in the neighborhood of 1 Me. 
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Fig. 2.—Average sky-wave transmission ranges comparable to those of Fig. 1. 
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Fig. 3. —Maximum ranges at which ground-wave transmission is essentially free from 

sky-wave interference. 
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The strong sky-wave transmission at wavelengths greater than 1000 
or 2000 meters invalidates the longer ground-wave ranges shown in* 
Fig. 1. This effect is shown in Fig. 3. Here the explanation is simplest 
if we start with the straight line at the right. A continuous-wave system 
will take advantage of all the characteristics of ground-wave transmission 
at short distances from the transmitters, where the ground wave is far 
more intense than the reflected sky waves. A few miles or a few hundred 
miles away, the ground-wave field intensity, which is decreasing with 
increasing distance much faster than are the sky waves, falls to such a 
level that sky-wave interference begins to control the characteristics of 
the signal. Since the phase of a sky wave, relative to that of the ground 
wave, is random, the resultant signal fades. If the navigation system 
is one that measures radio-frequency phase, such as Decca or cycle¬ 
matching LF Loran, the indicated phase is random and the readings bear 
little relation to the position of the navigator. The straight line has been 
drawn to indicate the maximum useful range for ^^pure^^ ground waves. 

3. Range of Pulse Systems 

Pulse systems in the high and medium frequencies have a great 
advantage in this respect because, by use of short pulses, the ground 
wave may be resolved and observed without sky-wave interference. 
Thus the full transmission range is available for ground-wave systems. 
Below about 1000 kc, however, it is difficult to radiate a pulse sufficiently 
short to be received completely free of overlapping sky waves. The 
front part of the pulse is still ‘ ‘ clean and may be used, but with increas¬ 
ing wavelength the amplitude of the uncontaminated portion decreases 
(because the pulse length increases and the slope of the leading edge 
decreases); thus the effective range decreases. In the neighborhood of 
200 kc this effect becomes accentuated because the practical limit of 
physical height of antenna structures is reached. Below this frequency 
the antenna Q rises sharply and the pulse length increases very rapidly. 
At very low frequencies, ^ ‘ pulse transmission cannot be distinguished 
from continuous-wave transmission. This diagram is of great impor¬ 
tance because it shows why systems with the high accuracy that can be 
attained through ground-wave transmission cannot be expected to 
operate at ranges of more than a thousand miles. 

The data of Figs. 1, 2, and 3 are combined in Fig. 4, from which we 
can estimate the types of transmission and useful range that apply at any 
wavelength. The daytime sky-wave curves and the curves for ground- 
wave transmission at the longer wavelengths are dotted in the regions 
where they are of only academic importance. The shaded areas, for 
ground-wave transmission, embrace the variation of range with altitude 
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of the receiver. The limits are roughly 100 and 30,000 feet. The 
ranges shown apply approximately for any kind of system, although the 
narrow-band systems will have somewhat greater range than the pulse 
systems, for the same peak power. The pulse systems are likely to have 
the greater range if average radiated power is taken as the criterion. All 
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the curves have been drawn conservatively to indicate ranges that should 
be obtained a high percentage of the time. 

4 . Maximum Accuracy 

If we neglect, for the moment, direction-finding methods we can form 
some useful conclusions about the potential accuracy of pulse and phase 
systems by considering the effect of changing wavelength. Let us 
consider the pulse systems first. The effect of the Q of electrical circuits 
and antennas, as well as the increased noise associated with wide-band 
receivers and the interference of radio signals with other services, is to 
limit the steepness and shortness of usable pulses. In practice it becomes 
very difficult to generate and eflSciently radiate a pulse whose length is 
less than about 50 cycles of the carrier frequency. This figure does not 
appear to vary appreciably with frequency except when the antenna Q, 
mentioned above, begins to increase very rapidly with wavelength. 
Now if a time measurement is to be made from one pulse to another, as 
by having both pulses displayed on a radar trace, the measurement can 
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be made to about one-fifth of the length of the pulses. The measurement 
may therefore be expected to be accurate to about 10 periods, in time, or 
10 wavelengths, in space. The “least reading” in distance is taken as 5 
wavelengths since a geometrical factor of 2 is always gained under opti¬ 
mum conditions. For example, if the distance of a radar target increases 
by 5 wavelengths, the time interval from transmission to reception of an 
echo increases by 10 periods. If two such measurements are made at 
right angles to each other, we can estimate the average error of fix under 
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Fig. 6.—The minimum errors of fix attainable under the best geometrical conditions 
with no transmission errors by three standard measuring techniques. 

this optimum geometrical condition. This estimate has been made on 
the conservative assumption that the average error of fix will be 2 \/2 
times the least reading, where the \/2 is the factor derived from the 
combination of two uncorrelated measurements at right angles, and the 
2 is intended to cover the discrepancy between ‘‘laboratory*’ and “field” 
accuracies. 

Fig. 5 shows, at the left, a line drawn according to these constants. 
This line shows that the minimum average error of fix, or the average 
error of fix under the best geometrical conditions, varies linearly between 
about 50 feet at a wavelength of 1 meter to 5 miles at a wavelength of 600 
meters.* 

* Data are given on the figures for Shoran, a system that has not been discussed 
here because it is primarily useful for blind bombing and surveying rather than gen¬ 
eral navigation. It is a system consisting of an airborne pulse interrogator with 
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An improvement in accuracy can be realized by a pulse-matching 
technique used, to date, only in the case of Loran. If two pulses to be 
compared are carefully made similar when they are radiated, and have 
their amplitudes made equal in the receiver, the pulses can be visually 
superimposed and compared with an accuracy of 1 % of the pulse length. 
This makes possible an enhancement of 20 times in the accuracy, an 
improvement shown in the center curve of Fig. 5. This curve departs 
from linearity at wavelengths above 1500 meters because of the effects 
of antenna Q mentioned above. At very long wavelengths the errors for 
pulse transmission would rise as the fourth power of the wavelength. 

The next, and, so far as we know, final step in the direction of greater 
accuracy is the measurement of radio-frequency phase. Depending 
upon the technique, the reading accuracy may be expected to lie between 
1 % of a cycle and 1° of phase: The third line on Fig. 5 is drawn assuming 
a precision of shf wavelength, or 100 times the Loran reading accuracy. 
This method, as explained above, is useful only for ground-wave trans¬ 
mission. The one exception to this statement is in the case of phase 
measurement of a modulated wave, in which case the modulation wave¬ 
length must be considered as the criterion. In this embodiment the 
wavelength in Fig. 5 must be taken as the wavelength of the modulation 
envelope with a consequent decrease in precision. 

The three curves of Fig. 5 embrace all of the techniques so far devel¬ 
oped. Other orders of precision are, of course, possible but it is difficult 
to think of new mechanisms that do not fall into one of the classes shown. 
The names of a number of systems have been inserted in Fig. 5 at points 
indicating the appropriate wavelengths and accuracies. In the case of 
each system with average errors greater than those indicated by the 
appropriate line, it is easy to find a modest improvement in technique 
that would reduce the average errors. LF Loran, using ground-wave 
transmission, is the only case in which the potential accuracy is greater 
than that indicated by our criterion. As one of those most closely 
associated with the development of this system, the writer can testify 
that it required extreme effort to produce pulses sufficiently short to 
achieve this result, and that this labor was hardly justified by any great 
operational advantage. 


distance-measuring equipment and two ground-based responder beacons, and its 
actual accuracy has not yet been exceeded. This achievement stems primarily from 
the careful design of the system for its intended function. The choice of constants, 
such as pulse length and bandwidth, is admirable. The average errors are primarily 
propagational and are of the order of 20 yards at distances up to about 250 miles. 

Micro-H is a similar system using an airborne radar set for the same purpose. It 
is now obsolete. 
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A study of the accuracies of the various systems indicates exactly 
what we might expect; that it is relatively easy to approach the criteria 
indicated in Fig. 5 but di£5icult to exceed the indicated accuracies by a 
worth while margin. 

Fig. 5 has given us the reasonable minimum errors of measurement. 
To these we may add the errors inherent in E-layer sky-wave transmis¬ 
sion, to deduce the minimum errors of received sky-wave pulses. These 
curves are shown in Fig. 6 and in the composite ground- and sky-wave 
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Fig. 6.—Minimum errors, comparable to those of Fig. 5, but including E-layer sky- 

wave transmission errors. 


pattern of Fig. 7. The derivation of these curves is purely empirical but 
they are believed to be reasonably accurate. There is no correspcmding 
curve for phase measurement because, as mentioned above, sky-wave 
transmission invalidates phase measurement except in the case of modu¬ 
lated waves, and in this case most of the errors would be beyond the 
limits of Figs. 6 and 7. Similarly, there are no curves for F-layer trans¬ 
mission which would multiply the sky-wave errors shown by a factor of 
the order of 10. 


6. Geometric Factors 

From a study of Figs. 4 and 7, now, we can deduce the range and 
maximum accuracy of any radio aid to navigation with the exception of 
direction-finding. So far, however, we have the accuracy available at 
only one special point in the service area of a system. Any departure 
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from that point will lead to increased errors. We must now examine the 
geometrical factors that operate to increase the errors of any practical 
system. To do this we shall return to the classification of circular, 
hyperbolic, and radial systems. For the first two the minimum average 
errors of fix can be estimated from Fig. 7. Radial systems will be dis¬ 
cussed after dealing with the other two. 

Figs. 8, 9,10, and 12 show the rate of increase of the average error of 
fix with distance, when distance is measured in the direction shown in 
each of the small inset diagrams. The unit of distance is the length of 
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the baseline between the transmitters used to obtain a fix, as shown by 
the dotted lines in the key diagrams. The unit of average error of fix for 
Figs. 8, 9, and 10 is the minimum average error of fix obtained from 
Fig. 7. 

In any direction other than those shown, the errors increase more 
rapidly. This effect may be estimated quite well because the accuracy 
of a system is, in general, a simple function of the angle subtended by the 
stations as seen from the navigator’s position. Therefore the error at 
any point is about the same as the error at a point in the best direction 
(shown on Figs. 8, 9, and 12) where an equal angle is subtended by the 
transmitters. In the cases of Fig. 10 and the three-station system of 
Fig. 12, the errors do not vary appreciably with direction. 

Fig. 8 represents the simplest case, that of a circular, or distance¬ 
measuring system. Here the error of range measurement does not 
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suspend on distuioe so that variations of the average error of fix depend 
only upon the crossing angle of the two circular lines of position. The 
error is infinite at zero distance, because the lines of position are tangent 
there; it falls to unity when the distance is half the baseline and the 
crossing angle is 90 degrees. Thereafter the errors increase almost in 
proportion to the distance. At three times the length of the baseline, 
for instance, the average error of fix is 3.1 times the minimum average 
error of fix. 

Hyperbolic systems give more complex patterns, some of which are 
shown in Fig. 9. The simplest and worst orientation of stations is the 



Fio. 8.—^The relative errors of fix of circular systems as a function of distance. 

triplet in which two baselines are laid end to end as shown in the upper 
part of the small diagram. Here the errors increase nearly as the square 
of the distance because the hyperbolas diverge while the crossing angle 
decreases, but fortunately the inherent minimum average errors are 
small so that useful service has been provided in areas where the “dilu¬ 
tion factor” was as high as 50. It should be noted that there is no point 
in the neighborhood of a triplet where the average error of fix is less than 
about 1.3 times the minimum average error. 

For a given length of baseline the best orientation of stations is that 
which gives a crossing angle of 90 degrees at the navigator’s position. 
This condition is assumed for the curves marked “Two Pairs” on Fig. 9. 
Thus the general solution to any hyperbolic problem will lie between the 
solid curves of that figure. So far as we know, the same construction 
applies for the case of unresolved sky-wave transmission, where the 
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timing errors do not vary greatly with distance. Resolved sky waves, 
on the other hand, yield smaller timing errors at longer distances so that 
the increasing geometrical errors are partially cancelled. The corre¬ 
sponding curves, for E-layer transmission, at medium frequencies, are 
shown dashed in Fig. 9. The unity error to be used with these dashed 
curves is, of course, the sky-wave value from Fig. 7. 

The important special case of two pairs of hyperbolic stations with a 
common center and baselines at right angles (the hyperbolic quadri- 



DISTANCE 
BASE LINE 


Fig. 9.—The relative errors of fix of hyperbolic systems as a function of distance. 

lateral) is shown in Fig. 10. This is the best possible orientation of sta¬ 
tions when navigation is desired only within the confines of the square. 
Outside the square, as shown by the error curve, the crossing angles 
degenerate very rapidly, but within the square the errors are small and 
sensibly constant. 

The treatment of Figs. 5 through 10 has summarized the accuracy of 
circular and hyperbolic systems. Radial, or direction-finding, systems 
may be compared to the others by a correspondingly simple treatment. 
The standard error in this case is the average error of the line of position 
at a distance equal to the length of the baseline. This LOP error may be 
estimated from Fig. 11 in which lines are given for average angular 
errors of 1, 2.0, and 6 degrees. Nearly all direction-finding techniques 
seem to give average errors near one of these values; some examples are 
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Fig. 10.—The relative errors of fix for the special case of the hyperbolic quadrilateral. 



DISTANCE IN STATUTE MILES 

Fig. 11. —Line of position errors of a number of direction-finding methods as a func¬ 
tion of distance.* 


* The Adcock antenna is a design that is particularly free from the pernicious effects 
of varying polarization of sky-wave signals. Its use therefore results in reduced 
errors when receiving sky-wave signals. The antenna is inherently large so that it 
cannot be used on aircraft and is not often found on shipboard. 
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noted on the figure. The average error of fix at any distance may be 
found from Fig. 12, which is similar to the other figures just cited except, 
that the unity error, in this case, is for a line of position rather than for a 
fix. The minimum error of fix at any point is not unity but has a value 
of 0.92. 
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Fig. 12.—The relative errors of fix of radial systems as a function of distance. 


6. Range vs. Accuracy 

Systems using a combination of methods, such as the omnidirectional 
range with distance-measuring equipment, must be examined individ¬ 
ually. In this case, the distance-measuring equipment ordinarily has 
much smaller linear errors than the omnidirectional range. The average 
error of fix is therefore practically equal to the line of position error of the 
omnidirectional range. 

The treatment described in the last few pages will permit the estima¬ 
tion of the range and accuracy of a proposed radio aid to navigation. 
The data from Figs. 4 and 7 may be combined into many useful patterns 
provided it is remembered that the practical errors are always greater 
than the minimum average error, and are, in many cases, from three to 
ten or more times as great. 

Perhaps the most useful of these secondary diagrams is shown in 
Fig. 13. By intercomparison of Figs. 4, 7, and 11, we can determine the 
maximum accuracy of the various possible techniques that can be used 
at the wavelengths requisite for the achievement of any desired range. 
A number of these lines showing the potential behavior of some of the 
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better systems are given in Fig. 13. In each case the baseline is always 
assumed to be equal to the range, for a shorter baseline would result in 
increased errors. Thus the diagram shows errors that cannot be reduced 
except by improvement in measuring technique, for ranges less than 
1000 miles, or by reduction of the variations due to sky-wave transmis¬ 
sion for the longer ranges. 



Fig. 13. —The minimum errors of fix attainable by various techniques as a function 
of maximum required range. The heavy lines represent the best techniques so far 
reduced to practice. 

The heavy line of Fig. 13 indicates the minimum errors of fix attain¬ 
able at any range from 300 to 4000 miles. At 1000 to 1500 miles, for 
instance, the line marked “Standard Loran Sky Waves” is based upon 
the actual fluctuations in the time of arrival of sky waves. This level 
of error (1^ miles) is not adopted for the heavy line because operation of 
this sort can be had only at night. The LF Loran curve, at the same 
range, shows about twice the minimum errors because ground waves 
interfere with the sky-wave transmission, which would be more accurate 
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if it could be observed alone. The curve called ** Modulated Decca’’ is 
drawn for a mythical system on the assumption justified by estimates of 
the sky-wave delay time at low frequencies, that, by the use of the LF 
Loran pulses, the composite-wave timing errors are reduced to about 
one-half of their normal cw value. At very long wavelengths, or very 
long ranges, the modulated Decca technique (or any other phase system 
operating with a modulation frequency low enough to avoid problems of 
ambiguity) would realize greater accuracy than LF Loran, which would 
be striving for pulse matches with absurdly long pulses. The actual 
errors to be expected in the case of ''Modulated Decca'' are probably 
uncertain by a factor of 2. The curve is dashed because this system is 
not operational. 

For ranges less than a thousand miles, phase measurement on ground- 
wave transmissions is capable of yielding average reading errors of the 
order of ti^ of a i^ilo or less, depending on the range. There is prob¬ 
ably little practical use to be expected from this technique because the 
velocity of radio waves in the atmosphere is not suflSciently constant to 
justify the effort. The dashed heavy line on Fig. 13 is drawn for errors 
equal to 1/10,000 of the range. Exploitation of systems having errors 
smaller than this will require the determination of the velocity of propa¬ 
gation for the altitude and climatic conditions in question. Probably 
errors 10 times below this level can be achieved by careful consideration 
of this point. 

The merits or potential merits of a navigation system may easily be 
determined by the methods of this paper because the three basic factors 
that determine range and accuracy have been treated individually. 
Figs. 1 to 4 and the sky-wave curves of Figs. 6 and 7 summarize the 
effects of radio transmission; Figs. 6 and 7 exhibit the inherent errors 
that are controlled by the choice of technique and the limitations of 
electronic equipment; and Figs. 8, 9, 10, and 12 summarize the geometri¬ 
cal relationships in the various systems. 

If greater detail should be desired, families of curves, instead of 
single lines, may be drawn to show the effects, for instance, of variations 
in transmitter power, noise level, bandwidth, season of the year, and 
time of day. Unfortunately many of the data are lacking for the imme¬ 
diate construction of such diagrams. Even in their absence, however, 
it is probable that the figures shown herein give solutions within 20% in 
range and within a factor of 2 in accuracy for most practical situations. 
Additional data, in some cases, would improve the precision of the 
present curves. 

Two fundamentally important conclusions are to be derived from 
Fig. 13 and from this whole discussion: 
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a. At distances less than 800 or 1000 miles, accuracies of 0.1 mile or 
better are easily attainable; 

b. At distances greater than 1000 miles, the minimum average errors 
• of fix are of the order of 3 to 5 thousandths of the distance, and the 

practical average errors over a large area may be as much as 1% 
of the range. 




Author Index 


Numbers in parentheses are reference numbers. They are included to assist in locating references 
in which the authors’ names are not mentioned in the text. 

Example: Allison, H. W., 58 (88), 54 (88), indicates that this author’s article is reference 88 on p. 58. 
Numbers in italic refer to the page on which the reference is listed in the bibliography at the end of each 
chapter. 


A 

Abbot, T. A., 220 (11), 239, 264 (11), 
see (11) 

Abramov, A., ISB (130) 

Afanasjeva, A. V., 73,108 (175), IZl (39, 
40), m (62), ise (176), m ( 232 ) 
Agar, W. 0., SiB (23) 

Abeam, A. J., 71, 78, IZO (20) 

Alford, A., 376, S80 (15) 

AUen, E. W., 405 (17), 417, 419, 420 
(17, 26), 420 (24), 421, m (17), 
m (22, 24, 25) 

AUen, J. a, m (113) 

AUison, H. W., 58 (88), 64 (88) 

Alvarea, L. W., 276 (10), 311, S15 (10), 
Sie (30) 

Antonov, V. A., 1Z6 (141) 

Appleton, E. V., 644 
Aram, N. W., 415, 4ZS (21) 

Aranovich, P. M., 108 (176), 116, ISB 
(176) 

Aranovich, R. M., 1Z9 (233) 

Armstead, P. C., 265 (128), Z68 (128) 
Arnold, H. D., 24 (47), 66 (47) 

Aston, F. W., 220,228,238,240,250,256, 
S6B (2), 666 (26), 667 (46, 48, 60, 
87), 668 (100) 

B 

Baarden, J., 50, 64 (82) 

Bainbridge, K. T., 224,226,227,238,242, 
244,245,246,247,254,256 ,666 (16), 
667 (60), 668 (93) 

Baldwin, M, W., 166 ,166 (21) 

BaUard, R. C., 141 ,166 (1) 

Barnes, D. E., 616 (19) 


Bartels, J., 644 (4) 

Bartky, W., 226, 247, 666 (20) 

Bateman, R., 644 
Bates, D. R., 644 
Bauchman, R. W., 419, 466 (28) 

Bauer, N., 254 (92), 668 (92) 

Bay, Z., 166 (85), 167 (187) 

Beach, J. Y., 254 (92), 668 (92) 

Becker, A., 79 (4), 82, 83, 88, 160 (3, 4, 
13) 

Becker, G. A., 160 (245) 

Becker, J. A., 4, 61, 66 (6, 9), 64 (89), 70, 
73 ,161 (32) 

Bekow, G., 74 ,167 (188) 

Bendt>Nielsen, B., 228 (32), 666 (32) 
Benjamin, M., 9, 10 (21), 17 (34), 66 
(20, 21), 66 (34) 

Beringer, R., 376, 377 (20), 680 (20) 

Berkner, L. V., 644 

Berlin, T. H., 295, 616 (21, 25) 

Berry, C. E., 220 (7), 260 (7), 261 (114), 

666 (7), 668 (114) 

Bethe, H., 87, 91, 92, 106, 160 (16), m 
(189) 

Bey, A., 166 (68) 

Beyer, O., 166 (71) 

Beynon, W. J. G., 644 (6,13) 

Bhawalker, P. R., 90 (63), 166 (63) 
Binnian, W., 419, 466 (28) 

BlackweU, H. R., 146 ,166 (7) 

Bleakney, W., 208, 211 (20), 618 (20), 
220 (9), 231, 238, 239, 242, 247, 250, 
251,254,260 (9), 266 (9), 666 (9,36), 

667 (49, 59, 63, 83) 

Blewett, J. P., 1, 2,14, 30 (1), 32, 61, 62, 
66,61 ,66 (1,3) 64 (84), 288, 616 (16) 
Bohm, D., 295, 616 (22) 

Bojinesco, A., 164 (114,115) 



454 


AtTTHOB INDEX 


Bolton, J. G., 356 
Bondy, H., 238, 246, m (55) 

Booker, H. G., SU, 397, 402 (10), 

( 10 ) 

Booth, E. T., 258 (108), m (108) 
Borzyak, P., 115, m (116, 117) 

Bowie, R. M., 199 (14), ZIS (14) 
Bredennikowa, T. P., 21, 6S (40) 
Brinsmade, J. B., 82, 83, ISO (9) 
Brobeck, W. M., 276 (10), 301 (18), S16 
(10), S16 (18) 

Bronstein, 82, 1S9 (224) 

Brown, B. B., 37, 64 (72) 

Brown, H., 239, 265 (122, 123), 367 (67), 
S68 (122, 123) 

Brown, J. B., ISS (64) 

BrOche, E., 197, S18 (11) 

Bruining, H., 66, 68 (66, 86, 87,120, 216), 
70, 72, 76, 77 (65, 86), 78 (86, 118), 
84, 88, 90, 98 (87, 120), 99 (119), 
100,105,106,107,108,110,116,117, 
ISl (41) ISS (66), ISS (86-89), 1S4 
(118-120), tS7 (190) IS8 (216) 
Brunner, W., 384 (1), 4Si (1) 
Buckingham, R. A., S44 (10) 

Buechner, W. W., 271 (2), SIS (2) 
Burgers, W. G., 9, 11, 6S (19), 77 (65), 
ISS (65) 

Burgess, J. S., 68 (250), ISO (250) 

BurriU, E. A., 271 (3), SIS (3) 

Burton, J. A., 18, 6S (37) 

C 

Carnahan, C. W., 415, 4SS (21) 

Cartan, L., 226, S66 (22) 

Cazalas, A., 176, S18 (5) 

Chamanlal, C., S44 
ChamberUn, O., 265 (130), S68 (130) 
Champieux, R., 36, 38 (69), 40, 6S (69) 
Chapin, E. W., 392 (9), 4SS (9) 

Chapman, S., S44 (4, 16) 

Charlton, E. E., 281 (12), SIS (12) 
Chaudri, R. M., 71, 72, 1S7 (191) 

Clarke, I. G., 376, S80 (15) 

Classen, E. F., 415, 4^^ (21) 

Coates, W. M., 306, S16 (27) 

Cobb, P. W., 146, 166 (5) 

Cockcroft, J. D., 271 (1), SIS (1) 
CoggeshaU, N. D., 208, 210, 211 (21, 26) 


S18 (21, 26), 222 (13), 239, 255, 666 
(13), Se7 (69), 668 (94, 95) 

Cohen, A., 250, 251, 667 (84) 

Condon, E. U., 256, 668 (99) 

Connor, J. P., 146, 166 (6) 

Cooksey, D., 276 (10), SIS (10) 

Coomes, E. A., 12 (27), 32, 38 (27), 53 
(27), 54, 55 (27), 6S (27), 68 (121), 
71, 72, 73 ,164 (121) 

Copeland, P. L., 70, 71, 89 (155), 107, 
ISl (26), ISS (90), 164 (122), 1Z6 
(155), 169 (227) 

Corson, D. R., 276 (10), SIS (10) 

Costa, J. L., 238, 667 (47) 

Cottony, H. V., 364, S80 (27) 

Cowling, T. G., S44 

Crane, H. R., 298 (24), SW (24) 

Crichlow, W. Q., 364, S80 (27) 

Crowther, B. M., 199 (15), 200, 618 (15), 
238, 247, S67 (54) 

D 

Daene, H., 79 (14), ISO (14) 

Darbyshire, J. A., 5, 11, 63 (12, 25) 
Darwin, C., S4S 

Davison, W. L., 220 (3), 666 (3) 
Davisson, C. J., 85, 160 (10) 
de Boer, J. H., 5 ,66 (11), 68 (66,87,120), 
70, 72, 77 (65), 78 (29, 118), 98 (87, 
120), 99 (119), 107, no, 117, 161 
(29), 166 (66), 163 (87), 164 (118- 
120) 

Dechcnd, H. V., 250, 667 (79) 

Dellinger, J. H., S4S 

de Lussannet de la Sabloni6re, C. J., 95 
161 (25) 

Dempster, A. J., 224, 226, 228, 230, 231, 
237, 238, 241, 243, 246, 247, 254, 
256, 257, 260 (111, 112), 263, 666 
(18, 20, 21, 28, 29), 668 (111, 112, 
116) 

Dennison, D. M., 208, 217, 618 (25), 295, 
S16 (21, 25) 

De Vries, H., 144, 166 (3) 

Dicke, R. H., 376, 377 (20), S80 (20) 
Dillinger, J. R., 43, 44, 54, 64 (78, 86) 
Dobroljubski, A. N., 115, 161 (42-44), 
166 (67) 

Dole, M., 256, 668 (96) 



ATTTHOB INDEX 


455 


Dunning, J. R., 258 (108), m (108) 
Dyatlovitskaya, B. I., ISS (166) 

E 

Eckersley, T. L., S4S 
Edlefsen, N. E., 271 (6), SIS (6) 
Eggleston, F., 384 (5), 4SS (5) 

Eisenstein, A., 11 (26), 12 (30), 15, 25 
(52, 55), 26 (33, 58) 27 (33), 42 (61), 
43, 53 (33), 6S (26), 63 (30, 33, 62, 
55, 68) 

Elder, F. R., 296 (20), 316 (20) 

Elinson, M. I., 119 (240), 139 (240) 
Elterton, G. C., 265 (120), 368 (120) 
Epstein, P. S., 405, 407 (15), 419 (15), 
433 (15) 

Eskola, P., 25 (54), 63 (54) 

Evans, M. W., 254, 368 (92) 

Evans, W. E., 346 (31) 

Everhart, E., 309 (29), 316 (29) 

Ewles, J., 23, 63 (46) 

F 

Falloon, S., 346 (23) 

Fan, II. Y., 36, 37, 63 (68) 

Farmer, F. T., 345 (22, 23) 

Farnsworth, H. E., 68 (5), 79 (5), 85, 
89, 130 (5, 21), 131 (45), 134 (HO) 
Farnsworth, P. T., 114, 131 (27), 150, 
166 (14) 

Feenberg, E., 253, 368 (90) 

Feldman, 349, 380 (6) 

Ference, M., 346 (44) 

Ferraro, V. C. A., 345 
Fineman, A., 25, 42 (51), 43, 53, 63 (52), 
64 (85) 

Fleming, J. A., 344 (3) 

Fleming-WUliams, B. D., 197, 198 (12), 
318 (12) 

Flory, L. E., 151, 166 (16) 

Foldy, L., 295, 316 (22) 

Forrester, A. T., 239, 250, 252, 367 (75) 
Fowler, R. D., 239, 367 (67) 

Frank, J., 256, 368 (98) 

Frank, N. H., 295, 297 (23), 316 (23) 
Frerichs, R. V., Ill (123), 134 (123) 
Fricke, H., 117 (24), 131 (24) 

Friedheim, J., 116, 137 (192) 


Friis, H. T., 349, 368 (12), 380 (6, 12) 
Frimer, A. I., 108, 136 (156), 130 (265) 
FrdhUch, H;, 91 ,130 (22) 

Frumin, M. I., 82 ,137 (19) 

G 

Gaertner, II., 11, 63 (24) 

Ganoung, R. E., 146, 166 (6) 

Gardner, B. C., 150, 166 (15) 

Germer, L. H., 85, 130 (10) 

Geyer, K., 98 (169), 113, 136 (159), 138 
( 211 ) 

Geyer, K. H., 70, 71, 98 (218), 104, 105, 
111, 138 (218), 139 (225) 

GiUe, G., 116, 137 (193) 

Gimpel, I., 84, 139 (226) 

GOrlich, P., 137 (194), 138 (219) 

Gooden, F. S., 313 (31, 32), 316 (31, 32) 
Goward, F. K., 316 (19) 

Graham, R. L., 239, 265 (127), 367 (73), 
368 (127) 

Greenblatt, M. H., 81, 130 (256) 
Greenstein, J. L., 379 (23, 26), 380 (23, 
26) 

Grenchik, R., 252, 367 (88) 

Grosse, A. V., 258 (108), 368 (108) 
Grove, D., 239 (68), 367 (68) 

Gubanov, A., 136 (157) 

Gtintherschulze, A., 117, 118, 119, 131 
(23, 24) 

Gurewitsch, A. M., 296 (20), 316 (20) 
Gurilev, B., 135 (130) 

Gurney, R. W., 19 (38), 22 (44), 63 (18), 
63 (38, 44), 64 (87) 

H 

Hachenberg, 0., 139 (236) 

Hagen, C., 133 (68), 134 (124) 

Hagstrum, H. D., 265 (126), 368 (126) 
Halpern, J., 309 (29), 316 (29) 

Hammer, W., 250, 367 (79) 

Hannay, N. B., 42, 64 (77) 

Harang, L., 345 
Harries, J. H. 0., 139 (234) 

Hartman, C. D., 75, 137 (185) 

Hass, W., 36, 63 (67) 

Hastings, A. E., 89, 136 (158) 

Haworth, L. J., 83 ,131 (30, 46) 



456 


AITTHOR INDKX 


Hayden, R. J., 250, 252, 253, 258 (101- 
104, 106), 260 (110, 113), m (86), 
m (89, 101-104, 106,110, 113) 
Hayner, L. J., 80, 81, lU (31), m (76) 
Headrick, L. B., 98 (136), 111 (136), m 
(136) 

Hecht, S., 148, 166 (10) 

Hedvall, J. A., 25 (53), 6S (63) 

Heiman, W., 98 (159), 113, 1^6 (159) 
Heinze, W., 12, 36, 63 (28, 67, 70) 
Hellivell, R. A., 345 (31) 

Helmholtz, A. C., 258 (107), m (107) 
Hemmendinger, A., 238 (57), IS67 (57) 
Henneberg, W., 197, 205 (19), 318 (11, 
19) 

Henyey, L. G., 379, 380 (23) 

Herb, R. G., 271 (4), 315 (4) 

Herbatreit, J. W., 364, 380 (27), 389, 
419 

Herold, K., 133 (69) 

Herring, C., 7, 25, 62, 63 (57) 

Herzog, R., 205 (18), 318 (18), 223, 225, 
226, 246 (19), 366 (15, 19) 

Hess, D. C., 250, 252, 253, 258 (102-104, 
109), 260 (110, 113), 367 (86), 368 
(89, 102-104, 109, no, 113) 

Hey, J. S., 346, 366, 366, 380 (8,11,14) 
Hickam, W., 239 (68), 367 (68) 

Hickock, 114 

Hide, G. S., 313 (31), 316 (31) 

Higgins, G. C., 149, 166 (11) 

Himpan, J., 170, 318 (1) 

Hintersberger, H., 98 (125), 107, 109, 111 
(126), 134 (125), 238 (53), 367 (63) 
Hippie, J. A., 208, 211 (20), 318 (20), 222 

(6) , 239, 241, 247, 260 (6), 265 (124), 
366 (6), 367 (63, 68, 72), 368 (124) 

Hirano, K., 34, 35 (66), 41, 63 (66) 

Honig, R. E., 235, 366 (43) 

Hoover, H. H., 220 (5), 239, 260 (6), 262, 
366 (5) 

Huber, H., 5, 10 (13), 11, 63 (13) 

Hudson, C. M., 271 (4), 316 (4) 

Hulburt, E. 0., 346 

Hustrulid, A., 220 (11), 239, 264 (11), 
366 (11) 

Hutter, R. G. E., 170, 183, 184 (7), 194 

(7) , 206 (17), 318 (3, 4, 7, 17), 226, 
366 (23) 

Huxford, W. S., 34, 63 (65) 


Huxley, L. G. H., $46 
Hyatt, J. M., 94, 130 (11) 

1 

lams, H. A., 131 (32), 163,164, 166 (17, 
18) 

Ignatov, A. S., 108 (see Timofeev), 131 
(40) 

Inghram, M. G., 236, 239, 250, 261, 262, 
263, 258 (101-105, 109), 260 (110, 
113), 266 (123, 131), 367 (44, 70, 
85, 86), 368 (89, 101-105, 109, 110, 
113, 123, 131) 

Ingram, L. J., 344 (8) 

J 

Jacobs, R., 264 (117), 368 (117) 

Janes, 114 

Jansky, K. G., 348, 349 (3), 360, 364, 
380 (1-3) 

Jensen, H. H., 313 (32), 316 (32) 

Joffe, J., 34, 63 (64) 

Joffe, M. S., 137 (195) 

Johannsen, G., 238, 246, 367 (55) 

Johler, J. R., 364, 380 (27) 

Johnson, J. B., 98 (257), 102, 103, 104, 
106, 109, 112, 139 (236), ISO (248, 
249, 257) 

Johnson, R. P., 118, 133 (73) 

Jones, L. A., 149, 166 (11) 

Jones, T. J., 4, 5, 63 (10) 

Jonker, J. L. H., 78, 133 (91-93), 124 
(126) 

Jordan, E. B., 224, 226, 238, 239, 243, 
244, 245, 255, 256, 366 (l'6), 367 (66, 
69), 368 (94) 

K 

Kadyschevitsch, A. E., 82, 83, 89, 92, 
106, no, 136 (160), 137 (196), 139 
(242, 243) 

Kamogawa, H., 136 (161) 

Katz, H., 88, 133 (70) 

Katzin, M., 419, 433 (28) 

Kawamura, H., 31, 34, 35 (66), 40, 41, 
61, 63 (61, 66) 

Kennan, P. C., 879, 380 (28) 



▲UTHOB INDEX 


467 


Kennard, E. H., 283 (42), 1686 (42) 
Kennedy, W. R., 189 (227) 

Kerr, D. E., 397 (11), 402 (11), m (H) 
Kent, D. W., 278, 281, 286 (14), 816 
(11,13,14) 

Khan, A. W., 71 ,187 (191) 

Khlebnikov, N. S., 68 (96), 70, 79, 115, 
188 (94, 96), 185 (127,129) 
Kingdon, K. H., 229 (33), 866 (33) 
Kirvalidze, I. D., 186 (162) 

Kluge, W., 188 (71) 

Knoll, M., 74, 181 (47), 186 (128), 189 
(236) 

Knudsen, M., 233, 866 (39, 40) 

Koch, J., 228, 866 (32) 

Kohlman, T. P., 263, 868 (91) 

KoUath, B., 66, 67 (72), 68 (72), 69, 74, 
76, 78 (98), 83, 96, 188 (72), 188 
(96-98), 186 (163), 187 (198) 

Roller, L. R., 68 (250), 118 ,188 (73), ISO 
(250) 

Korshunova, A., 116, 188 (94), 186 (129) 
Kosman, M., 186 (130) 

Kramers, H. A., 379, 380 (25) 

Krautz, E., Ill (123), 184- (123), 186 
(131) 

Krenzien, O., 106 ,188 (74), 188 (220) 
Kruithof, A. A., 114 ,181 (34) 

Kubetzkii, see Kubetzky 
Kubetzky, L. A., 188 (75), 189 (237) 
Kuljvarskaya, B. S., ISO (260) 

Kundt, W., 68 (230), 75, 79, 186 (144, 
145), 189 (229, 230) 

Kurrelmeyer, B., 80 ,188 (76) 

Kushnir, Y, M., 82, 186 (132, 133), 187 
(199) 

Kwarzchawa, I. F., 115, 181 (48), 189 
(238) 

L 

Lallemand, A., ISO (251) 

Landon, D. H., 68 (108), 184 (108) 
Lange, H., 94 ,180 (6) 

Langenwalter, H. W., 82 (33), 83, 181 
(33) 

Langmuir, I., 229 (33), 866 (33) 
Langmuir, R. V., 296 (20), 816 (20) 
Lantz, P. M., 258 (105), 868 (105) 

Lapp, R. E., 260 (111), 868 (111) 


Larson, G. 150 ,166 (15) 

Law, H, B., 165 ,166 (19) 

Lawrence, E. 0., 271, 272 (7), 276 (10), 
301 (18), 816 (6, 7, 10), 816 (18) 
Leiger, E., 265 (119), 868 (119) 

Levin, N. M., 119 (240), 189 (240) 
Lincoln, J. V., 384, 481 (2) 

Livingston, M. 8., 272 (7, 8), 276 (8, 9), 
277 (8), 816 (7-9) 

Lofaren, E. J., 300 (26), 816 (26) 

Loosjes, R., 44, 64 (80) 

Lortie, M., 184 (112), 186 (160) 

Lowry, G. F., 4, 68, 61 (7), 68 (7) 

Lozier, W. W., 250, 261, 867 (83) 
Lukjanov, 8. J., 77 ,188 (99), 189 (239) 
Lunkova, J., 108 (177), 187 (177, 178) 

M 

MacCoU, L. A., 84 (35), 181 (36) 
McCready, L. L., 376, 377 (21), 379 (22), 
880 (21, 22) 

McIntosh, L. R., 271 (3), 816 (3) 
McKay, K. G., 71, 72, 73, 79 (221), 188 
( 221 ) 

MacKenzie, K. R., 300 (26), 301 (18), 
816 (18, 26) 

McMillan, E. M., 266 (132), 868 (132), 
276 (10), 289, 296, 300, 301 (18), 
816 (10), 816 (16, 18) 

McNish, A. G., 844 (9), 384, 481 (2) 
Mahl, H., 68 (134), 118, 188 (77), 188 
(100) 186 (134) 

Majewski, W., 186 (135) 

Malter, L., 114, 116, 117, 118, 119, 181 
(49), 188 (61), 188 (200) 

Mann, A. K., 256, 868 (97) 

Manning, L. A., 846 

Mariner, T., 220 (9), 260 (9), 265 (9), 
866 (9) 

Martin, 8. T., 98 (136), 111 (136), lU 
(136) 

Martyn, D. F., 848, 376 (17), 880 (17) 
Massey, H. 8. W., 6 (17), 68 (17), 844 
( 10 ) 

Mathes, I., 116 ,188 (201) 

Matsumoto, T., 186 (143) 

Mattauch, J., 225, 226, 238, 245, 246 
(19), 247, 266, 866 (19), 867 (62, 63, 
61) 



458 


▲TTTHOB INDEX 


Maurer, G., 107,110, 1S8 (202) 

Maurer, R. J,, 6 (16), 13 (16), 6$ (16) 
Mecklenburg, W., 12, 63 (29) 
Mendenhall, H. E., 68 (258), ISO (258) 
Metcalf, G. F., 260, m (82) 

Meyer, W., 14, 63 (32) 

Meyerhof, W. E., 36 (71), 64 (71) 

Miller, P. A., Jr., 81, ISO (266) 

MiUer, P. H., 36 (71), 64 (71) 

Milyutin, I., 135 (132, 133) 

Mimno, H. R., 344 (2), 345 (38) 
Mitchell, J., 239, 367 (67) 

Mitra, S. K., S 44 (1) 

Mohler, F. L., 346 
Moon, P. B., 228, 366 (27) 

Moore, G. E., 68, 69, 62, 64 (88) 
Morgulis, N. D., 39, 64 (74), 101, 102, 
104, 107, 133 (101), 135 (137), 136 
(164-166), 138 (204) 

Morozov, P. M., 75 ,138 (205, 206) 
Morrison, J., 21, 32, 63 (41) 

Morton, G. A., 112, 114, 133 (61), 136 
(168), 150, 151, 153, 164, 166 (12, 
16, 17) 

Moss, F. K., 146, 166 (5) 

Moss, H., 195, 318 (8) 

Mott, N. F., 19 (38), 22 (44), 34, 47, 63 
(18), 63 (38, 44, 63), 64 (87) 

Moxon, L. A., 354, 380 (10) 

Muhlenpfort, J., 119 ,133 (102) 

Mueller, C. W., 98 (244), 99 (244), 100, 

111, 139 (244) 

MtiUer, H. 0., 76, 77, 106, 133 (78) 
Mulliken, J., 237, 367 (45) 

Murgoci, R., 4, 58, 61 (8), 63 (8) 
Murphy, B. E., 265 (125), 368 (125) 
Murphy, R. F., 265 (129), 368 (129) 
Muskat, M., 210, 318 (26) 

Mutter, W. E., 43, 44, 48, 58, 62, 64 
(79, 81) 

Myers, D. M., 96 ,133 (79) 

N 

Nagorsky, A., 101, 102, 104, 133 (101) 
Naismith, R., 344 (5, 7, 8) 

Nechaev, I. V., 137 (195) 

Nelson, H., 98 (103), 99 (103), 107, 111, 

112, 133 (103, 104), 135 (138), 186 
(107) 


Nemilov, Y. A., 113 ,138 (207) 

Ney, E. P., 236, 260, 251, 262, 256, 265 
(128) 367 (44, 85), 368 (97, 128) 
Nichols, M. H., 73 ,131 (37) 

Nier, A. O., 220 (10, 11, 12), 224, 231, 
235, 236, 238, 239, 241, 250, 251, 
252, 254, 258 (108), 264 (11), 265 
(10, 121, 125), 366 (10, 11, 12, 17, 
37), 367 (44, 62, 70, 85), 368 (108, 
121, 125) 

Nijboer, B. R. A., 17, 63 (36) 

Nishibori, E., 31, 40, 41, 63 (61, 66), 138 
(203) 

Norris, L. D., 265 (131), 368 (131) 
Norton, K. A., 369, 376 (18), 380 (18), 
390 (8), 392 (9), 398, 405 (13, 14), 
406 (19, 20), 407 (8, 13), 419 (23), 
420 (23), 4S3 (8, 9, 13, 14, 19, 20), 
433 (23) 

Nottingham, W. B., 98 (80), 112 ,133 (80) 
Nyquist, H., 359, 380 (13) 

O 

OBryan, 9 

O’Daniel, H., 25 (56), 63 (56) 

Oliphant, M. L., 199 (15), 200, 318 (15), 
228, 238, 247, 366 (27), 367 (54), 
313 (31), 316 (31) 

Omberg, A. C., 376 (18), 380 (18) 
Overbeek, A. J. V., 133 (93) 

P 

Paetow, H., 120, 135 (139), 138 (208) 
Palewsky, H., 252, 367 (88) 

Palluel, P., 130 (258a-c) 

Parker, G. W., 258 (104, 105), 368 (104, 
105) 

Parsons, S. J., 354, 356, 366, 380 (8, 11, 
14) 

Pawsey, J. L., 366, 376, 377 (21), 379 
(22), 380 (16, 21, 22) 

Payne-Scott, R., 376, 377 (21), 379 (22), 
380 (21, 22) 

Pekeris, C. L., 345, 397 (12), 402 (12), 

433 ( 12 ) 

Penning, F. M., 114, 131 (34), 232 (38), 
366 (38) 

Pes’yatski, 1. F., 135 (140) 



AUTHOR INDEX 


459 


Petry, R. L., 68 (7), ItO (7) 

PhiUips, J. W., 354, 356, 366, S80 (8, 11, 
14) 

PhiUips, M. L., S4S, 386 (6), 420 (26,27), 
m (6), m (26, 27) 

Phips, T. E., 40 (75, 76), 64 (75, 76) 
Picht, J., 170, $18 (1) 

Pierce, J. A., S4S 
Pierce, J. R., 80, m (107) 

Pike, E. W., 116, 1$8 (215) 

Pineo, V. C., $44 (9) 

Piore, E. R., 112,118, ISS (81), 126 (168) 
PoUack, H. C., 296 (20), 316 (20) 
Pollard, E., 220 (3), 266 (3) 

Pomerantz, M. A., 98 (252), 102, 103, 
104, 112 ,130 (252, 253) 

Popper, K., 238, 246, 267 (55) 

Prescott, C. H., 21, 32, 63 (41) 
Pyatnitski, A. I., 108, 115, 121 (53), 
123 (82), 124 (105a), 127 (178) 

R 

Rajchman, J. A., 126 (154) 

Rakov, V. I., 126 (141) 

RaU, W., 239, 267 (76) 

Ramberg, E. G., 150 
Ramsey, 52 

Randenbusch, H., 117 ,128 (209) 
Randmer, J., 129 (236) 

Rann, W. H., 126 (142) 

Rao, S. R., 74, 120 (17) 

Rapuano, R. A., 309 (29), 316 (29) 
Rayleigh, J. W. 8. (Lord), 406 (18), 
432 (18) 

Reber, G., 349, 350, 354 (7), 356, 376, 
379 (26), 380 (4, 5, 7, 26) 

Reeves, P., 146, 166 (8) 

Reichelt, W., 76, 126 (169) 

Reiman, 8. P., 220 (10), 265 (10), 266 
(10) 

Reimann, A. L., 4, 58, 61 (8), 62 (8) 
Richardson, J. R., 300 (26), 316 (26) 
Richardson, O. W., 72, 84, 120 (18), 129 
(226) 

Rittenberg, D., 265 (118), 268 (118) 
Rogers, F. T., 222, 266 (14) 

Rooksby, H. P., 9, 10 (21), 24 (48-50), 
62 (20, 21), 63 (48-50) 

Rose, A., 39, 64 (73), 144, 148, 154, 155, 
160 ,166 (1), 166 (9, 18-20) 


Rothe, H., 29 ,63 (69) 

Rudberg, E.', 81 (50), 82 (50), 83, 84, 85, 
89, 91, 105 ,121 (50, 51) 

Rttdenberg, H. G., 183, 218 (6) 

Ruedy, J. E., 116, 128 (215) 

Rumbaugh, L. H., 238, 267 (56, 58) 
Rustad, 251 

Rydbeck, 0. E. H., 345 
S 

8aegusa, H., 126 (143) 

Salisbury, W. W., 276 (10), 316 (10) 
Salow, H., 90 (171), 98 (170), 106, 112, 
126 (170, 171) 

Salzberg, B., 121 (32) 

Sampson, M. B., 238, 267 (59) 

Sander, K. E., 354, 380 (9) 

Sandhagen, M., 123 (105) 

Sard, R. D., 80, ISO (254) 

Schade, O. H., 144, 153, 165, 166 (4) 
Scherer, K., 98 (172), 106, 112 ,126 (172) 
Schlechtweg, H., 129 (228) 

Schlesinger, K., 196, 197, 218 (9, 10) 
Schmerwitz, G., 79 (14), 120 (14) 
Schmidt, A., 14, 63 (32) 

Schneider, E. G., 124 (106) 

Schnitger, H., 117 ,126 (173) 

Schottky, W., 29, 34, 47, 63 (59, 60) 
Schroeder, A. C., 141, 166 (1) 

Sears, R. W., 4, 62 (9) 

Seaton, 8. L., 344 (12, 14) 

8eifert, R. E., 40 (75), 64 (75) 

Seitz, F., 6 (14), 13 (31), 20 (39), 22 (45), 
62 (14), 63 (31, 39, 45), 64 (83) 
Serber, R., 286 (14), 301 (18), 316 (14), 
316 (18) 

SeweU, D. C., 301 (18), 316 (18) 

Sharpe, J., 199 (13), 218 (13) 

Shaw, A. E., 230, 239,258 (109), 266 (34), 
267 (76), 268 (109) 

Shire, E. S., 199 (15), 200, 218 (15), 238, 
247, 267 (54) 

ShocUey, W., 80, 110 (36), 121 (36), 124 
(107) 

ShuU, F. B., 208, 217, 218 (25) 

Shultz, E. L., 346 
Siegbahn, K., 208, 218 (22, 24) 

Simpson, K. M., 301 (18), 316 (18) 

Siri, W., 239, 252, 267 (77) 



460 


AtTTHOB INDBZ 


^UB, E., 71, 72, ItO (16) 

SkeUett, A. M., m (222) 

Skinner, 9 

Slater, J. C., 84, 91, W (51), 306, 309 
(28, 29), 310, Sie (28, 29), 370 (28, 
29), S80 (28, 29) 

Slattery, J. J., SJjS (44) 

Sban, D. H., 306, 316 (27) 

Slobrod, R. L., 256, 368 (96) 

Smith, D. T., 220 (4), 260 (4), 366 (4) 
Smith, L. G., 260, 251, 367 (83) 

Smith, L. P., 228, 366 (31) 

Smith, N., 346 

Smith, P. T., 231,238,250, 251 ,366 (36), 
367 (.S3) 

Smoluohowski, M., 233, 366 (41) 

Smyth, J. B., 405, 407 (16), 419 (16), 
433 (16) 

Smythe, W. R., 231, 238, 247, 367 (51, 
56, 57, 64) 

SoUer, T., 83 ,130 (19) 

Sorg, H. E., ISO (246) 

Southworth, G. C., 376 (19), 380 (19) 
Sperduto, A., 271 (3), 316 (3) 

SprouU, R. L., 32, 38 (62), 39, 51, 52, 
65, 63 (62) 

Stehberger, K. H., 86 ,130 (12) 

Stephens, W. E., 226, 239, 366 (24), 367 
(74) 

Stevens, C. M., 220 (11), 239, 264 (11), 
366 (11), 267 (70) 

Stewart, G. S., 346 (28) 

Stewart, J., 3^, 4^3 (6) 

Stewart, J. Q., 348 
Steyskal, H., 133 (71) 

Straker, T. W., 346 (49) 

Straus, H. A., 239, 251, 367 (66) 

StrObig, H., 131 (52) 

Subnnann, R., 68 (230), 75, 79 ,136 (144, 
145), 139 (229, 230) 

Swank, R. K, 262, 367 (88) 

Swartholm, N., 208, 218 (22-24) 
Symonds, J. L., 313 (32), 316 (32) 
Siiklai, G. C., 141 ,166 (1) 

T 

Tanaka, M., 138 (210) 

Tate, J. T., 220 (4), 231, 238, 260 (4), 
366 (4, 36) 


Taylor, J. E,, 239 ,367 (71) 

Tmohmann, H., 138 (211) 

Tellegren, B. D. B[., 130 (8) 

Terrill, H. M., 88 ,130 (2) 

Teves, M, C., 133 (91), 136 (174) 

Theile, R., 74 ,136 (128) 

Thode, H. G., 239, 265 (127), 367 (73), 
368 (127) 

Thomas, H. A., 239, 367 (72) 

Thomson, B. J., 250, 367 (82) 

Thomson, J. J., 220, 228, 232, 237, 238, 
260, 366 (1), 366 (26), 367 (78, 80, 
81) 

Thornton, R. L., 276 (10), 301 (18), 
316 (10), 316 (18) 

Taton, E. P., 387 (7), 422 (7) 

Timofeev, P. V., 73, 108, 115, 116, 131 
(39, 40, 63), 133 (62), 133 (82), 136 
(146), 136 (176,176), 137 (177-180), 
130 (246) 

Tol, T., 88 ,131 (38), 

Townes, C. H., 379, 380 (24) 

Treolar, L. R. G., 68 (108), 72, 73, 74, 
92, 93, 96, 116, 133 (54), 133 (83), 
134 (108, 109) 

Trey, F., 107, 139 (231) 

Trolese, L. G., 405, 407 (16), 419 (16), 
433 (16) 

TrueU, R., 90 ,138 (223) 

Trump, J. G., 71, 86 (269), 87, ISO (259) 
Tscheischwili, L., 25 (56), 63 (56) 
TumbuU, D., 40 (76), 64 (76) 

TumbuU, J. C., 86 (110), 134 (HO) 
Turner, C. M,, 271 (4), 316 (4) 
Tyagunov, G. A., 136 (163) 

U 

Unwin, J. J., 344 (10) 

Urey, H, C., 265 (119), 368 (119) 

V 

Van de Graaff, R. J., 71, 86 (269), 87, 
ISO (269), 271 (2, 3,), 316 (2, 3) 

Van Horn, J. R., 260 (111), 368 (111) 
Varadachari, P. S., 137 (182) 

Vaughan, A. L., 220 (4), 260 (4), 366 (4) 
Veenemans, C. F., 9, 63 (22) 

Veksler, V., 289, 296 ,316 (17) 



AUTHOB INDEX 


461 


Venkatamuan, K, 9U (16) 

Verway, E. J. W., 6 (16), 26 (16), 6» (16) 
Vick, F. A., 2, M (4) 

Villard, 0. G., 546 (31) 
Vmk,H.J.,44,54(80) 

Vttdynski, M., 98 (145), 100, 106, 106, 
m (111), 156 (147-149), m (212) 

W 

Wagener, 8., 6, 10 (18), 11, 12, 36, SS 
(13), 65 (28,70) 

Waldmeier, M., 384,455 (4) 
Walkinshaw, W., 397 (10), 402 (10), 
455 (10) 

WaU, R. F., 228,247 (30), 566 (30) 
Walton, E. T. 8., 271 (1),316 (1) 

Wang, C. C., 81, ISO (247) 

Wamecke, R., 68 (56), 71, 72, 79, 93, 

155 (66, 57), 155 (84), 154 (112), 

156 (150) 

Warren, R. E., 271 (4), 516 (4) 

Was, D. A., 88,151 (38) 

Washburn, H. W., 220 (5,7,8), 239,260 
(5, 7, 8), 262, 566 (5,7, 8) 

Wecker, F., 155 (213) 

Weimer, P. K., 155,166 (19) 

Weiss, G., 114,155 (68) 

Weiss, J. G., 116,157 (192) 

Wells, H. W., 844 (12), 846 
Wendt, G., 170,200,212,515 (2,16) 
West, 8.8., 238,567 (66) 

Westendorp, W. F., 281 (12), 816 (12) 
Whalley, W. B., 239,250,252,567 (75) 
Whiddington, R., 88,90,150 (1) 

White, F. W. G., 846 
Widell, G. G., 9,65 (23) 


Wideroe, R., 271 (5), 806 (5), 816 (5) 
Wiley, H. )P., 220 (7), 260, (7), 566 (7) 
Williams, D., 265 (130), 565 (130) 
Williams, T. W., 239,567 (72) 

Wilson, D. W., 220 (10), 265 (10), 566 
( 10 ) 

Wilson, H. A., 2,6,65 (2) 

Wise, E. M., 17 (36), 68 (35) 

Wolff, H., 155 (214) 

Wooldridge, D. E., 68 (152), 71, 78, 74, 
75, 76, 91, 92,156 (151, 162), 157 
(184,185) 

Wooten, L. A., 21,32,68 (42,43) 
Wright, B. T., 300 (26), 816 (26) 

Wright, D. A., 24 (51), 26 (51), 34, 43, 
47, 52,65 (5), 68 (51) 

Y 

Yasnopol’ski, N., 107, 156 (153), 157 
(186) 

Young, W. 8., 262, 565 (115) 

Yumatov, K. A., 108 (180, 181), 157 
(180,181) 

Yuster, P., 265 (130), 565 (130) 

Z 

Zahl, H. A., 846 (44) 

Zernov, D. V., 119,159 (240, 241), ISO 
(260) 

Ziegler, J. A., 239, 265 (127), 567 (73), 
565 (127) 

Ziegler, M., 80,155 (59,60) 

Zuhr, R., 264 (117), 565 (117) 

Zworykin, V. K., 114,116,116,155 (61), 
156 (154), 155 (216), 150, 161,153, 
166 (12,13,16,17) 



Subject Index 


A 

Aberration, 
lens, 200 

second order - of mass spectrometer, 
207 

Absorbing area, 371, 372 
Absorption, 
atoms, 5 

characteristic, 22 
ground 357 

ionospheric, 351, 356, 366, 368 
light in retina, 148 
light quanta, 136, 137 
mesons, 269, 270 
neutron - cross section, 260 
radio waves, 333 
secondaries, 71, 76, 77 
before emission, 91 
spectra, 22 

Accelerating fields, emission in, 37 ff. 
Accelerator, 
induction, 278 ff. 
ion, 270 
linear, 306 ff. 
magnetic, 270, 271 
particle, 269 ff. 
resonance, 271 ff. 

Activation, 
of cathode, 3 
density of - centers, 14 
energy, 
optical, 22 
thermal, 13 
state of, 17 
Activators, 23 
Active centers, 108 
Adatom, 5 
Adsorption, 
of monolayer, 79 
Van der Waals*, 75 
Afl&nity, electron -, 8, 12, 41 
Age of earth, 265 
Age of elements, 265 
Air refraction, 395 
Alkali halides, 98 
Alkaline earth, 

carbonates of the - elements, 3 


compounds, 98 
oxides, 2, 9, 23, 58 
Aluminum oxide, 98, 107, 117, 118 
AM channels, 382 
Amplifier, 

beam deflection -, 167 
electronics, 251 
low noise figure - circuit, 363 
noise of, 133 

vibrating reed type of, 252 
Amplitude modulation (AM), 381 
Analyzer, mass, 220, 226, 237 
magnetic, 81, 96, 222 
symmetrical, 223, 226 
Angular, error, 446 
Angular size of test object, 139 
Anode, hot - source, 228 
Antenna, 

characteristics, 429 
directivity pattern of, 357 
gain of directional, 373 
half-wave dipole, 349, 357 
loop ~, 427 ff. 
noise of, 366 
Q of, 440, 442 
radar, 362 
radiation, 369, 370 
receiving -, height of, 390 
directional 348 
rhombic, 348 
simple three tower -, 431 
transmitting 429 
FM -, 391 
height of -, 390 
Aperture, effect of small -,311 
Atmospheric, 
ducts, 397, 398 
noise, 339, 340, 434 
Atoms, absorption of, 5 
Attenuation, 

field intensity, 418 
radio wave -, 397 
Auroral displays, 332 
Automatic flight, 435 
Available power in radio reception, 358 
Avalanche of electrons, 106 
Azimuth, 

determination of, 430 


462 



SUBJECT INDEX 


463 


finder, 429 
finding, 427, 431 

B 

Back diffusion, 233 

Background counts of amplifier, 133 

Bands, 

conduction 7, 22, 35 
density of electrons on conduction -, 13 
electron 92 
energy 6 
nature of filled -, 9 
Bandwidth, 163, 164 
effective noise 359 
radio signal, 437 
Barium, 4, 5, 25 
BaO, 6 ff. 

(BaSr)O, 6 ff. 

BaCOj, 3, 9, 25 
BajSiOi, 24, 25, 27, 28 
excess - content, 21 
radioactive -, use of, 22 
Barrier layer, 33 
penetration, 47 
theory, 25 
Baseline, 446, 449 
Base metal, 61 
Beam focusing effect, 168 
Beam-splitter, 304 
Beryllium target, 74 
Beta-ray spectrometer, 168 
Betatron, 278 ff. 
accelerating cycle, 279, 280, 281 
critical frequency, 288 
orbit radius, 284 
oscillation, 286, 293, 294 
path of electron, 278 
radiation loss, 295 
rotation frequency, 284 
start, 296 

transformer principle, 287 
Biological tracers problems, 265 
Black body radiation, 369 ff. 

Black surface of secondary electron 
emitters, 77 

Bragg law, reflection, 85 
Break down, 3 

Brightness of scene (television), 135 ff. 
Broadcast band, FM, 381 ff. 

propagation in, 381 ff. 

Burst duration (shot effect), 80 

C 

Calcium oxide, 9, 23, 98, 105 
Cathode, 


activation of, 3 

complete-, 29 ' 

electrolytic base -, 43 
emission theory, 4 ff. 
flushing, 55 
life, 12 

oxide coated -, 1 ff. 
examination of surface of emitting 
12 

preparation of, 3 
properties of, 3 
sparking, 55 
surface of, 5 

thermionic emission of, 2, 29 ff. 
Cathode ray, 
electrostatic - tubes, 195 
indicator, 430 
screen, 23 
tubes, 167, 196 

Charged particles, deflection of, 167 ff. 
Charge pattern, 157 
Chemical, 
barrier, 34 

interface barrier layer, 43 
potential, 13 
of electron, 7 
of semiconductors, 29 
tracers problems, 265 
Circular system, 436, 444 
Coated cathodes, oxide (see under 
Cathode^*) 

Coating, 

conductivity, 17, 43 
evaporation of, 59 
fluorescence of oxide cathode -, 23 
heat treatment, 27 
monolayer, 59 
properties, 2, 3 
Co-channel FM signal, 412 
Collector, 
multiple -, 251 
width of - slit, 248 
Collimated beam, 223 
Composite surfaces (secondary electron 
emission), 114 ff. 

Compton electrometer, 251 
Conductivity, electronic, 12 ff., 27, 40 ff. 
atmosphere, 317 
coating 17, 43 
discontinuities in, 431 
earth, 436 

after exposure to light, 19 
interface 15, 43 
activated -, 27, 28 
material, 7 
measurement of, 14 



464 


STTBJECT INDEX 


temperature dependency, 13,16,16, 40 
after thermal activation, 14 
Ck)nduction band, 7, 22, 36 
contribution of electrons to, 9 
density of electrons on, 13 
Ck)nes of the retina, 147 
Contamination of surface, 67 
Continuous wave, 
system, 434 
technique, 318 
Contrast, 136, 139 
Converter, low noise figure, 363 
Cosmic radio noise, 347 ff., 388 
frequency law, 364, 357, 374, 375 
intensity, 354, 357 
measurement, 354 
origin of, 379 

Counting of light quanta, 132 
Critical frequency, 318, 330 
Cross section, neutron absorption, 260 
Cross-talk, 172 
Curvature, 
earth, 394 
radio path, 402 
transmission path, 392 
Cyclotron, 168, 271 ff. 

Berkeley 184-inch, 302, 303 
electric focusing, 273, 276 
dimensions, 301 
frequency modulated, 289 
limiting energy, 276 
magnetic focusing, 275 
path of ions, 272 
Cygnus, constellation, 349 
point source in, 356 

D 

Dead reckoning, 426 
Decca system, 434, 436 
modulated 450 
Deflection, 

beam of charged particles, 167 ff. 
defect, 172 

electrostatic - fields, 168 ff. 
crossed superimposed, 176 
crossed unbalanced, 188 
single balanced, 174 
single three-dimensional, 185 
two crossed balanced, 173 
two crossed unbalanced, 174 
electrostatic ~ system, 196, 215 
fields, 168 ff. 
improved, 195 
two-dimensional, 173 


large-angle 200 ff. 

magnetic - fields, 190 
crossed, 190 
single, 175 
two crossed, 174 
small-angle 168 ff. 

Defocusing effect, 188, 196 
Detailed balancing, principle of, 370 
Detector, 220 
leak -, 264 

Diffraction, X-ray, 5, 9, 11, 24, 26 
Diffusing mixing term, 233 
Diffusion, back -, 233 
Dilution factor, 445 
Diode noise source, 360 
Dipole field, magnetic, 197 
Direction, 
error, 428 
finder, 

aircraft automatic -, 429 
crossed loop -, 429 
instantaneous, 430 
spaced loop 430 
finding, 427 ff. 
radial system for, 436 
system, 446 

on transmitting station, 431 
focusing (see under ^‘Focusing*'), 
223 ff. 

Directional, 
devices. 427 

focusing in mass spectrograph, 200 
gain of - antenna, 373 
receiving antenna, 348, 390 
Discharge, 

gaseous - in magnetic field, 232 
gaseous - type of source, 228 
lightning, 348 
tube electron source, 276 
Discrete energy states (levels), 6 
Distance-measuring, 
equipment, 448 
system, 444, 445 
Distortion, 189 
- pattern, 183 
pattern 193, 194 
correction of, 195 ff. 
reduction of, 197 
trapezoidal, 195 
received field, 428 
spot -, 183 ff. 
correction of, 195 ff. 
reduction of, 196 

Distribution of field intensity, 401 
Disturbances, forecasting of, 330 
Doppler shift, 341 



StrBJECT INDEX 


465 


Double focusing (see under '‘Focusing”), 
225 

Double layer formation, 106 
Doublet, 257 
D region, 324 
Dynamic, 

methods for secondary emission, 111 
two gun method, 113 
Dynatron characteristic, 101 

£ 

Eastman III-O plates, 250 
Eclipse, artificial, 331 
Effective, 

power of radio station, 413, 415, 417 
temperature, 366, 369, 370 
E layer, 324 

sporadic - interference, 420 
transmission, 443, 446 
Electrode-to-screen distance, 196 
Electrolytic base cathode, 43 
Electrometer, 251 
Electron, 
affinity, 8, 12, 41 
avalanche, 106 
bands, 92 
beam, 95, 134 
point-focused -, 196 
voltmeter, 112 
bombardment source, 231 
chemical potential of, 7 
conduction 13 
diffraction technique, 5, 11 
discharge tube - source, 276 
energy of, 7 
gun, 95, 196 
image, 153 

mean free path, 13, 20, 93 
mean mobility, 13 
multiplier, 251 
gain of, 142, 151 
multi-stage -, 161 
noise current, 80 
-optical picture, 74, 118 
path, 177, 188, 205, 278 
primary - (see under "Primary”), 
66 ff. 
prism, 167 
projection tube, 12 
scattering, 92 

secondary - (see under "Secondary”), 
65 ff., 152 

transmission of thin foils, 88 
trapping of, 8, 18, 19, 24 


Electronic, 
amplifier, 251 

conductivity (see under "Conduc¬ 
tivity”) 

navigation system, 425, 427 
Electrostatic, 
cathode ray tubes, 195 
deflection, 215 

deflection fields (see under "Deflec¬ 
tion, electrostatic”), 168 ff. 
deflection system, 196, 215 
field, 

combination of magnetic and -, 225 
retarding -, 83 
uniform -, 168 
generator, 271 
lens, 224 

Elektra system, 431 
Emission, 

in accelerating fields, 37 ff. 
cathode - theory, 4 ff. 
decay phenomena, 51 
phosphorescence, 23 
photoelectric, 34 
primary, 58 
process, 42 
pulsed -, 32 
enhanced ~, 32 
method, 51 

in retarding fields, 35 ff. 

Schottky ~, 47, 49 
seat of, 4, 5 

secondary - (see under "Secondary 
electrons”), 58, 65 ff. 
secondary - coefficient, 58, 71 
thermionic, 2, 29 ff. 
of cathodes, 2 ff. 
direct current 9, 21 
Emulsions, photographic, 250 
Energy, 
bands, 6 
collector, 349 
discrete - states, 6 
of electron, 7 
kinetic, 274 
loss, 92 
Equation, 

motion of electron, 175 ff. 
relativistic - of motion, 282 
Equilibrium orbit, 280 
Equisignal zone (lane), 431 
E region of ionosphere, 387 
Error, 

angular, 446 
orientation, 429 
quadrantal, 430 



466 BTJBJBCT INDEX 


Euler-Lagrange differential equation, 176, 
204 

Evaporation rate, 237 
Excitation, 
by infra red, 111 
optical, 22 

Exposure time, 136, 139, 143 
Extraordinary ray, 325 
Eye, electric, 132 
Eye (human), 132, 145 ff. 
angular size, 146 
exposure time, 143 
performance, 145 ff. 
sensitivity, 160 
storage time, 146 
threshold contrast, 146 
threshold signal-to-noise ratio, 146 
variable gain element, 148 

F 

Fading, 395, 409 
Faraday cage, 96 
Fathometer, 426 
F center, 8 

Fermi distribution function (level), 8, 29 
Field, 

distribution, 170 
emission, 66 

enhanced emission, 99, 100, 106 
fringe ~, 169 
thin film - emission, 100 
Film, 

graininess of, 159 
noise of, 159 

photographic (see under “Photo¬ 
graphic film’’), 148 ff. 
thin oxide - phenomena, 58 ff. 

Filters, velocity, 242 
Finding, direction, 427 ff. 

Fission product, 259 
Fix, error of, 441 ff. 

Fixing, 426 

F layer of ionosphere, 324, 384 
interference, 387, 420 
transmission, 443 
FI layer of ionosphere, 320, 322 
F2 layer of ionosphere, 320 ff. 
Fluctuation, 
human eye, 148 
noise, 146 
sky-waves, 449 

Fluorescence of oxide cathode coating, 23 
Flux bars, 296 

FM (frequency modulation), 
broadcast band, 381 ff. 


broadcast reception, 369, 390 
co-channel - signal, 412 
interference range of - broadcast, 410 
optimum frequency for - broadcasting, 
414 

optimum separation of - stations, 413, 
414 

propagation in the - broadcast band, 
381 ff. 

transmitting antenna, 391 
Focal length, determination, 213 
Focusing, 

action on electron and ion beam, 199, 
200 

beam - effect, 168 
direction 223 ff. 
electrostatic analyzer, 224 
electrostatic field, 225 
magnetic analyzer, 237, 240, 246 
magnetic field, 225 
in radial electrostatic field, 224 
double “, 225 
analyzers, 243 
electron gun, 196 
magnetic field, 280 

in mass spectrometer (see also under 
“Spectrometer, focusing”)» 208 
phase -, 307, 308 
properties, 223 
two-directional, 212 
velocity 222, 240 

spectrograph of Aston, 240 
Forces, nuclear, 269, 270 
Forecasting of disturbances, 330 
Free radical phenomena, 265 
Frequency, 
critical, 318, 330 

high - transmission conditions, 384 
law of cosmic radio noise, 354, 357, 374, 
375 

maximum 384 
modulated cyclotron, 289 
modulation broadcasting (see under 
“FM”) 

of radio signal, 437 
transmission -, 390 
Fringing field, 169, 183, 200, 222, 304 

G 

Gain of directional antenna, 373 
Galactic radio noise, 348 
Galaxy, 348 
Gas analysis, 260 
Gaussian path, 205 
Gee system, 432, 433 



SUBJECT INDEX 


467 


Generators, direct voltage, 271 
Geomagnetic, 
effect, 321, 322 
field, 322 
latitude, 322 
storms, 330 

Geometrical error, 445, 446 
Glasses, secondary emission of, 98 
Graininess, 
of film, 159 
of motion picture, 161 
Grain size of photographic film, 149 
Grid effect, 99, 100 
Grid method, 112 
Ground, 98 
absorption, 357 
wave, 
field, 391 

field intensity, 418 
pattern, 443 
propagation, 390 
system, 436 
transmission, 428, 442 
efficiency of, 434 
phase measurement of, 442, 450 
Gyromagnetic frequency, 325 

H 

Hall coefficient, 19, 20 
Hamilton's principle, 203 
Heat, 

conduction method. 111 
treatment, 27, 68, 69, 78 
Helium, 264 

High frequency transmission conditions, 
384 

High voltage particle accelerator, 269 
High voltage X-ray machines, 270 
Holes, 8 

Hydrogen evolution method, 21 
Hyperbolic, 
grid-laying device, 432 
problem, 445 
stations, 446 
system, 434 ff. 

for time-difference method, 436 

I 

Iconoscope, 151 ff. 
image -, 153 
performance curve, 153 
Ideal performance of television pickup 
tube, 135 ff. 

Ignition system of automobile, 388 


Image, 

dissector, 150 ff. 

iconoscope, 153 ' 

performance curve of, 153 
orthicon, 155 
Impurity, 10 
center, 23 
concentration, 18 
content, 3 
density of, 13, 21 
excess - semiconductor, 6 
levels, 18, 19, 21 
semiconductor of N type, 6, 7, 9 
type of semiconductors, 6 
vacant - levels, 17 
Induction accelerators, 278 ff. 

Infra red, excitation by. 111 
Inhomogenities of surface potential dis¬ 
tribution, 99 
Insulators, 7, 97, 105 ff. 

Interface, 

chemical - barrier layer, 43 
conductivity, 15, 43 
activated -, 27, 28 
contact, 44 
layer, 24, 32 
color of, 26 

measurement of thickness of, 26 
properties of, 2, 24 ff. 
silicate 26 
thickness, 25 
Interference, 

F layer 387 
-free service areas, 415 
between radio stations, 382 
range of FM broadcast, 410 
Intrinsic semiconductor, 7 
Ion, 

accelerators, 270 
beam source, 220 
density, 318, 320, 321 
detection, 248, 254 
detector, 250, 252 
Phillips - gauge, 232 
positive, 95 
prism, 167 
sources, 228 

trajectories in magnetic and electric 
fields, 221 
trap, 167, 199 
Ionic decay, 324 
Ionization, 
atmosphere, 437 
degree of, 229 
efficiency, 229 

fractionation in - process, 254 
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solar - radiation, 328 
Ionizing, solar - agent, 322 
Ionosphere, 318, 382 
action, 428 
E region, 387 
F repon, 324, 384 
maximum ion density in, 318 
reflection from, 384 
sudden - disturbances (SID’s), 364 
Ionospheric, 

absorption, 351, 356, 366, 368 
forecast of - propagation, 384 
long distance ~ propagation, 382 
measurements, 387 
prediction of disturbances, 330 
refraction, 356 
research, 317 ff. 
sporadic - transmission, 387 
storms, 330 
waves, 405 
Iso-butane, 260 
Isotopes, 249 

determination of mass of radioactive 
258 

exact masses, 256 
existence, 253 
neon, 253 

Isotopic abundances, 253 

K 

Kinescope, 141, 145 
visual impression, 144 
Kinetic energy, 274 
Klystron, reflex, 81 

L 

Lambert distribution, 137 
Langmuir-Child space charge, 
emission, 56 
relationship, 37 
LaPlace’s equation, 170, 202 
Lattice, 
defect, 8 
vibration, 22 
Layer, 

formation, 234 
thickness, 88 

E — transmission, 443, 446 
F — transmission, 443 
sloping -, 428 
Leak, 

detection, 264 

mass flow - system, 236 

molecular flow 234 


Lens, 

aberration, 200 
diameter, 139 
electrostatic, 224 
parameter, 136 

rotational symmetrical, 200, 214 
television pickup tube, 137 
two-dimensional diverging, 197 
Light quanta, 132, 133, 147 
absorption, 136, 137, 148 
counting, 132 

Light spot scanner, 141, 142, 145 
Linear accelerator, 306 ff. 
operation mode, 311 
phase stability, 307 
line width, 226 
Loop antenna, 427 ff. 

Loran system, 433, 442 
low frequency -, 422, 433, 449 
sky waves, 449 
transmission range, 433 
Low current method. 111 
Lowering of potential barrier, 5 
Luminescence in semiconductors, 23 

M 

Magnetic, 
accelerators, 270 
resonance ~, 271 
analyzer, 81, 96, 222 
symmetrical 223, 226 
deflection, 216, 221, 222 
deflection field (see under ** Deflection, 
magnetic”), 190 
dipole field, 197 
field, 

combination of electrostatic and, 225 
control of, 252 
longitudinal, 83, 96 
modulation, 291 
transverse, 83, 96 
uniform, 168 
focusing, 154 
Magnetron, 55 

Malter effect, 66, 100, 106, 117 
Mass, 

analyzer, 220, 226, 237 
magnetic, 81, 96, 222 
symmetrical, 223, 226 
discrimination effects, 232 
dispersion, 226 
flow leak system, 236 
flow principle, 235 

spectrograph (see under “Mass spec¬ 
trometer”) 
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spectrographic measurement^ 254, 256 
spectrometer, 168, 109 ff., 219 ff. 
aberration, second order, 207 
commercially available ~, 265 
crossed field 205, 208 
focusing (see under '^Focusing, 
spectrometer"), 208 
leak detection -, 264 
resolving power of, 241, 243 
use of, 253 
spectroscopy, 219 ff. 

Maximum frequency of FM broadcast* 
ing, 384 

Mean free path, 
electron, 13, 20, 93 
molecules, 233 
Measuring angles, 427 
Mercury, 260, 261 
Mesons, 

absorption, 269, 270 
production, 312 
Metal, 
base ~, 61 

parabolic sheet - mirror, 356 
pure -, 67 

secondary emission yield, 68 
Meteor, 

observation of whistle from, 341 
reflection from - trails, 340, 341 
Micro-analyzer, 168 
Microphotometer, 253 
Microscope, scanning electron -, 168 
Milky Way, 356 
Modulation, 
amplitude - (AM), 381 
channels, 382 

frequency - (see under "FM") 
magnetic field 291 
Molecular, 
doublet, 257 
flow of gases, 233 
flow leak, 234 

Monolayer (Monoatomic layer), 78 
adatoms, 5 
adsorption of, 79 
coating -, 59 
theory of emission, 4 ff. 

Mosaic of television pickup tubes, 133 
Motion, 

equation of, of electron, 175 ff. 
graininess of - picture, 161 
of particles, 201 
Multifrequency recorder, 342 
Multiple charge doublet, 257 
Multiple radio range, 431 


Multiplier, 
electron 251 
noise current of, 80 
voltage “ circuit, 271 

N 

Navigation, 

accuracy of - system, 443 
aids to, 427 

maximum accuracy of radio aids to, 443 
radio aids to, 427 
accuracy of, 448 
range of - system, 436, 437, 439 
standard - system, 435 
Navigator, 425 

indicator oscilloscope of aircraft -, 436 
Neodymium, 248, 249, 258 
Neon, isotope, 253 

Neutron absorption cross section, 260 
Nickel, 3, 61, 71, 90 
Night effect, 428 
Noise, 

amplifier 133 
antenna, 366 
atmospheric, 339, 340 
level, 434 

cosmic radio - (see under " Cosmic ") 
current, 152, 153 
electron multiplier, 80 
diode method, 359 
diode for very high frequency, 362 
external, 419 
factor, 366 
measurement of, 360 
extraterrestrial, 348 
figure, 358, 390 
incident - radiation, 
intensity, 371 
measured -, 372 ff. 
internal, 338 
low - figure, 
amplifier circuit, 363 
converter, 363 
Wallman 363 
natural, 338 

in function of wavelength, 437 
power, 371, 372 

-producing electrification of atmos¬ 
phere, 437 

radio - (see under "Radio noise") 
random ~, 347 
receiver 358, 419 
figure, 367 
reception of, 348 
solar, 339, 350 
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suppressor, 388 
television circuit, 162 
temperature, effective, 361, 370 
thunderstorms, 340 
visibility, 160 
wide-band receiver, 440 
Non-separative flow, 232 
N type, impurity semiconductor, 6, 7, 9 
Nuclear forces, 269, 270 

O 

Omnidirectional, 
beacon, 435 
range, 448 
Omnirange, 435 
Optical, 

activation energy, 22 
curved - axis, 210 
excitation, 22 
spectrograph, 263 
Ordinary ray, 325 
Orfordness beacon, 429, 430 
Orthicon, 154, 158 

Oscilloscope, indicator - of aircraft navi¬ 
gator, 436 
Oxide, 

alkaline earth 2, 9, 23, 58 
cathode, 1 ff., 98 

coated cathode (see under ^‘Cathode, 
oxide coated*’), 1 ff- 
coating, 3 
thin - fflm, 2 ff. 
phenomena, 58 ff. 

Oxidized targets, 116 

P 

Packing fraction, 232, 256 
Parallel cylinders, 183, 184 
Parallel plates with fringing flcld, 183 
Particle accelerators, 269 ff. 

Patch effect, 39 
Pattern distortion, 193, 194 
correction of spot and, 195 ff. 
reduction, 197 
trapezoidal, 195 
Performance, 

curves for pickup devices, 147 ff. 
ideal (see under **Ideal performance”) 
Phase, 

comparator, 430 
comparison, sensitivity of, 430 
focusing, 307, 308 
stable orbits, 289 
stability, 270, 289 
system, 440 


Phillips ion gauge, 232 
Phosphorescence, 
decay of - emission, 23 
semiconductors, 23 
Phosphors, secondary emission yiek 
Photocathodes, 114 
conducting 151, 153, 156 
multiplier ~, 145 
Photo cell, 141 
Photoconductivity, 19 
Photoelectric, 
emission, 34 
threshold, 35 
work function, 34 
Photo electrons, 134 
Photographic, 
emulsions, 250 
film, 148 ff. 
grain size, 149 
optimum performance, 149 
sensitivity, 160 
process, 165 
Photoionization, 341 
Photometric measurement, 263 
Photomultiplier, 141, 145 
Photosensitivity, 114, 115 
Pickup tubes, television (see uno 
‘‘Television pickup tubes”), 131 1 
Picture formation, television, 132, 133 
Pilotage, 425, 426 
visual, 432 
Platinum, 61, 89 
Poiseuille’s law, 233 
Polarization, 

extraterrestrial radiation, 378 
radio signal, 428, 430 
Polycrystalline surface, 70 
Potential barrier, lowering of, 5 
Power, effective, 413 
Primaries (primary electrons), 66 ff. 
emission, 58 
energy, 67, 71 
loss of, 91 

rate of loss of, 87, 88 
range of - and secondaries, 87 
reflected, 71, 91 

directional scattering of, 75 
elastically -, 84 

Principal planes, location of, 214 
Prism, 

electron, 167 
ion, 167 

Probe targets, 277 
Propagation, 

in FM broadcast band, 381 ff. 
long distance ionospheric, 382 
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radio - prediction, basic, 387 
velocity of - of radio waves, 450 
'pe semiconductor, 6 

Hatching system, 442 
.ystem, 439, 440 
in function of frequency, 439 
technique, 318 
transmission, error of, 442 
Pulsed emission, 32, 51 
enhanced 32 
method, 51 
apil diameter, 146 

Q 

Q of antenna, 440 
effect of, 442 

Quanta, light (see under ''Light 
quanta”) 

Quantum, 
theory, 6 
yield, 139 

(uarter-wave cavity resonator, 299 
uartz, 98 
powdered -, 25 

R 

dace-track, 
magnet, 315 
orbit, 298 
‘ Radar, 426 ff. 
antenna, 362 
beacon, 432 

identification of place by, 432 
identification of vehicle by, 432 
network of ground-based - stations, 436 
reflection from meteor trails, 341 
screen, 432 
system, 432 
target, 441 
trace, 440 

use for collision prevention, 432 
Radial oscillation, 290 
Radial system for direction finding, 436, 
444, 446 
adiation, 

antenna, 369, 370 
black body -, 369 ff. 
law, 370 
from sun, 376 
incident noise 371 ff. 
loss in betatron, 295 
polarization of extraterrestrial, 378 
resistance, 369, 370 


llolar, 364 
solar ionization 

thermal - from reflecting earth, 373 
Radio, 

aids to navigation, 427, 448 
blackouts, 364 
frequency, 

measurement of - phase, 442 
radiation from sun, 376 
refractive index of air, 395 
variation of - phase, 431 
noise, 338, 347 ff., 380 
atmospheric ~ from thunderstorms, 
388 

cosmic - (see under “Cosmic radio 
noise”) 

diurnal variation, 340 
galactic, 348 
level, 387 
man-made -, 387 
natural, 388 

propagation prediction, basic, 387 
range, 429, 435 
multiple, 431 
receiver, 427 
signal, 

bandwidth, 437 
frequency, 437 
polarization, 428, 430 
pulse length, 440 
transmission, effect of, 450 
transmitter, 427 
wave, 

absorption of, 333 
attenuation, 397 
propagation, 317 

velocity of propagation of, 428, 450 
Radioactive 
barium, use of, 22 
half lives, 265 

isotopes, determination of mass, 258 
Radius, 

curvature of ion path, 221 
effective earth -, 401 
Ratio bracket, 258 
Ray, 

cathode - (see under “Cathode ray”) 
extraordinary 325 
ordinary -, 325 
theory, 324 
Rayleigh, 

-Jean*s law, 375, 376, 378 
distribution, 406 
Receiver, 

amplifier, tuned radio frequency, 349 
channels, 429 
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noise of ^ 358, 419 
wide-band 440 
radio, 427 
sensitivity, 358 
Receiving, 
antenna, 348, 390 
radio signal^ 428 
Reception, 

FM broadcast -, 369, 390 
noise, 348 

Reckoning, dead, 426 
Recombination coefficient, 324 
Recorder, mnltifrequency, 342 
Rectification, 
effect, 47 

at interface barrier of oxide cathodes, 47 
Rectifier, 

copper oxide type, 33 
selenium, 34 

Refiected primaries, 71, 85 
Reflecting layer, 317 
height, 318 
Reflection, 

atmospWic boundary layers, 402 
coefficient, 84, 105 
at atmosphere, 405 
from meteor trails, 340 
slow electrons, 84 
sporadic E ~, 332 
Reflex klystron, 81 
Refraction, 
air, 395 

ionospheric, 356 
Refractive index, 
air, 390 

discontinuities, 431 
distribution, 402 
Refractive modulus, 397 
Relativistic equation of motion, 282 
Relativistic mass increase, 274 
Resolving power of mass spectrograph, 
241, 243 

Resonance accelerator, 271 ff. 

Resonator, quarter-wave cavity 299 
Retarding field, 
emission in, 35 ff. 
method, 105 
Richardson plot, 30, 31 
Rods of the retina, 147 
Rutherford scattering, 92 

S 

Sagittarius, constellation, 348, 349, 364, 
374 

Sample handling, 232 


Saturation current, 30, 33 
Scaling process, 195 
Scanning, 133 
beam, high velocity, 154 
electron microscope, 168 
process, 132 
Scattering, 

elastically reflected primaries, 85 
free electron 92 
Rutherford -, 92 

Scene brightness (television), 135 ff. 
Schottky, 
barrier, 34 
effect, 38 
emission, 47, 49 
region, 38, 39 

Schuman and Ilford Q plates, 250 
Screen, 

cathode ray -, 23 
radar, 432 

Secondaries (secondary electrons), 65 ff., 
152 

absorption of, 71, 76, 77 
before emission, 91 
rate of, 87, 88 
angular distribution, 79 
energy, 
data on, 83 
distribution, 96 
of emission of, 67 
production of, 70 
maximum depth of, 70 
by high speed primaries, 85 
properties of, 79 
range of primaries and, 87 
time of migration, 80 
transfer of energy to, 91 
velocity distribution of, 81, 82 
from insulators, 104 
Secondary emission, 58, 65 ff. 
coefficient, 58, 71 
from insulators, 97 
measurement of, 

for insulating targets, 110 
for metallic targets, 93 
theory of -, 
insulators, 109 
metals, 90 ff. 
yield, 67 ff., 98, 99 
effect of adsorbed gas, 78 
effect of angle of incidence, 76 
effect of conductivity, 100 
effect of crystal structure, 73, 75 
effect of mechanical condition of sur¬ 
face, 77 

effect of primary current, 77 
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effect of temperattire, 75, 100 
effect of work function, 72 
of metals, 68 
saturation of, 99 
Seebeck emf, 50 
Selector, velocity, 242 
Selenium rectifier, 34 
Semiconductors, 
chemical potential, 29 
excess impurity -, 6 
Hall coefficient, 20 
impurity - of N type, 7, 9 
impurity type of, 6 
intrinsic -, 7 
luminescence in, 23 
modern theory, 5 ff. 

N-type -, 6, 7, 9 
phosphorescence in, 23 
P-type -, 6 

Semi-infinite coplanar sheets, 183, 184 
Series shift bracket, 257 
Service range, 415 
Servomechanism, use of, 429 
Shielding problem, 305 
Shimming of magnetic field, 275 
Shore effect, 428 
Shot, 
effect, 80 
noise, 142 

Signal-to-noise ratio, 161, 163, 368, 369, 
388 

threshold -, 138, 143 
computation of, 145 
for eye, 146 
Silicated interface, 26 
Skin depth, effect of, 3, 10 
Sky-wave, 
component, 428 
curve, 450 
fluctuation, 449 
interference, 439 
pattern, 443 
system, 436 

transmission, 428, 433 ff. 
errors in, 443 
Slip frequency, 297 
Sloping layer, 428 
Smallest resolved angle, 136 
Smooth earth theory, 392 
Sodium chloride (NaCl), 98 ff. 

Solar, 

activity, 326, 384 
effect of, 326 
index of, 330 
ionization radiation, 328 
ionizing agent, 322 


noise, 339, 350 
observations, 331 
radiation, 3^ 

Solid analysis, 263 
Sonne system, 431 
Source, 

electron bombardment -, 231 
gaseous discharge type, 228 
hot anode ~, 228, 229 
ion -, 228 
spark -, 230 
Space charge, 
barrier, 34 
effect, 36 
repulsion, 107 
Spark, 

discharge, 230 
hot “ ion source, 230 
Sparking, 55 
phenomena, 47 

Spectrograph, mass (see under “Spec¬ 
trometer'') 

Spectrograph, optical, 263 
Spectrographic measurements, mass, 254, 
255 

Spectrometer, mass, 168, 199 ff., 219 ff. 
aberration, second order, 207 
beta-ray -, 168 
commercially available -, 265 
crossed field -, 205, 208 
focusing, 208 
directional, 200 
perfect -, 211 
velocity, 240 
leak detection 264 
resolving power, 241, 243 
use of, 253 

Spectroscopy, mass, 219 ff. 

Spot distortion, 169, 183 ff. 
correction of, 195 ff. 
reduction of, 196 
Spray discharge, 117 
Stable orbit, 280 
Standard atmospheric field, 391 
Standard navigation system, 435 
Star map, world, 352 
Static methods. 111 
Sticking potential, 97 
Storage time, 150 
of eye, 146 
Stratovision, 414 
Strontium, 4, 25 
oxide, 5, 9, 23, 42, 98, 101 
Sun, 

black body radiation, 376 
eruptions, 366, 376, 378, 379 
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radio frequency radiation, 376 
zenith an^le, 324 
Sunspot, 

activity, 376, 378, 385 
cycle, 326, 385, 420 
eruptions, 366, 376, 378, 379 
number, 327, 383 
Super XX film, 149, 158 
Suppressor, noise, 388 
Surface, 
wave, 391 
work function, 8 
Synchro-cyclotron, 289, 300 ff. 
Synchrotron, 289 ff., 394 ff. 
focusing, 292 

maximum energy, 299, 300 
oscillation, 295 
phase focusing, 290 
proton -, 312 ff. 
required frequency, 302 
start, 298 

T 

Target, 157 
beryllium, 74 
filament form -, 95 
insulating 152 
oxidized, 116 
photo-sensitive, 152 
probe -, 277 

television pickup tubes, 133 ff. 
thick 99 

Teleran system, 435, 436 
Television, 131 ff. 
amplifier, noise in, 155 
broadcast stations, 421 
color -, 391 
noise in - circuit, 162 
pickup tubes, 131 ff. 
absolute performance scale, 139 
curve, 150 
design, 135 
lens of, 137 
noise, 145 

non-storage type, 150 
performance, 133 
performance, ideal, 135, 141, 142 
performance, measuring, 142, 143 
storage type, 151 
target, 133 ff. 
picture, 

formation, 132, 133 
noise visibility in, 160 
receiver, 132, 162 


spurious pattern in, 155 
transmitter, 132 
tubes, 167, 196, 199 
spot distortion, 169 
Terrain, 
effect of, 390 
irregularities, 391 
Terrestrial agent, 322 
Test pattern, 142 
Thermal activation energy, 13 
Thermionic, 
current density, 29 
emission, 2, 29 ff. 
bombardment enhanced, 102 
direct current -, 9, 21 
emitter, 101 
work function, 31, 35 
Thermoelectric effect, 50 
Thickness dependence, 59 
Thin film, 
emission, 117 
method. 111 
phenomena, 114 
Three-station system, 444 
Threshold contrast, 136, 138, 143, 146 
Time delay, 318 
Time-difference method, 436 
Timing errors, 434, 446 
Torsion of optical axis, 201 
Tracers problem, 
biological, 265 
chemical, 265 
Transmission, 
coefficient, 32 
frequency, 390 
line, 362 

north-south 428 
path, 392 

by tdevision to aircraft, 436 
Transmitter, radio, 427 
Transmitting antenna, 429 
FM -, 391 
height, 390 

Trap for electrons, 8, 18 ff. 

Triode method, 94, 102 
Tropospheric, 
ducts, 392 
layer reflection, 419 
waves, 402 
propagation, 405 
random -, 408 
Tubes, 

cathode ray, 167, 196 
television - (see under '^Televisior 
pickup tubes'^) 
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Tungsten^ 61, 68, 71 
filamtat, 36 

IVo-^diinensional deflection field, 173 
V 

j^aa de Graaff machine, 271 
wan der Waals’ adsorption, 75 
Vapor pressure, 11 
Velocity, 

distribution method, 112 
filters, 242 
focusing, 222 

spectrograph of Aston, 240 
selection analyzers, 247 
selector, 242 

Vibrating reed type of amplifier, 252 
Viscous gas flow, 232 
Visibility, noise, 160 
Vision, 
human, 146 
range, 426 
Visual process, 145 
Visual sensation, 147, 148 
Volatilization of solids, 237 
Voltmeter, electron beam, 112 

W 

Wallman low noise circuit, 363 
Wave, 

continuous ~, system, 434 
front, orientation of, 428 
ground -, 
pattern, 443 
system, 436 
transmission, 428, 442 
transmission efficiency, 434 
transmission, phase measurement, 
442, 450 

guide for linear accelerator, 309 


Bky-*“ 

component, 408 
curve, 450 
fluctuation, 449 
interference, 439 
pattern, 443 
system, 436 

transmission, 428, 433 ff. 
Whiddington law, 90 
Whistle observation from meteor, 341 
Wien filter, 247 
Work function, 36, 69, 70 
lowering of, 72, 73 
measurement, 72, 73 
photoelectric, 34 
surface 8 
thermionic, 31, 35 
total -, 5 
tungsten, 229 
World star map, 352 

X 

X-ray, 

critical potential, 72 
diffraction, 
analysis, 24 
pattern, 26 
technique, 5, 9, 11 
high voltage - machine, 270 

Y 

Yield, secondary emission (see under 
‘‘Secondary emission”), 67 ff., 98, 99 

Z 

Zenith angle, sun’s, 324 

Zinc sulfides, secondary emission of, 98 





